
1/83

All Lectures - Part II

Davide Pirino

October 17, 2023



2/83

Limits

Definition
Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. We say

that

lim
x→x0

f (x) = L

if and only if ∃L ∈ R such that

∀ε > 0 ∃δ > 0 : ∀x ∈ D : 0 < |x − x0| < δ ⇒ |f (x)− L| < ε
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x0 = 0
<latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit><latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit><latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit><latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit>

1 + "
<latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit>

1 � "
<latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit><latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit><latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit><latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit>

+�
<latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit><latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit><latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit><latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit>

��
<latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit><latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit><latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit><latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit>
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Limits: a short digression

Definition
A piecewise-defined function is a function defined by multiple sub-functions.

Example
A standard example is the absolute value:

|x | =




x if x ≥ 0

−x if x < 0

Nevertheless, there is no limit in creating a piecewise-defined function...

f (x) =





x2 + sin (x) if x < −10

0 if − 10 ≤ x ≤ 1

− ln (x) if x > 1



4/83

Limits

An important remark

Consider the function
f (x) = x2.

It is immediate to prove that

lim
x→0

f (x) = lim
x→0

x2 = 0.

Consider the piecewise-defined function

g (x) =

f (x) if x ̸= 0

9 if x = 0.

Which is now
lim
x→0

g (x) = ???.

The value of the function in x0 does not matter for the limiting behaviour!

lim
x→0

g (x) = 0.
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Limits

An important remark

Consider the function
f (x) = x2.

It is immediate to prove that

lim
x→0

f (x) = lim
x→0

x2 = 0.

Consider the piecewise-defined function

g (x) =

f (x) if x < − 1
10 or x > 1

10

9 if − 1
10 < x < 1

10 .

Which is now
lim
x→0

g (x) = ???.

The value of the function in x0 does not matter for the limiting behaviour! Only the
behaviour of the function around x0 ...

lim
x→0

g (x) = 9.
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<latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit>
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lim
x!0

x2 = 0
<latexit sha1_base64="ns7eQb6kujj9PSIs3QLKt9lPFV8=">AAACEHicbVC7TgJBFJ31ifhCLbWYSEysyC4x0caEaGOJiTwSQHJ3uMCE2Udm7ipkQ+Mn+BW2WtkZW//Awn9xFykUPNXJOffm3nPcUElDtv1pLSwuLa+sZtay6xubW9u5nd2qCSItsCICFei6CwaV9LFCkhTWQ43guQpr7uAy9Wt3qI0M/BsahdjyoOfLrhRAidTOHTSV9NrxsKllr0+gdXDP7fHwtsjPud3O5e2CPQGfJ86U5NkU5Xbuq9kJROShT0KBMQ3HDqkVgyYpFI6zzchgCGIAPWwk1AcPTSuepBjzo8gABTxEzaXiExF/b8TgGTPy3GTSA+qbWS8V//MaEXXPWrH0w4jQF+khkgonh4zQMqkHeUdqJIL0c+TS5wI0EKGWHIRIxCjpK5v04cymnyfVYsGxC871Sb50MW0mw/bZITtmDjtlJXbFyqzCBHtgT+yZvViP1qv1Zr3/jC5Y05099gfWxzeAp5xf</latexit><latexit sha1_base64="ns7eQb6kujj9PSIs3QLKt9lPFV8=">AAACEHicbVC7TgJBFJ31ifhCLbWYSEysyC4x0caEaGOJiTwSQHJ3uMCE2Udm7ipkQ+Mn+BW2WtkZW//Awn9xFykUPNXJOffm3nPcUElDtv1pLSwuLa+sZtay6xubW9u5nd2qCSItsCICFei6CwaV9LFCkhTWQ43guQpr7uAy9Wt3qI0M/BsahdjyoOfLrhRAidTOHTSV9NrxsKllr0+gdXDP7fHwtsjPud3O5e2CPQGfJ86U5NkU5Xbuq9kJROShT0KBMQ3HDqkVgyYpFI6zzchgCGIAPWwk1AcPTSuepBjzo8gABTxEzaXiExF/b8TgGTPy3GTSA+qbWS8V//MaEXXPWrH0w4jQF+khkgonh4zQMqkHeUdqJIL0c+TS5wI0EKGWHIRIxCjpK5v04cymnyfVYsGxC871Sb50MW0mw/bZITtmDjtlJXbFyqzCBHtgT+yZvViP1qv1Zr3/jC5Y05099gfWxzeAp5xf</latexit><latexit sha1_base64="ns7eQb6kujj9PSIs3QLKt9lPFV8=">AAACEHicbVC7TgJBFJ31ifhCLbWYSEysyC4x0caEaGOJiTwSQHJ3uMCE2Udm7ipkQ+Mn+BW2WtkZW//Awn9xFykUPNXJOffm3nPcUElDtv1pLSwuLa+sZtay6xubW9u5nd2qCSItsCICFei6CwaV9LFCkhTWQ43guQpr7uAy9Wt3qI0M/BsahdjyoOfLrhRAidTOHTSV9NrxsKllr0+gdXDP7fHwtsjPud3O5e2CPQGfJ86U5NkU5Xbuq9kJROShT0KBMQ3HDqkVgyYpFI6zzchgCGIAPWwk1AcPTSuepBjzo8gABTxEzaXiExF/b8TgGTPy3GTSA+qbWS8V//MaEXXPWrH0w4jQF+khkgonh4zQMqkHeUdqJIL0c+TS5wI0EKGWHIRIxCjpK5v04cymnyfVYsGxC871Sb50MW0mw/bZITtmDjtlJXbFyqzCBHtgT+yZvViP1qv1Zr3/jC5Y05099gfWxzeAp5xf</latexit><latexit sha1_base64="ns7eQb6kujj9PSIs3QLKt9lPFV8=">AAACEHicbVC7TgJBFJ31ifhCLbWYSEysyC4x0caEaGOJiTwSQHJ3uMCE2Udm7ipkQ+Mn+BW2WtkZW//Awn9xFykUPNXJOffm3nPcUElDtv1pLSwuLa+sZtay6xubW9u5nd2qCSItsCICFei6CwaV9LFCkhTWQ43guQpr7uAy9Wt3qI0M/BsahdjyoOfLrhRAidTOHTSV9NrxsKllr0+gdXDP7fHwtsjPud3O5e2CPQGfJ86U5NkU5Xbuq9kJROShT0KBMQ3HDqkVgyYpFI6zzchgCGIAPWwk1AcPTSuepBjzo8gABTxEzaXiExF/b8TgGTPy3GTSA+qbWS8V//MaEXXPWrH0w4jQF+khkgonh4zQMqkHeUdqJIL0c+TS5wI0EKGWHIRIxCjpK5v04cymnyfVYsGxC871Sb50MW0mw/bZITtmDjtlJXbFyqzCBHtgT+yZvViP1qv1Zr3/jC5Y05099gfWxzeAp5xf</latexit>
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<latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit>

g(x) =

(
x2 if x 6= 0

0.5 if x = 0.
<latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit><latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit><latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit><latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit>
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g(x) =

(
x2 if x 6= 0

0.5 if x = 0.
<latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit><latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit><latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit><latexit sha1_base64="GKRPjhXdO3p3XglXhjNL9lf6Cu0="></latexit>

lim
x!0

g(x) = 0
<latexit sha1_base64="Q6eE0eU3EwNScmmydaZon/7mtXg=">AAACEXicbVDLSgNBEJz1GeMr6lGEwSDES9gVQS9C0IvHCOYBSQi9k04yZPbBTK8mLDn5CX6FVz15E69+gQf/xd2YgybWqajqprvKDZU0ZNuf1sLi0vLKamYtu76xubWd29mtmiDSAisiUIGuu2BQSR8rJElhPdQInquw5g6uUr92h9rIwL+lUYgtD3q+7EoBlEjt3EFTSa8dD5ta9voEWgf33B73CsNjfsHtdi5vF+0J+DxxpiTPpii3c1/NTiAiD30SCoxpOHZIrRg0SaFwnG1GBkMQA+hhI6E+eGha8STGmB9FBijgIWouFZ+I+HsjBs+Ykecmkx5Q38x6qfif14ioe96KpR9GhL5ID5FUODlkhJZJP8g7UiMRpJ8jlz4XoIEIteQgRCJGSWHZpA9nNv08qZ4UHbvo3JzmS5fTZjJsnx2yAnPYGSuxa1ZmFSbYA3tiz+zFerRerTfr/Wd0wZru7LE/sD6+Ae30nJE=</latexit><latexit sha1_base64="Q6eE0eU3EwNScmmydaZon/7mtXg=">AAACEXicbVDLSgNBEJz1GeMr6lGEwSDES9gVQS9C0IvHCOYBSQi9k04yZPbBTK8mLDn5CX6FVz15E69+gQf/xd2YgybWqajqprvKDZU0ZNuf1sLi0vLKamYtu76xubWd29mtmiDSAisiUIGuu2BQSR8rJElhPdQInquw5g6uUr92h9rIwL+lUYgtD3q+7EoBlEjt3EFTSa8dD5ta9voEWgf33B73CsNjfsHtdi5vF+0J+DxxpiTPpii3c1/NTiAiD30SCoxpOHZIrRg0SaFwnG1GBkMQA+hhI6E+eGha8STGmB9FBijgIWouFZ+I+HsjBs+Ykecmkx5Q38x6qfif14ioe96KpR9GhL5ID5FUODlkhJZJP8g7UiMRpJ8jlz4XoIEIteQgRCJGSWHZpA9nNv08qZ4UHbvo3JzmS5fTZjJsnx2yAnPYGSuxa1ZmFSbYA3tiz+zFerRerTfr/Wd0wZru7LE/sD6+Ae30nJE=</latexit><latexit sha1_base64="Q6eE0eU3EwNScmmydaZon/7mtXg=">AAACEXicbVDLSgNBEJz1GeMr6lGEwSDES9gVQS9C0IvHCOYBSQi9k04yZPbBTK8mLDn5CX6FVz15E69+gQf/xd2YgybWqajqprvKDZU0ZNuf1sLi0vLKamYtu76xubWd29mtmiDSAisiUIGuu2BQSR8rJElhPdQInquw5g6uUr92h9rIwL+lUYgtD3q+7EoBlEjt3EFTSa8dD5ta9voEWgf33B73CsNjfsHtdi5vF+0J+DxxpiTPpii3c1/NTiAiD30SCoxpOHZIrRg0SaFwnG1GBkMQA+hhI6E+eGha8STGmB9FBijgIWouFZ+I+HsjBs+Ykecmkx5Q38x6qfif14ioe96KpR9GhL5ID5FUODlkhJZJP8g7UiMRpJ8jlz4XoIEIteQgRCJGSWHZpA9nNv08qZ4UHbvo3JzmS5fTZjJsnx2yAnPYGSuxa1ZmFSbYA3tiz+zFerRerTfr/Wd0wZru7LE/sD6+Ae30nJE=</latexit><latexit sha1_base64="Q6eE0eU3EwNScmmydaZon/7mtXg=">AAACEXicbVDLSgNBEJz1GeMr6lGEwSDES9gVQS9C0IvHCOYBSQi9k04yZPbBTK8mLDn5CX6FVz15E69+gQf/xd2YgybWqajqprvKDZU0ZNuf1sLi0vLKamYtu76xubWd29mtmiDSAisiUIGuu2BQSR8rJElhPdQInquw5g6uUr92h9rIwL+lUYgtD3q+7EoBlEjt3EFTSa8dD5ta9voEWgf33B73CsNjfsHtdi5vF+0J+DxxpiTPpii3c1/NTiAiD30SCoxpOHZIrRg0SaFwnG1GBkMQA+hhI6E+eGha8STGmB9FBijgIWouFZ+I+HsjBs+Ykecmkx5Q38x6qfif14ioe96KpR9GhL5ID5FUODlkhJZJP8g7UiMRpJ8jlz4XoIEIteQgRCJGSWHZpA9nNv08qZ4UHbvo3JzmS5fTZjJsnx2yAnPYGSuxa1ZmFSbYA3tiz+zFerRerTfr/Wd0wZru7LE/sD6+Ae30nJE=</latexit>
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<latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit>

g(x) =

(
x2 if x < � 1

10 or x > 1
10

0.5 if � 1
10 < x < 1

10 .
<latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit><latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit><latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit><latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit>
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<latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit>

g(x) =

(
x2 if x < � 1

10 or x > 1
10

0.5 if � 1
10 < x < 1

10 .
<latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit><latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit><latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit><latexit sha1_base64="hjSz9Da3a3hATrGRiVrTI54MQcw="></latexit>

lim
x!0

g(x) = 0.5
<latexit sha1_base64="e3kEkn03iC+gJyKf1e75I7Jvmb0=">AAACE3icbVC7TgJBFJ3FF+ILtbRwIjHBhuwajTYmRBtLTOSRACF3hwtMmH1k5q5CNpR+gl9hq5WdsfUDLPwXd5HC16lOzrk3957jhkoasu13KzM3v7C4lF3OrayurW/kN7dqJoi0wKoIVKAbLhhU0scqSVLYCDWC5yqsu8OL1K/foDYy8K9pHGLbg74ve1IAJVInv9tS0uvEo5aW/QGB1sEttyf94uiAn9ml41wnX7BL9hT8L3FmpMBmqHTyH61uICIPfRIKjGk6dkjtGDRJoXCSa0UGQxBD6GMzoT54aNrxNMiE70cGKOAhai4Vn4r4fSMGz5ix5yaTHtDA/PZS8T+vGVHvtB1LP4wIfZEeIqlwesgILZOGkHelRiJIP0cufS5AAxFqyUGIRIySytI+nN/p/5LaYcmxS87VUaF8Pmsmy3bYHisyh52wMrtkFVZlgt2xB/bInqx769l6sV6/RjPWbGeb/YD19gnFc5zy</latexit><latexit sha1_base64="e3kEkn03iC+gJyKf1e75I7Jvmb0=">AAACE3icbVC7TgJBFJ3FF+ILtbRwIjHBhuwajTYmRBtLTOSRACF3hwtMmH1k5q5CNpR+gl9hq5WdsfUDLPwXd5HC16lOzrk3957jhkoasu13KzM3v7C4lF3OrayurW/kN7dqJoi0wKoIVKAbLhhU0scqSVLYCDWC5yqsu8OL1K/foDYy8K9pHGLbg74ve1IAJVInv9tS0uvEo5aW/QGB1sEttyf94uiAn9ml41wnX7BL9hT8L3FmpMBmqHTyH61uICIPfRIKjGk6dkjtGDRJoXCSa0UGQxBD6GMzoT54aNrxNMiE70cGKOAhai4Vn4r4fSMGz5ix5yaTHtDA/PZS8T+vGVHvtB1LP4wIfZEeIqlwesgILZOGkHelRiJIP0cufS5AAxFqyUGIRIySytI+nN/p/5LaYcmxS87VUaF8Pmsmy3bYHisyh52wMrtkFVZlgt2xB/bInqx769l6sV6/RjPWbGeb/YD19gnFc5zy</latexit><latexit sha1_base64="e3kEkn03iC+gJyKf1e75I7Jvmb0=">AAACE3icbVC7TgJBFJ3FF+ILtbRwIjHBhuwajTYmRBtLTOSRACF3hwtMmH1k5q5CNpR+gl9hq5WdsfUDLPwXd5HC16lOzrk3957jhkoasu13KzM3v7C4lF3OrayurW/kN7dqJoi0wKoIVKAbLhhU0scqSVLYCDWC5yqsu8OL1K/foDYy8K9pHGLbg74ve1IAJVInv9tS0uvEo5aW/QGB1sEttyf94uiAn9ml41wnX7BL9hT8L3FmpMBmqHTyH61uICIPfRIKjGk6dkjtGDRJoXCSa0UGQxBD6GMzoT54aNrxNMiE70cGKOAhai4Vn4r4fSMGz5ix5yaTHtDA/PZS8T+vGVHvtB1LP4wIfZEeIqlwesgILZOGkHelRiJIP0cufS5AAxFqyUGIRIySytI+nN/p/5LaYcmxS87VUaF8Pmsmy3bYHisyh52wMrtkFVZlgt2xB/bInqx769l6sV6/RjPWbGeb/YD19gnFc5zy</latexit><latexit sha1_base64="e3kEkn03iC+gJyKf1e75I7Jvmb0=">AAACE3icbVC7TgJBFJ3FF+ILtbRwIjHBhuwajTYmRBtLTOSRACF3hwtMmH1k5q5CNpR+gl9hq5WdsfUDLPwXd5HC16lOzrk3957jhkoasu13KzM3v7C4lF3OrayurW/kN7dqJoi0wKoIVKAbLhhU0scqSVLYCDWC5yqsu8OL1K/foDYy8K9pHGLbg74ve1IAJVInv9tS0uvEo5aW/QGB1sEttyf94uiAn9ml41wnX7BL9hT8L3FmpMBmqHTyH61uICIPfRIKjGk6dkjtGDRJoXCSa0UGQxBD6GMzoT54aNrxNMiE70cGKOAhai4Vn4r4fSMGz5ix5yaTHtDA/PZS8T+vGVHvtB1LP4wIfZEeIqlwesgILZOGkHelRiJIP0cufS5AAxFqyUGIRIySytI+nN/p/5LaYcmxS87VUaF8Pmsmy3bYHisyh52wMrtkFVZlgt2xB/bInqx769l6sV6/RjPWbGeb/YD19gnFc5zy</latexit>
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<latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit>

g(x) =

8
><
>:

x2 if x < � 1
10 or x > 1

10

0 if x = 0

0.5 otherwise .
<latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit><latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit><latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit><latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit>
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<latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit><latexit sha1_base64="rPZamN1SYo1ITrF6pVAo4rzl7eU=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJyrIRCMoIGsogyENKrGh92YRTzg/drUFRlE+ghYoO0fI9FPwLtnEBCVONZna1s+PHShpynE+rtLS8srpWXq9sbG5t71R391omSrTApohUpDs+GFQyxCZJUtiJNULgK2z746vMbz+gNjIK72gSoxfAKJRDKYBS6daxz/rVmmM7OfgicQtSYwUa/epXbxCJJMCQhAJjuq4TkzcFTVIonFV6icEYxBhG2E1pCAEab5pHnfGjxABFPEbNpeK5iL83phAYMwn8dDIAujfzXib+53UTGl54UxnGCWEoskMkFeaHjNAy7QD5QGokgiw5chlyARqIUEsOQqRikpZSSftw579fJK0T23Vs9+a0Vr8smimzA3bIjpnLzlmdXbMGazLBRuyJPbMX69F6td6s95/RklXs7LM/sD6+AfsMkbA=</latexit>

g(x) =

8
><
>:

x2 if x < � 1
10 or x > 1

10

0 if x = 0

0.5 otherwise .
<latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit><latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit><latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit><latexit sha1_base64="yNM98TNvfjCGZBuNpMn/r+cvJpg="></latexit>

lim
x!0

g(x) = 0.5
<latexit sha1_base64="vOU2mGowJnrkS/8JDiD5GSS1z+E=">AAACEXicbVDLTgJBEJzFF+IL9WhMJhITvJBdo9GLCdGLR0zkkQAhvUMDE2YfmelVyIaTn+BXeNWTN+PVL/Dgv7ggBwXrVKnqTneVGyppyLY/rdTC4tLySno1s7a+sbmV3d6pmCDSAssiUIGuuWBQSR/LJElhLdQInquw6vavxn71DrWRgX9LwxCbHnR92ZECKJFa2f2Gkl4rHjS07PYItA7uuT3q5gdHF3bhtJXN2QV7Aj5PnCnJsSlKrexXox2IyEOfhAJj6o4dUjMGTVIoHGUakcEQRB+6WE+oDx6aZjyJMeKHkQEKeIiaS8UnIv7eiMEzZui5yaQH1DOz3lj8z6tH1DlvxtIPI0JfjA+RVDg5ZISWST/I21IjEYw/Ry59LkADEWrJQYhEjJLCMkkfzmz6eVI5Ljh2wbk5yRUvp82k2R47YHnmsDNWZNesxMpMsAf2xJ7Zi/VovVpv1vvPaMqa7uyyP7A+vgEk25y0</latexit><latexit sha1_base64="vOU2mGowJnrkS/8JDiD5GSS1z+E=">AAACEXicbVDLTgJBEJzFF+IL9WhMJhITvJBdo9GLCdGLR0zkkQAhvUMDE2YfmelVyIaTn+BXeNWTN+PVL/Dgv7ggBwXrVKnqTneVGyppyLY/rdTC4tLySno1s7a+sbmV3d6pmCDSAssiUIGuuWBQSR/LJElhLdQInquw6vavxn71DrWRgX9LwxCbHnR92ZECKJFa2f2Gkl4rHjS07PYItA7uuT3q5gdHF3bhtJXN2QV7Aj5PnCnJsSlKrexXox2IyEOfhAJj6o4dUjMGTVIoHGUakcEQRB+6WE+oDx6aZjyJMeKHkQEKeIiaS8UnIv7eiMEzZui5yaQH1DOz3lj8z6tH1DlvxtIPI0JfjA+RVDg5ZISWST/I21IjEYw/Ry59LkADEWrJQYhEjJLCMkkfzmz6eVI5Ljh2wbk5yRUvp82k2R47YHnmsDNWZNesxMpMsAf2xJ7Zi/VovVpv1vvPaMqa7uyyP7A+vgEk25y0</latexit><latexit sha1_base64="vOU2mGowJnrkS/8JDiD5GSS1z+E=">AAACEXicbVDLTgJBEJzFF+IL9WhMJhITvJBdo9GLCdGLR0zkkQAhvUMDE2YfmelVyIaTn+BXeNWTN+PVL/Dgv7ggBwXrVKnqTneVGyppyLY/rdTC4tLySno1s7a+sbmV3d6pmCDSAssiUIGuuWBQSR/LJElhLdQInquw6vavxn71DrWRgX9LwxCbHnR92ZECKJFa2f2Gkl4rHjS07PYItA7uuT3q5gdHF3bhtJXN2QV7Aj5PnCnJsSlKrexXox2IyEOfhAJj6o4dUjMGTVIoHGUakcEQRB+6WE+oDx6aZjyJMeKHkQEKeIiaS8UnIv7eiMEzZui5yaQH1DOz3lj8z6tH1DlvxtIPI0JfjA+RVDg5ZISWST/I21IjEYw/Ry59LkADEWrJQYhEjJLCMkkfzmz6eVI5Ljh2wbk5yRUvp82k2R47YHnmsDNWZNesxMpMsAf2xJ7Zi/VovVpv1vvPaMqa7uyyP7A+vgEk25y0</latexit><latexit sha1_base64="vOU2mGowJnrkS/8JDiD5GSS1z+E=">AAACEXicbVDLTgJBEJzFF+IL9WhMJhITvJBdo9GLCdGLR0zkkQAhvUMDE2YfmelVyIaTn+BXeNWTN+PVL/Dgv7ggBwXrVKnqTneVGyppyLY/rdTC4tLySno1s7a+sbmV3d6pmCDSAssiUIGuuWBQSR/LJElhLdQInquw6vavxn71DrWRgX9LwxCbHnR92ZECKJFa2f2Gkl4rHjS07PYItA7uuT3q5gdHF3bhtJXN2QV7Aj5PnCnJsSlKrexXox2IyEOfhAJj6o4dUjMGTVIoHGUakcEQRB+6WE+oDx6aZjyJMeKHkQEKeIiaS8UnIv7eiMEzZui5yaQH1DOz3lj8z6tH1DlvxtIPI0JfjA+RVDg5ZISWST/I21IjEYw/Ry59LkADEWrJQYhEjJLCMkkfzmz6eVI5Ljh2wbk5yRUvp82k2R47YHnmsDNWZNesxMpMsAf2xJ7Zi/VovVpv1vvPaMqa7uyyP7A+vgEk25y0</latexit>
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Limits

Definition

Let f : (a,+∞) ⊆ R → R be a function. We say that

lim
x→+∞

f (x) = L

if and only if ∃L ∈ R such that

∀ε > 0 ∃M > 0 such that if x > M ⇒ |f (x)− L| < ε.

Similarly, Let f : (−∞, a) ⊆ R → R be a function. We say that

lim
x→−∞

f (x) = L

if and only if ∃L ∈ R such that

∀ε > 0 ∃M > 0 such that if x < −M ⇒ |f (x)− L| < ε.

In both cases we say that the function has an horizontal asymptote at L.
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1 + "
<latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit>

1 � "
<latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit><latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit><latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit><latexit sha1_base64="QR5sDe70pg6VeiPeJZQok6iBuVc=">AAAB/3icbVC7TsNAEDzzDOEVoKQ5ESHRENkICcoIGsogkYeUWNH6sgmnnM/mbh0pslLwFbRQ0SFaPoWCf8EJLiBhqtHMrnZ2glhJS6776Swtr6yurRc2iptb2zu7pb39ho0SI7AuIhWZVgAWldRYJ0kKW7FBCAOFzWB4PfWbIzRWRvqOxjH6IQy07EsBlEm+d9oZgcHYShXpbqnsVtwZ+CLxclJmOWrd0lenF4kkRE1CgbVtz43JT8GQFAonxU5iMQYxhAG2M6ohROuns9ATfpxYoIjHaLhUfCbi740UQmvHYZBNhkD3dt6biv957YT6l34qdZwQajE9RFLh7JAVRmZtIO9Jg0QwTY5cai7AABEayUGITEyyeopZH97894ukcVbx3Ip3e16uXuXNFNghO2InzGMXrMpuWI3VmWAP7Ik9sxfn0Xl13pz3n9ElJ985YH/gfHwDaQ6Wfg==</latexit>
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1 + "
<latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit><latexit sha1_base64="89SP5c0p3S/DQqAjxE27aCSRSuY=">AAAB/3icbVA9SwNBEN3zM8avqKXNYhAEIdyJoGXQxjKC+YDkCHObSVyyt3fuzgXCkcJfYauVndj6Uyz8L17iFZr4qsd7M8ybF8RKWnLdT2dpeWV1bb2wUdzc2t7ZLe3tN2yUGIF1EanItAKwqKTGOklS2IoNQhgobAbD66nfHKGxMtJ3NI7RD2GgZV8KoEzyvdPOCAzGVqpId0tlt+LOwBeJl5Myy1Hrlr46vUgkIWoSCqxte25MfgqGpFA4KXYSizGIIQywnVENIVo/nYWe8OPEAkU8RsOl4jMRf2+kEFo7DoNsMgS6t/PeVPzPayfUv/RTqeOEUIvpIZIKZ4esMDJrA3lPGiSCaXLkUnMBBojQSA5CZGKS1VPM+vDmv18kjbOK51a82/Ny9SpvpsAO2RE7YR67YFV2w2qszgR7YE/smb04j86r8+a8/4wuOfnOAfsD5+MbZdqWfA==</latexit>
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Limits

Definition
Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. We say

that

lim
x→x0

f (x) = +∞

if and only if

∀K > 0 ∃δ > 0 : ∀x ∈ D : 0 < |x − x0| < δ ⇒ f (x) > K .

Equivalently ...

∀K > 0 ∃δ > 0 : ∀x ∈ D : x0 − δ < x < x0 + δ, x ̸= x0 ⇒ f (x) > K .

We say that the function has a vertical asymptote at x0.
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Limits

Definition
Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. We say

that

lim
x→x0

f (x) = −∞

if and only if

∀K > 0 ∃δ > 0 : ∀x ∈ D : 0 < |x − x0| < δ ⇒ f (x) < −K .

Equivalently ...

∀K > 0 ∃δ > 0 : ∀x ∈ D : x0 − δ < x < x0 + δ, x ̸= x0 ⇒ f (x) < −K .

We say that the function has a vertical asymptote at x0.
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<latexit sha1_base64="luPhy8t3eAU/nf4asF/VPTz4Tcc=">AAAB83icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj0InhJwDwgWcLspBOHzD6Y6RFCyBd41ZM38eoHefBf3F33oIl1Kqq66eoKEiUNue6ns7K6tr6xWdoqb+/s7u1XDg7bJrZaYEvEKtbdgBtUMsIWSVLYTTTyMFDYCSY3md95RG1kHN3TNEE/5ONIjqTglErNu0Gl6tbcHGyZeAWpQoHGoPLVH8bChhiRUNyYnucm5M+4JikUzst9azDhYsLH2EtpxEM0/iwPOmen1nCKWYKaScVyEX9vzHhozDQM0smQ04NZ9DLxP69naXTlz2SUWMJIZIdIKswPGaFl2gCyodRIxLPkyGTEBNecCLVkXIhUtGkl5bQPb/H7ZdI+r3luzWteVOvXRTMlOIYTOAMPLqEOt9CAFghAeIJneHGs8+q8Oe8/oytOsXMEf+B8fANAZpFU</latexit><latexit sha1_base64="luPhy8t3eAU/nf4asF/VPTz4Tcc=">AAAB83icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj0InhJwDwgWcLspBOHzD6Y6RFCyBd41ZM38eoHefBf3F33oIl1Kqq66eoKEiUNue6ns7K6tr6xWdoqb+/s7u1XDg7bJrZaYEvEKtbdgBtUMsIWSVLYTTTyMFDYCSY3md95RG1kHN3TNEE/5ONIjqTglErNu0Gl6tbcHGyZeAWpQoHGoPLVH8bChhiRUNyYnucm5M+4JikUzst9azDhYsLH2EtpxEM0/iwPOmen1nCKWYKaScVyEX9vzHhozDQM0smQ04NZ9DLxP69naXTlz2SUWMJIZIdIKswPGaFl2gCyodRIxLPkyGTEBNecCLVkXIhUtGkl5bQPb/H7ZdI+r3luzWteVOvXRTMlOIYTOAMPLqEOt9CAFghAeIJneHGs8+q8Oe8/oytOsXMEf+B8fANAZpFU</latexit><latexit sha1_base64="luPhy8t3eAU/nf4asF/VPTz4Tcc=">AAAB83icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj0InhJwDwgWcLspBOHzD6Y6RFCyBd41ZM38eoHefBf3F33oIl1Kqq66eoKEiUNue6ns7K6tr6xWdoqb+/s7u1XDg7bJrZaYEvEKtbdgBtUMsIWSVLYTTTyMFDYCSY3md95RG1kHN3TNEE/5ONIjqTglErNu0Gl6tbcHGyZeAWpQoHGoPLVH8bChhiRUNyYnucm5M+4JikUzst9azDhYsLH2EtpxEM0/iwPOmen1nCKWYKaScVyEX9vzHhozDQM0smQ04NZ9DLxP69naXTlz2SUWMJIZIdIKswPGaFl2gCyodRIxLPkyGTEBNecCLVkXIhUtGkl5bQPb/H7ZdI+r3luzWteVOvXRTMlOIYTOAMPLqEOt9CAFghAeIJneHGs8+q8Oe8/oytOsXMEf+B8fANAZpFU</latexit><latexit sha1_base64="luPhy8t3eAU/nf4asF/VPTz4Tcc=">AAAB83icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj0InhJwDwgWcLspBOHzD6Y6RFCyBd41ZM38eoHefBf3F33oIl1Kqq66eoKEiUNue6ns7K6tr6xWdoqb+/s7u1XDg7bJrZaYEvEKtbdgBtUMsIWSVLYTTTyMFDYCSY3md95RG1kHN3TNEE/5ONIjqTglErNu0Gl6tbcHGyZeAWpQoHGoPLVH8bChhiRUNyYnucm5M+4JikUzst9azDhYsLH2EtpxEM0/iwPOmen1nCKWYKaScVyEX9vzHhozDQM0smQ04NZ9DLxP69naXTlz2SUWMJIZIdIKswPGaFl2gCyodRIxLPkyGTEBNecCLVkXIhUtGkl5bQPb/H7ZdI+r3luzWteVOvXRTMlOIYTOAMPLqEOt9CAFghAeIJneHGs8+q8Oe8/oytOsXMEf+B8fANAZpFU</latexit>

x0 = 0
<latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit><latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit><latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit><latexit sha1_base64="awH3VIyJsOWKDWiQt5BFMsH8SNY=">AAAB93icbVBNS8NAFNz4WetX1aOXxSJ4KhsR9CIUvXisYNpCG8pm+1qXbjZh90Usob/Bq568iVd/jgf/i0nMQVvnNMy8x5s3QaykRcY+naXlldW19cpGdXNre2e3trfftlFiBHgiUpHpBtyCkho8lKigGxvgYaCgE0yuc7/zAMbKSN/hNAY/5GMtR1JwzCTvccAu2aBWZw1WgC4StyR1UqI1qH31h5FIQtAoFLe257IY/ZQblELBrNpPLMRcTPgYehnVPATrp0XYGT1OLMeIxmCoVLQQ4fdGykNrp2GQTYYc7+28l4v/eb0ERxd+KnWcIGiRH0KpoDhkhZFZC0CH0gAiz5MDlZoKbjgiGEm5EJmYZLVUsz7c+e8XSfu04bKGe3tWb16VzVTIITkiJ8Ql56RJbkiLeEQQSZ7IM3lxps6r8+a8/4wuOeXOAfkD5+Mbps2SpQ==</latexit>

+�
<latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit><latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit><latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit><latexit sha1_base64="ntVl+WBc67JWX2LdYrG98/Ph4fY=">AAAB+XicbVBNS8NAEN3Ur1q/qh69LBZBEEoigh6LXjxWsB/QljLZTuvSzSbsToQS+iO86smbePXXePC/mMQctPWdHu/NMG+eHylpyXU/ndLK6tr6RnmzsrW9s7tX3T9o2zA2AlsiVKHp+mBRSY0tkqSwGxmEwFfY8ac3md95RGNlqO9pFuEggImWYymAUqlz1h+hIhhWa27dzcGXiVeQGivQHFa/+qNQxAFqEgqs7XluRIMEDEmhcF7pxxYjEFOYYC+lGgK0gySPO+cnsQUKeYSGS8VzEX9vJBBYOwv8dDIAerCLXib+5/ViGl8NEqmjmFCL7BBJhfkhK4xMe0A+kgaJIEuOXGouwAARGslBiFSM02IqaR/e4vfLpH1e99y6d3dRa1wXzZTZETtmp8xjl6zBblmTtZhgU/bEntmLkzivzpvz/jNacoqdQ/YHzsc3sE2T1g==</latexit>

��
<latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit><latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit><latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit><latexit sha1_base64="TKOOpo+LRZA7tRB/pOIeMosXbOY=">AAAB+XicbVC7TsNAEDyHVwivACXNiQiJhshGSFBG0FAGiTykJIrWl0045Xy27tZIkZWPoIWKDtHyNRT8C7ZxAQlTjWZ2tbPjR0pact1Pp7Syura+Ud6sbG3v7O5V9w/aNoyNwJYIVWi6PlhUUmOLJCnsRgYh8BV2/OlN5nce0VgZ6nuaRTgIYKLlWAqgVOqc9UeoCIbVmlt3c/Bl4hWkxgo0h9Wv/igUcYCahAJre54b0SABQ1IonFf6scUIxBQm2EuphgDtIMnjzvlJbIFCHqHhUvFcxN8bCQTWzgI/nQyAHuyil4n/eb2YxleDROooJtQiO0RSYX7ICiPTHpCPpEEiyJIjl5oLMECERnIQIhXjtJhK2oe3+P0yaZ/XPbfu3V3UGtdFM2V2xI7ZKfPYJWuwW9ZkLSbYlD2xZ/biJM6r8+a8/4yWnGLnkP2B8/ENs3eT2A==</latexit>
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Limits

Definition

Let f : (a,+∞) ⊆ R → R be a function. We say that

lim
x→+∞

f (x) = +∞

if and only if

∀K > 0 ∃M > 0 such that if x > M ⇒ f (x) > K .

Similarly ... let f : (−∞, a) ⊆ R → R be a function. We say that

lim
x→−∞

f (x) = +∞

if and only if

∀K > 0 ∃M > 0 such that if x < −M ⇒ f (x) > K .

etc ... etc ...
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Limits

Theorem

Let f : D ⊆ R → R and x0 be a limit point of D. If f (x) → L when x → x0 then the
limit is unique.

Proof. Suppose, by contradiction, that there exist L1 and L2 with L1 ̸= L2 such that

lim
x→x0

f (x) = L1, lim
x→x0

f (x) = L2.

Hence for all ε > 0 I can find δ1 > 0 and δ2 > 0 such that

0 < |x − x0| < δ1 and x ∈ D implies |f (x)− L1| < ε/2, (△)

0 < |x − x0| < δ2 and x ∈ D implies |f (x)− L2| < ε/2 (□) .

Now consider δ = min (δ1, δ2). Since x0 is a LIMIT POINT of D then there exists
x∗ ∈ D such that 0 < |x∗ − x0| < δ. Since δ < δ1 AND δ < δ2, for that x∗ both
conditions (△) and (□) are satisfied, whence

|L1 − L2| = |L1 − f (x∗) + f (x∗)− L2| ≤ |L1 − f (x∗)|︸ ︷︷ ︸
<ε/2

+ |f (x∗)− L2|︸ ︷︷ ︸
<ε/2

<
ε

2
+

ε

2
= ε,

which means L1 = L2.
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Limits

Theorem
Let f : D ⊂ R → R be a function defined on the set D, subset of R, with

value in R. Let x0 be a limit point of D. Then:

∃ lim
x→x0

f (x) = L ⇔ ∀xn ∈ D such that xn → x0 and xn ̸= x0 ⇒ f (xn) → L.

In practice
If we find two sequences xn → x0 and yn → x0 such that

f (xn) → ℓ1 and f (yn) → ℓ2

with ℓ1 ̸= ℓ2, in virtue of the theorem above we can conclude that the limit

lim
x→x0

f (x)

does not exist.
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Limits

Example

lim
x→0

sin

(
1
x

)
=?? (△)

Remember that 

sin
(
π
2

)
= 1

sin
(
5 π

2

)
= 1

sin
(
9 π

2

)
= 1

...
...

⇒ sin
(
(4 k + 1)

π

2

)
= 1, ∀k ∈ N.



sin
(
3 π

2

)
= −1

sin
(
7 π

2

)
= −1

sin
(
11 π

2

)
= −1

...
...

⇒ sin
(
(4 k + 3)

π

2

)
= −1, ∀k ∈ N.
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Limits

Example

lim
x→0

sin

(
1
x

)
=?? (△)

Since
sin
(
(4 k + 1)

π

2

)
= 1, sin

(
(4 k + 3)

π

2

)
= −1, ∀k ∈ N.

consider
xk =

1
(4 k + 1) π

2
, yk =

1
(4 k + 3) π

2
, ∀k ∈ N.

whence xk → 0 and yk → 0 nevertheless

f (xk) = sin

(
1
xk

)
= sin

(
(4 k + 1)

π

2

)
= 1 → 1

and
f (yk) = sin

(
1
yk

)
= sin

(
(4 k + 3)

π

2

)
= −1 → −1

whence the limit (△) does not exist!
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Limits

Example

The theorem is still valid even if x0 = ±∞. Example f (x) = sin (x) and

lim
x→+∞

sin (x) =?? (△)

Since
sin
(
(4 k + 1)

π

2

)
= 1, sin

(
(4 k + 3)

π

2

)
= −1, ∀k ∈ N.

consider
xk = (4 k + 1)

π

2
, yk = (4 k + 3)

π

2
, ∀k ∈ N.

whence xk → +∞ and yk → +∞ nevertheless

f (xk) = sin (xk) = sin
(
(4 k + 1)

π

2

)
= 1 → 1

and
f (yk) = sin (yk) = sin

(
(4 k + 3)

π

2

)
= −1 → −1

whence the limit (△) does not exist!
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Left and right limits

Definition
Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. We say

that

lim
x→x+0

f (x) = L

if and only if ∃L ∈ R such that

∀ε > 0 ∃δ > 0 : ∀x ∈ D : 0 < x − x0 < δ ⇒ |f (x)− L| < ε

similarly, we say that

lim
x→x−0

f (x) = L

if and only if ∃L ∈ R such that

∀ε > 0 ∃δ > 0 :∀x ∈ D : 0 < x0 − x < δ ⇒ |f (x)− L| < ε
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Left and right limits

Theorem

Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. Then the limit

lim
x→x0

f (x) = L

exists IF AND ONLY IF

lim
x→x+0

f (x) = L and lim
x→x−0

f (x) = L.

In practice

We will encounter one among these situations

limx→x+0
f (x) = L and lim

x→x−0
f (x) = L. We can conclude that the limit

limx→x0 f (x) exists and it is equal to L.

At least on between limx→x+0
f (x) and lim

x→x−0
f (x) does not exist. We can

conclude that the limit limx→x0 f (x) does not exist.

limx→x+0
f (x) = L1 and lim

x→x−0
f (x) = L2, with L1 ̸= L2. We can conclude that

the limit limx→x0 f (x) does not exist.
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Left and right limits

Example

The sign (x) function is defined on (−∞, 0) ∪ (0,+∞) as

sign (x) =
|x |
x

=
x

|x | =




−1 if x < 0

1 if x > 0

If x > 0, by definition, sign (x) = +1 so that

lim
x→0+

sign (x) = +1.

If x < 0, by definition, sign (x) = −1 so that

lim
x→0−

sign (x) = −1.

Whence

∄ lim
x→0

sign (x) .
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Left and right limits

Definition
Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. We say

that

lim
x→x+0

f (x) = +∞

if and only if

∀K > 0 ∃δ > 0 : ∀x ∈ D : 0 < x − x0 < δ ⇒ f (x) > K

similarly, we say that

lim
x→x−0

f (x) = +∞

if and only if

∀K > 0 ∃δ > 0 : ∀x ∈ D : 0 < x0 − x < δ ⇒ f (x) > K
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Left and right limits

Definition
Let f : D ⊆ R → R be a function. Let x0 be a limit point of D. We say

that

lim
x→x+0

f (x) = −∞

if and only if

∀K > 0 ∃δ > 0 : ∀x ∈ D : 0 < x − x0 < δ ⇒ f (x) < −K

similarly, we say that

lim
x→x−0

f (x) = −∞

if and only if

∀K > 0 ∃δ > 0 : ∀x ∈ D : 0 < x0 − x < δ ⇒ f (x) < −K



20/83

Left and right limits

Example

Consider the function f : (−∞, 0) ∪ (0,∞) → (−∞, 0) ∪ (0,∞) defined as

f (x) =
1
x
.

Take any K > 0 then consider an x∗ such that 0 < x∗ < 1
K . We have

f (x∗) =
1
x∗

> K ,

hence, by putting δ = 1
K in the definition, we have proved that

lim
x→0+

1
x
= +∞.

Using an identical procedure you can try to prove that

lim
x→0−

1
x
= −∞.
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Left and right limits

Definition
Other (intuitive) definitions (in what follows we implicitly assume x ∈ D)

lim
x→x+0

f (x) = L+ ⇔ ∀ε > 0, ∃δ > 0 : 0 < x − x0 < δ ⇒ 0 < f (x)− L < ε

lim
x→x+0

f (x) = L− ⇔ ∀ε > 0, ∃δ > 0 : 0 < x − x0 < δ ⇒ 0 < L− f (x) < ε

lim
x→x−0

f (x) = L+ ⇔ ∀ε > 0, ∃δ > 0 : 0 < x0 − x < δ ⇒ 0 < f (x)− L < ε

lim
x→x−0

f (x) = L− ⇔ ∀ε > 0,∃δ > 0 : 0 < x0 − x < δ ⇒ 0 < L− f (x) < ε

lim
x→+∞

f (x) = L+ ⇔ ∀ε > 0,∃M > 0 : x > M ⇒ 0 < f (x)− L < ε

lim
x→+∞

f (x) = L− ⇔ ∀ε > 0,∃M > 0 : x > M ⇒ 0 < L− f (x) < ε

lim
x→−∞

f (x) = L+ ⇔ ∀ε > 0,∃M > 0 : x < −M ⇒ 0 < f (x)− L < ε

lim
x→−∞

f (x) = L− ⇔ ∀ε > 0,∃M > 0 : x < −M ⇒ 0 < L− f (x) < ε.
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Left and right limits

Example
Using the definitions of limits it is straightforward to prove that

lim
x→0−

x

1 + x2 = 0−, lim
x→0+

x

1 + x2 = 0+

lim
x→+∞

1
x
= 0+, lim

x→−∞

1
x
= 0−

lim
x→+∞

1
x2 = 0+, lim

x→−∞

1
x2 = 0+

lim
x→1+

x − 1
x2 = 0+, lim

x→1−

x − 1
x2 = 0−
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Left and right limits

Theorem
Let f (x) and g (x) be two functions defined on a set D ⊆ R. Let x0 be a

limit point of D.

If when x → x0 we have g (x) → 0+ and f (x) → L > 0 then

f (x) /g (x) → +∞.

If when x → x0 we have g (x) → 0− and f (x) → L > 0 then

f (x) /g (x) → −∞.

If when x → x0 we have g (x) → 0+ and f (x) → L < 0 then

f (x) /g (x) → −∞.

If when x → x0 we have g (x) → 0− and f (x) → L < 0 then

f (x) /g (x) → +∞.

Identical results hold for x → x−0 and x → x+0 .
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Left and right limits

Theorem
Let f (x) and g (x) be two functions defined on a set D ⊆ R. Let x0 be a

limit point of D.

If when x → x0 we have g (x) → L > 0 and f (x) → 0+ then

f (x) /g (x) → 0+.

If when x → x0 we have g (x) → L > 0 and f (x) → 0− then

f (x) /g (x) → 0−.

If when x → x0 we have g (x) → L < 0 and f (x) → 0+ then

f (x) /g (x) → 0−.

If when x → x0 we have g (x) → L < 0 and f (x) → 0− then

f (x) /g (x) → 0+.

Identical results hold for x → x−0 and x → x+0 .
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Some important limits

Assume a > 1.

lim
x→0+

loga (x) =??

For all K > 0 consider δ = a−K . So if

0 < x < δ = a−K

we have (for a > 1 the loga is increasing)

loga (x) < loga (δ) = −K .

whence

lim
x→0+

loga (x) = −∞.
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Some important limits

Assume a > 1.

lim
x→+∞

loga (x) =??

For all K > 0 consider M = aK . So if

x > M = aK

we have (for a > 1 the loga is increasing)

loga (x) > loga (M) = K .

whence

lim
x→+∞

loga (x) = +∞.

Similar computations show that, for 0 < a < 1, we have

lim
x→0+

loga (x) = +∞, lim
x→+∞

loga (x) = −∞.
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Some important limits

Assume a > 1.

lim
x→−∞

ax =??

For all ε > 0 consider M = loga (1/ε). So if

x < −M

we have (if a > 1 then ax is increasing)

0 < ax < a−M = a− loga(1/ε) = ε.

whence

lim
x→−∞

ax = 0.
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Some important limits

Assume a > 1.

lim
x→+∞

ax =??

For all K > 0 consider M = loga (K ). So if

x > M = loga (K )

we have (if a > 1 then ax is increasing)

ax > aM = aloga(K) = K .

whence

lim
x→+∞

ax = +∞.

Similar computations show that, for 0 < a < 1, we have

lim
x→−∞

ax = +∞, lim
x→+∞

ax = 0.
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Some important limits

Example

lim
x→0+

log2 (x) = −∞ lim
x→+∞

log2 (x) = +∞,

lim
x→0+

log1/2 (x) = +∞ lim
x→+∞

log1/2 (x) = −∞,

lim
x→−∞

ex = 0 lim
x→+∞

ex = +∞,

lim
x→−∞

(
1
e

)x

= +∞ lim
x→+∞

(
1
e

)x

= 0.
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Algebra of limits

The red indicates that the sign must be established. Let a > 0 be a strictly

positive number.

0
±∞ = 0,

±∞
0

= ±∞,
a

0
= ±∞,

a

±∞ = 0,
±∞
a

= ±∞.

0−∞ = +∞, 0+∞ = 0, (−∞)2 n = +∞, (−∞)2 n+1 = −∞

(+∞)+∞ = +∞, (+∞)−∞ = 0, +∞−a = 0, +∞a = +∞

+∞+∞ = +∞, −∞−∞ = −∞, (+∞) · (±a) = ±∞
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Indeterminate form: 0/0

lim
x→∞

1/x
1/x2 =

0
0
= lim

x→∞

x2

x
= +∞,

lim
x→∞

1/x2

1/x
=

0
0
= lim

x→∞

x

x2 = 0.
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Indeterminate form: ∞/∞

lim
x→∞

x

x2 =
∞
∞ = lim

x→∞

1
x
= 0,

lim
x→∞

x2

x
=

∞
∞ = lim

x→∞
x = ∞
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Indeterminate form: ∞−∞

lim
x→∞

x2 − x = ∞−∞ = lim
x→∞

x2
(

1 − 1
x

)
= (+∞) · (+1) = +∞,

lim
x→∞

√
x2 + x − x = ∞−∞ =

1
2
.
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Indeterminate form: 00

lim
x→0+

xx = 00 = 1,

lim
x→0+

(
e−1/x2

)x
= 00 = lim

x→0+
e−1/x = 0.
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Indeterminate form: 1∞

lim
x→+∞

(
1 +

α

x

)x
= 1∞ = eα,
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Indeterminate form: ∞0

For any a > 1

lim
x→+∞

x1/ loga x = (+∞)0 = lim
x→+∞

aloga(x
1/ loga x) = lim

x→+∞
a

loga(x)
loga(x) = a.
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Rules for limits

Theorem
Let f : D ⊆ R → R and g : D ⊆ R → R be two functions, x0 a limit point

of D. If

lim
x→x0

f (x) = L1 and lim
x→x0

g (x) = L2

then

lim
x→x0

(f (x) + g (x)) = L1 + L2.

The results still holds if x0 = +∞ or x0 = −∞.

Warning!

The converse is not true! Consider f (x) = x and g (x) = −x . Then

lim
x→+∞

(f (x) + g (x)) = lim
x→+∞

(x − x) = 0

Nevertheless
lim

x→+∞
f (x) = +∞ and lim

x→+∞
g (x) = −∞.
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Rules for limits

Theorem
Let f : D ⊆ R → R and g : D ⊆ R → R be two functions, x0 a limit point

of D. If

lim
x→x0

f (x) = L1 and lim
x→x0

g (x) = L2

then

lim
x→x0

f (x) · g (x) = L1 · L2.

The results still holds if x0 = +∞ or x0 = −∞.

Warning!

The converse is not true! Consider f (x) = x and g (x) = 1
x . Then

lim
x→+∞

f (x) · g (x) = lim
x→+∞

x · 1
x
= 1

Nevertheless
lim

x→+∞
f (x) = +∞ and lim

x→+∞
g (x) = 0.
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Rules for limits

Theorem
Let f : D ⊆ R → R and g : D ⊆ R → R be two functions, x0 a limit point

of D. If

lim
x→x0

f (x) = L1 and lim
x→x0

g (x) = L2 ̸= 0

then

lim
x→x0

f (x)

g (x)
=

L1

L2
.

The results still holds if x0 = +∞ or x0 = −∞.

Warning!

The converse is not true! Consider f (x) = x and g (x) = x . Then

lim
x→+∞

f (x)

g (x)
= lim

x→+∞

x

x
= 1

Nevertheless
lim

x→+∞
f (x) = +∞ and lim

x→+∞
g (x) = +∞.
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Continuity

Heuristically
A function is said to be continuous in a point x0 of its domain if arbitrarily

small variations around x0 generate small variations around f (x0).

Definition
Let f : D ⊆ R → R be a function and let x0 ∈ D. We say that f is

continuous in x0 if and only if

∀ε > 0 ∃δ > 0 : ∀x ∈ D : |x − x0| < δ ⇒ |f (x)− f (x0)| < ε.

Theorem
Let f : D ⊆ R → R be a function and let x0 ∈ D. The function f is

continuous in x0 if and only if

lim
x→x0

f (x) = f (x0) .
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Continuity

Checklist for continuity
Suppose I give you a function f : D ⊆ R → R and a point x0 ∈ R.

Question: Is f continuous in x0 ?

1 Verify that x0 is a point of the domain!! That is x0 ∈ D.

2 Compute

lim
x→x0

f (x) .

3 If the limit in point 2 does not exists or is infinite ⇒ the function

cannot be continuous. If the limit in point 2 exists and it is finite, call

it L.

4 Verify if

L = f (x0) .
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Continuity

Exercize
Is the function

ln (x)

continuous in x0 = 0 ?

Solution. Trivially no. The domain of ln (x) is

D = (0,∞)

and, hence, does not include x0 = 0.
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Continuity

Exercize
Is the piecewise-defined function

f (x) =




ln (x) if x > 0

0 if x ≤ 0.

continuous in x0 = 0 ?

Solution. The domain of f (x) is the entire real line, so x0 ∈ D.

Nevertheless

lim
x→0+

f (x) = lim
x→0+

ln (x) = −∞,

while

lim
x→0−

f (x) = 0,

whence ∄ limx→0 f (x) ⇒ The function is not continuous in x0 = 0.
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Continuity

Theorem
The function

f (x) =
√
x

is continuous in all its domain D = [0,+∞).

Proof. Consider a x0 > 0. Let x ∈ D, then

0 ≤ |f (x)− f (x0)| =
∣∣√x −√

x0
∣∣ =

∣∣∣∣
x − x0√
x +

√
x0

∣∣∣∣ <
∣∣∣∣
x − x0√

x0

∣∣∣∣

so if x → x0, by the comparison theorem, f (x) → f (x0).

Consider now x0 = 0. For all ε > 0 take any δ < ε2 so that

0 ≤ x < δ ⇒ 0 ≤
√
x <

√
δ < ε.
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Continuity

Remark
It is possible to prove that the following functions are continuous in all the

points of the corresponding domain:

f (x) = sin (x) D = R
f (x) = cos (x) D = R
f (x) = loga (x) D = (0,+∞)

f (x) = ax D = R
f (x) = xn D = R
f (x) = xα D = [0,+∞)

More generally, all the trigonometric functions are continuous in their

corresponding domains.
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Continuity

Theorem
Suppose that f and g are continuous.

Then f + g , f · g and f /g are continuous in their corresponding

domains.

If f (or g) is invertible, then f (−1) (or g (−1)) is continuous in its

domain.

If it is possible to define (f ◦ g) then (f ◦ g) is continuous in its

domain.
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Continuity

Exercize
Find the domain of the function

f (x) = xx

and establish where the function is continuous.

Solution. The function can be written as

xx = e ln(x
x ) = ex ln(x).

Whence it is defined for x ∈ (0,+∞). Since ln (x) is continuous for all

x ∈ (0,+∞) and since the exponential function is continuous everywhere

then f (x) is continuous for all x ∈ (0,+∞).
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Continuity

Exercize
Find the domain of the function

f (x) = sin
(
ln
(
1 + x2))

and establish where the function is continuous.

Solution. Since for all x it holds that

1 + x2 > 0

then the function f (x) is defined for all x ∈ R. The function f (x) is a

composition of the functions

x → x2 → 1 + x2 → ln
(
1 + x2) → sin

(
ln
(
1 + x2)) ,

whence it is continuous for all x ∈ R.
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Notable limits

Theorem

It holds that
lim

x→+∞

(
1 +

1
x

)x

= lim
x→−∞

(
1 +

1
x

)x

= e.

Proof. Remember that
an =

(
1 +

1
n

)n

→ e.

Consider, for all x ≥ 0, the integer part of x , defined as

⌊x⌋ = max {m ∈ N | m ≤ x} .

For example ⌊
7
2

⌋
= ⌊3.5⌋ = 3.

Call, for simplicity nx = ⌊x⌋ ∈ N and note that

nx ≤ x < nx + 1,
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Notable limits

From
nx ≤ x < nx + 1,

we derive
1

nx + 1
<

1
x
≤ 1

nx
⇒ 1 +

1
nx + 1

< 1 +
1
x
≤ 1 +

1
nx

.

Since nx ≤ x we have (
1 +

1
nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

using 1 + 1
nx+1 < 1 + 1

x
we can continue ...(

1 +
1

nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

<

(
1 +

1
x

)x

using 1 + 1
x
≤ 1 + 1

nx
we can continue ...(

1 +
1

nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

<

(
1 +

1
x

)x

≤
(

1 +
1
nx

)x

finally, using x < nx + 1 we get(
1 +

1
nx + 1

)nx

<

(
1 +

1
x

)x

<

(
1 +

1
nx

)nx+1
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nx + 1

)x

<

(
1 +

1
x

)x

≤
(

1 +
1
nx

)x

<

(
1 +

1
nx

)nx+1
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Notable limits

From
nx ≤ x < nx + 1,

we derive
1

nx + 1
<

1
x
≤ 1

nx
⇒ 1 +

1
nx + 1

< 1 +
1
x
≤ 1 +

1
nx

.

Since nx ≤ x we have (
1 +

1
nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

using 1 + 1
nx+1 < 1 + 1

x
we can continue ...(

1 +
1

nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

<

(
1 +

1
x

)x

using 1 + 1
x
≤ 1 + 1

nx
we can continue ...(

1 +
1

nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

<

(
1 +

1
x

)x

≤
(

1 +
1
nx

)x

finally, using x < nx + 1 we get(
1 +

1
nx + 1

)nx

≤
(

1 +
1

nx + 1

)x

<

(
1 +

1
x

)x

≤
(

1 +
1
nx

)x

<

(
1 +

1
nx

)nx+1
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Notable limits

From
nx ≤ x < nx + 1,

we derive
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nx + 1
<

1
x
≤ 1

nx
⇒ 1 +

1
nx + 1
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1
x
≤ 1 +

1
nx

.

Since nx ≤ x we have (
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1
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)nx
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1 +
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x
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(
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<
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1
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1
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1
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<
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1
x
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(
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1
nx
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finally, using x < nx + 1 we get(
1 +

1
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)nx

<

(
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1
x
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1
nx

)nx+1
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Notable limits

In summary, nx = ⌊x⌋ = max {m ∈ N | m ≤ x} and
(

1 +
1

nx + 1

)nx

<

(
1 +

1
x

)x

<

(
1 +

1
nx

)nx+1

=

(
1 +

1
nx

)nx (
1 +

1
nx

)
.

Nevertheless, if x → +∞ we have nx → ∞

lim
nx→∞

(
1 +

1
nx

)nx

︸ ︷︷ ︸
→e

(
1 +

1
nx

)

︸ ︷︷ ︸
→1

= e

lim
nx→∞

(
1 +

1
nx + 1

)nx

= lim
nx→∞

(
1 +

1
nx + 1

)nx+1

︸ ︷︷ ︸
→e

(
1 +

1
nx + 1

)−1

︸ ︷︷ ︸
→1

= e

whence, by the comparison theorem,

lim
x→+∞

(
1 +

1
x

)x

= e.
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Notable limits

What about

lim
x→−∞

(
1 +

1
x

)x

= ?

If x < 0 then x = − |x | and so
(

1 +
1
x

)x

=

(
1 − 1

|x |

)−|x |
=

( |x | − 1
|x |

)−|x |
=

( |x |
|x | − 1

)|x |

=

(
1 +

1
|x | − 1

)|x |
=

(
1 +

1
|x | − 1

)|x |−1 (
1 +

1
|x | − 1

)
.

When x → −∞ we have |x | → +∞ so that
(
1 + 1

|x |−1

)|x |−1
→ e and

(
1 + 1

|x |−1

)
→ 1.

Whence

lim
x→−∞

(
1 +

1
x

)x

= e.



53/83

Notable limits

Definition

Given n + 1 real numbers a0, a1, ..., an, the function

Pn (x) = an x
n + an−1 x

n−1 + . . .+ a1 x + a0

is called a polynomial of degree n. The numbers a0, a1, ..., an are called the coefficient of
the polynomial.
Any function of the form

f (x) =
Qn (x)

Pm (x)
, (△)

where Qn (x) is a polynomial of degree n and Pm (x) is a polynomial of degree m, is
called a rational function.

Remark

Any rational function such as (△) has the domain

D = {x ∈ R | Pm (x) ̸= 0} .

For all x ∈ D the function (△) is continuous.
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Notable limits

Limits of fractions of polynomials
Put in evidence the highest power:

lim
x→+∞

x7 − 3 x2 + x

9 − 12 x7 − x4 = lim
x→+∞

1 −
→0︷ ︸︸ ︷

3 x−5 +

→0︷︸︸︷
x−6

9 x−7
︸ ︷︷ ︸
→0

−12 − x−3
︸︷︷︸
→0

= − 1
12

.

lim
x→+∞

x8 − 3 x2 + x

9 − 12 x7 − x4 = lim
x→+∞

x
1 −

→0︷ ︸︸ ︷
3 x−6 +

→0︷︸︸︷
x−7

9 x−7
︸ ︷︷ ︸
→0

−12 − x−3
︸︷︷︸
→0

= −∞.

lim
x→+∞

x7 − 3 x2 + x

9 − 12 x8 − x4 = lim
x→+∞

1
x

1 −
→0︷ ︸︸ ︷

3 x−5 +

→0︷︸︸︷
x−6

9 x−8
︸ ︷︷ ︸
→0

−12 − x−4
︸︷︷︸
→0

= 0.
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Notable Limits

Applying the same geometrical argument used for n sin (1/n) → 1 we

can prove that

lim
x→0

sin (x)

x
= 1

Consider

lim
x→0

1 − cos x

x
=

0
0
.

Using the previous notable limit ...

1 − cos x

x
=

1 − cos x

x

1 + cos x

x

x

1 + cos x
=

1 − cos2 x

x2
x

1 + cos x

=

(
sin x

x

)2 x

1 + cos x
→ 1 · 0 = 0 (0.1)
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Notable Limits

To compute

lim
x→0

1 − cos x

x2 =
0
0
,

we use the notable limits that we already know.

1 − cos x

x2 =
1 − cos x

x2
1 + cos x

1 + cos x
=

1 − cos2 x

x2
1

1 + cos x

=
sin2 x

x2
1

1 + cos x
→ 1 · 1

2
=

1
2
.

Same procedure for

lim
x→0

tan x

x
=

0
0
.

tan x

x
=

sin x

x

1
cos x

→ 1.
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Notable Limits

In the case of

lim
x→0

ln (1 + x)

x
=

0
0
.

we use the properties of the logarithm

ln (1 + x)

x
= ln (1 + x)

1
x

Call t = 1
x → ∞

lim
x→0

ln (1 + x)
1
x = lim

t→∞
ln

(
1 +

1
t

)t

= ln

(
lim
t→∞

(
1 +

1
t

)t)
= ln e = 1.

Note that we obtain the same result both if x → 0+ and if x → 0− .
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Notable limits

The following limit

lim
x→0

ex − 1
x

=
0
0
.

can be computed changing variable y = ex − 1 ⇒ x = ln (1 + y)

lim
x→0

ex − 1
x

= lim
y→0

y

ln (1 + y)
= lim

y→0

1
ln(1+y)

y

= 1.

To compute

lim
x→∞

(
1 +

a

x

)x
.

again we change variable y = x
a

lim
x→∞

(
1 +

a

x

)x
= lim

y→∞

(
1 +

1
y

)a y

= lim
y→∞

[(
1 +

1
y

)y]a
= ea.
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Notable limits

To compute

lim
x→0

logb (1 + x)

x
=

0
0
.

it is necessary to use the rule

logb (x) =
loga (x)

loga (b)
,

Obtaining

lim
x→0

logb (1 + x)

x
= lim

x→0

ln (1 + x)

x ln b
=

1
ln b

.

Similarly for

lim
x→0

ax − 1
x

=
0
0
.

define y = ax − 1 ⇒ x = loga (y + 1)

lim
x→0

ax − 1
x

= lim
y→0

y

loga (y + 1)
= ln a (0.2)
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Notable limits

Recall what we have proved for sequences...

Consider any a > 1 and b > 0 then

Summary

lim
n→∞

loga (n)

nb
= 0 ⇒ The power diverges faster than the logarithm

lim
n→∞

nb

an
= 0 ⇒ The exponential diverges faster than the power

lim
n→∞

an

n!
= 0 ⇒ The factorial diverges faster than the exponential

lim
n→∞

n!

nn
= 0 ⇒ nn diverges faster than the factorial
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Notable limits

The same results can be straightforwardly proved for limits on the real line.

Consider any a > 1 and b > 0 then

lim
x→∞

loga (x)

xb
= 0 ⇒ The power diverges faster than the logarithm

lim
x→∞

xb

ax
= 0 ⇒ The exponential diverges faster than the power

lim
x→∞

xn

⌊x⌋! = 0 ⇒ The factorial diverges faster than the exponential

lim
x→∞

⌊x⌋!
xx

= 0 ⇒ nn diverges faster than the factorial
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Limits: exercizes

Exercize
Compute the limit

lim
x→0

sin (x)

ln (1 + x) |x − 7| =
0
0

Solution.

lim
x→0

sin (x)

ln (1 + x) |x − 7| = lim
x→0

sin (x)

x

x

ln (1 + x) |x − 7| .

Using

lim
x→0

sin (x)

x
= 1, lim

x→0

ln (1 + x)

x
= 1,

we get

lim
x→0

sin (x)

ln (1 + x) |x − 7| =
1
7
.
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Limits: exercizes

Exercize
Compute the limit

lim
x→0+

x ln (x) = 0 × (−∞)

Solution. By changing variable x = e−t ⇒ t = − ln (x) we get

lim
x→0+

x ln(x) = lim
t→+∞

−t e−t = − lim
t→+∞

t

et
.

However et diverge faster than t, so

lim
x→0+

x ln(x) = 0.
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Limits: exercizes

Exercize
Compute the limit

lim
x→0+

xx = 00

Solution. Write

xx = e ln(x
x ) = ex ln(x).

Since x ln (x) → 0 and since the exponential is a continuous function we

have

lim
x→0+

xx = 1.
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Limits: exercizes and indeterminate forms

Exercize
Let K > 0 be a positive constant. Compute the limit

lim
x→0+

x
ln(K)
ln(x) = 00

Solution. The limit is a little bit tricky. Note, in fact, that

x
ln(K)
ln(x) = e

ln

(
x
ln(K)
ln(x)

)
= e

ln(K)
ln(x)

ln(x)
= e ln(K) = K

so

lim
x→0+

x
ln(K)
ln(x) = K .

This is why 00 is an indeterminate form ...

lim
x→0+

x
ln(2)
ln(x) = 00 = 2, lim

x→0+
x

ln(100)
ln(x) = 00 = 100, etc...etc...
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Limits: exercizes and indeterminate forms

Exercize
Let K > 0 be a positive constant. Compute the limit

lim
x→0

(1 + x)
ln(K)
x = 1∞

Solution. Again write

(1 + x)
ln(K)
x = exp

(
ln
(
(1 + x)

ln(K)
x

))
= exp

(
ln (K )

x
ln (1 + x)

)

= exp

(
ln (K )

ln (1 + x)

x

)
→ exp (ln (K )) = K . (0.3)

so

lim
x→0

(1 + x)
ln(K)
x = K

This is why 1∞ is an indeterminate form ...

lim
x→0

(1 + x)
ln(2)
x = 1∞ = 2, lim

x→0
(1 + x)

ln(100)
x = 1∞ = 100 · · ·
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A summary of indeterminate forms

The seven indeterminate forms

1 0
0 is indeterminate because, for example

lim
x→0

K x

x
=

0
0
= K , for any arbitrary K .

2 0 ×∞ is indeterminate because, for example

lim
x→0

(K x) ·
(

1
x

)
= 0 ×∞ = K , for any arbitrary K .

3 ∞
∞ is indeterminate because, for example

lim
x→0

K
x
1
x

=
∞
∞ = K , for any arbitrary K .

4 ∞−∞ is indeterminate because, for example

lim
x→0

(
K +

1
x

)
− 1

x
= ∞−∞ = K , for any arbitrary K .
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A summary of indeterminate forms

The seven indeterminate forms

5 1∞ is indeterminate because, for example

lim
x→0

(1 + x)
ln(K)
x = 1∞ = K , for any arbitrary K .

6 00 is indeterminate because, for example

lim
x→0+

x
ln(K)
ln(x) = 00 = K , for any arbitrary K .

7 ∞0 is indeterminate because, for example

lim
x→0

(
1
x

)ln(K) x
1−x

= ∞0 = K , for any arbitrary K .
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A summary of indeterminate forms

Theorem
Let f (x) > 0 and g (x) > 0 be two functions such that

lim
x→x0

f (x) = 0, lim
x→x0

g (x) = +∞.

Then

lim
x→x0

f (x)g(x) = 0.

In other words, 0+∞ is not an indeterminate form.

Proof. Take an 0 < ε < 1, then there exists a δ such that

0 ≤ f (x) < ε.

Hence

0 ≤ (f (x))g(x) < εg(x) → 0

where the limit derives from the fact that 0 < ε < 1 and g (x) → +∞.
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Limits and the sign of a function

Theorem
Let f : D ⊆ R → R be a function and x0 be a limit point of D. Assume

that

lim
x→x0

f (x) = L

with L > 0. Therefore it exists δ > 0 such that f (x) > 0 for all

x ∈ (x0 − δ, x0 + δ)
⋂

D \ {x0}.

Proof. In the definition of limit take ε = L > 0. So that it exits δ > 0 such

that for all x ∈ D such that 0 < |x − x0| < δ we have

|f (x)− L| < L ⇒ −L < f (x)− L < L ⇒ 0 < f (x) < 2 L.
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Continuity

Exercize

Is the function
f (x) = e−1/x2

continuous in x0 = 0 ?

Solution. No because the function is not defined in 0.

Exercize

Is the piecewise-defined function

g (x) =

e−1/x2
if x ̸= 0

0 if x = 0.

continuous in x0 = 0 ?

Solution. The function is defined in 0. So we compute the limit of the function in 0:

lim
x→0

g (x) = lim
x→0

e−1/x2
= lim

x→0

1
e1/x2 =

1
e+∞ =

1
+∞ = 0 = g (0) ,

hence the function is continuous.



72/83

Continuity and Derivatives

Definition
Let f : D ⊆ R → R be a function and let x0 ∈ R be a limit point of D.

The point x0 may or may not belong to D.

We say that f has a jump discontinuity in x0 or, simply, that the function

jumps in x0 if

∃L1 = lim
x→x+0

f (x) and ∃L2 = lim
x→x−0

f (x)

but L1 ̸= L2.

Example

The sign (x) = |x | /x has a jump discontinuity in x = 0. In fact

lim
x→0+

|x |
x

= lim
x→0+

x

x
= 1, lim

x→0−

|x |
x

= lim
x→0−

−x

x
= −1
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Discontinuities

Definition

Let f : D ⊆ R → R be a function and let x0 ∈ R be a limit point of D. The point x0

may or may not belong to D.
We say that f has a removable discontinuity in x0 if

∃L = lim
x→x0

f (x) ⇔

(
lim

x→x+0

f (x) = lim
x→x−0

f (x) = L

)

but ...

either L ̸= f (x0) (in case x0 ∈ D)

or f is not defined in x0.

Remark. If f has a removable discontinuity in x0, then the piecewise-defined function

g (x) =

f (x) if x ̸= x0

L if x = x0

is, by definition, continuous in x0.
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Discontinuities

Example
Consider the function

f (x) =
sin (x)

x
: R \ {0} → R

We know that

lim
x→0

sin (x)

x
= 1,

nevertheless 0 /∈ D. This means that the piecewise-defined function

g (x) =





sin(x)
x if x ̸= 0

1 if x = 0

is continuous in x0 = 0.
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Discontinuities

Definition

Let f : D ⊆ R → R be a function and let x0 ∈ R be a limit point of D. The point x0

may or may not belong to D.
We say that f has an essential discontinuity in x0 if either

∄ lim
x→x−0

f (x) or lim
x→x−0

f (x) = ±∞ (△)

or
∄ lim

x→x+0

f (x) or lim
x→x+0

f (x) = ±∞ (□)

or both condition (△) and (□) hold simultaneously.

Example

The function
f (x) = sin

(
1
x

)
has an essential discontinuity in x0 = 0.
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Discontinuities

Exercize
Find the value of the parameter α such that the piecewise-defined function

f (x) =




α sin x

x + x2 if x ̸= 0

ln (2) if x = 0.

is continuous everywhere on R.

Solution.

lim
x→0

f (x) = lim
x→0

(
α
sin x

x
+ x2

)
= α,

whence α = ln (2).
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Discontinuities

Exercize
Is the function

f (x) =
ln (1 + x)

x

continuous in x0 = 0? If not classify the type of discontinuity.

Solution. Since 0 /∈ D the function cannot be continuous in x0 = 0.

Nevertheless

lim
x→0

ln (1 + x)

x
= 1,

whence the function has a removable discontinuity. This means that the

piecewise-defined function

g (x) =





ln(1+x)
x if x ̸= 0

1 if x = 0

is defined and continuos everywhere on R.
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Discontinuities

Exercize
Is the function

f (x) =
1

|x − 1|
continuous in x0 = 1? If not classify the type of discontinuity.

Solution. Since 1 /∈ D the function cannot be continuous in x0 = 1. Besides

lim
x→1+

1
|x − 1| = +∞, lim

x→1−

1
|x − 1| = +∞,

whence the function has an essential discontinuity in x0 = 1.
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Discontinuities

Exercize
Is the function

f (x) =




x + 7 if x > 0

x if x ≤ 0

continuous on R? If not classify all the discontinuities.

Solution. The function is trivially continuous for all x0 ̸= 0. Note that

lim
x→0+

f (x) = 7,

while

lim
x→0−

f (x) = 0,

whence the function has a jump discontinuity in x0 = 0.
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Main theorem on continuity

Theorem
Intermediate value theorem
Let I = [a, b] be an interval.

Let f : I → R be a continuous function defined on I .

Suppose, without loss of generality, that f (a) < f (b).

Then

∀ξ ∈ (f (a) , f (b)) ∃xξ ∈ (a, b) such that f (xξ) = ξ.
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<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

⇠
<latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

⇠
<latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit>

x⇠
<latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

⇠
<latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit>

x⇠
<latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit>

f(x⇠) = ⇠
<latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit><latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit><latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit><latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

⇠
<latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit>

x⇠
<latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit>

f(x⇠) = ⇠
<latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit><latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit><latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit><latexit sha1_base64="kF1SAoF0MFpBxUqQzlbeRh3m9VI=">AAACAHicbVC7TsNAEDyHVwivACXNiQgpNJGNkKBBiqChDBJ5SImJzpdNOOV8tu7WKJGVhq+ghYoO0fInFPwLtnEBCVOsRjO72t3xQikM2vanVVhaXlldK66XNja3tnfKu3stE0SaQ5MHMtAdjxmQQkETBUrohBqY70loe+Or1G8/gDYiULc4DcH12UiJoeAME+luWJ30495EzI4vktovV+yanYEuEicnFZKj0S9/9QYBj3xQyCUzpuvYIbox0yi4hFmpFxkIGR+zEXQTqpgPxo2zq2f0KDIMAxqCpkLSTITfEzHzjZn6XtLpM7w3814q/ud1Ixyeu7FQYYSgeLoIhYRskeFaJHEAHQgNiCy9HKhQlDPNEEELyjhPxCjJp5Tk4cx/v0haJzXHrjk3p5X6ZZ5MkRyQQ1IlDjkjdXJNGqRJONHkiTyTF+vRerXerPef1oKVz+yTP7A+vgH4s5bI</latexit>
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a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

x⇠
<latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit>

Jump discontinuity
<latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

x⇠
<latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit>

Jump discontinuity
<latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit>

⇠
<latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit>

80/83



a
<latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit><latexit sha1_base64="6ChH8v//LzJ+VQXAzodHV7oyqZY=">AAAB83icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48JmAckS+iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LwKCSEbZJksJeohHCQGE3mN5mfvcRtZFxdE+zBP0QJpEcSwGUSi0YVmtu3c3BV4lXkBor0BxWvwajWNgQIxIKjOl7bkL+HDRJoXBRGViDCYgpTLCf0ghCNP48D7rgZ9YAxTxBzaXiuYi/N+YQGjMLg3QyBHowy14m/uf1LY2v/bmMEksYiewQSYX5ISO0TBtAPpIaiSBLjlxGXIAGItSSgxCpaNNKKmkf3vL3q6RzUffcute6rDVuimbK7ISdsnPmsSvWYHesydpMMGRP7Jm9ONZ5dd6c95/RklPsHLM/cD6+AWKwkWo=</latexit> b

<latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit><latexit sha1_base64="5H9ebR13TYHtDyBqRNgSYxAyGmQ=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48JmAckS5iddOKQ2QczPUII+QKvevImXv0gD/6Lu+seNLFORVU3XV1BoqQh1/10SmvrG5tb5e3Kzu7e/kH18KhjYqsFtkWsYt0LuEElI2yTJIW9RCMPA4XdYHqb+d1H1EbG0T3NEvRDPonkWApOqdQKhtWaW3dzsFXiFaQGBZrD6tdgFAsbYkRCcWP6npuQP+eapFC4qAyswYSLKZ9gP6URD9H48zzogp1ZwylmCWomFctF/L0x56ExszBIJ0NOD2bZy8T/vL6l8bU/l1FiCSORHSKpMD9khJZpA8hGUiMRz5IjkxETXHMi1JJxIVLRppVU0j685e9XSeei7rl1r3VZa9wUzZThBE7hHDy4ggbcQRPaIADhCZ7hxbHOq/PmvP+Mlpxi5xj+wPn4BmQ/kWs=</latexit>

f(b)
<latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit><latexit sha1_base64="eIl4s3U81VPKHLz7tJ4hWRDYw0o=">AAAB9nicbVC7TsNAEFzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaLzZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrcYNKBtgiSQq7kUbuewo73vQm8zsPqI0Mg3uaRej6fBzIkRScMmlU884Glapdt3OwZeIUpAoFmoPKV38YitjHgITixvQcOyI34ZqkUDgv92ODERdTPsZeSgPuo3GTPOucncaGU8gi1Ewqlov4eyPhvjEz30snfU4Ts+hl4n9eL6bRlZvIIIoJA5EdIqkwP2SElmkJyIZSIxHPkiOTARNccyLUknEhUjFOWymnfTiL3y+T9nndsevO3UW1cV00U4JjOIEaOHAJDbiFJrRAwASe4BlerEfr1Xqz3n9GV6xi5wj+wPr4BvI+kkA=</latexit>

f(a)
<latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit><latexit sha1_base64="gq2ZxVjV4Y+UfDb87uW1tVrVS0E=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5ESGFJrIREpQRNJRBIg8psaL1ZZOccn7obo2IrPwCLVR0iJbfoeBfsI0LSJhqNLOrnR0vUtKQbX9aK6tr6xubpa3y9s7u3n7l4LBtwlgLbIlQhbrrgUElA2yRJIXdSCP4nsKON73J/M4DaiPD4J5mEbo+jAM5kgIok0Y1OBtUqnbdzsGXiVOQKivQHFS++sNQxD4GJBQY03PsiNwENEmhcF7uxwYjEFMYYy+lAfho3CTPOuensQEKeYSaS8VzEX9vJOAbM/O9dNIHmphFLxP/83oxja7cRAZRTBiI7BBJhfkhI7RMS0A+lBqJIEuOXAZcgAYi1JKDEKkYp62U0z6cxe+XSfu87th15+6i2rgumimxY3bCasxhl6zBblmTtZhgE/bEntmL9Wi9Wm/W+8/oilXsHLE/sD6+AfCukj8=</latexit>

x⇠
<latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit><latexit sha1_base64="lMLOarj241etIoQfXdbeuPZ2VBY=">AAAB+XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CElUbS+bMIp57N1t0aJrHwELVR0iJavoeBfsI0LSJhqNLOrnR0/UtKS6346K6tr6xubpa3y9s7u3n7l4LBlw9gIbIpQhabjg0UlNTZJksJOZBACX2Hbn9xkfvsRjZWhvqdZhP0AxlqOpABKpfZ0kPSmcj6oVN2am4MvE68gVVagMah89YahiAPUJBRY2/XciPoJGJJC4bzciy1GICYwxm5KNQRo+0ked85PYwsU8ggNl4rnIv7eSCCwdhb46WQA9GAXvUz8z+vGNLrqJ1JHMaEW2SGSCvNDVhiZ9oB8KA0SQZYcudRcgAEiNJKDEKkYp8WU0z68xe+XSeu85rk17+6iWr8umimxY3bCzpjHLlmd3bIGazLBJuyJPbMXJ3FenTfn/Wd0xSl2jtgfOB/fcjyUUQ==</latexit>

Jump discontinuity
<latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit><latexit sha1_base64="qe1mLKuySTmBoDk2CTxmaRDKSaU=">AAACBnicbVC7TsNAEDyHVwgvE0qaExESVWSngTKCBlEFiSRIiRWdL5twyvls3e0hoig9X0ELFR2i5Tco+Bds4wISphrN7GpnJ0ykMOh5n05pZXVtfaO8Wdna3tndc/erHRNbzaHNYxnr25AZkEJBGwVKuE00sCiU0A0nF5nfvQdtRKxucJpAELGxEiPBGabSwK1e2SihQ2F4rFAoK3A6cGte3ctBl4lfkBop0Bq4X/1hzG0ECrlkxvR8L8FgxjQKLmFe6VsDCeMTNoZeShWLwASzPPucHlvDMKYJaCokzUX4vTFjkTHTKEwnI4Z3ZtHLxP+8nsXRWTATKrEIimeHUEjIDxmuRVoKpH9rQGRZcqBCUc40QwQtKOM8FW3aUiXtw1/8fpl0GnXfq/vXjVrzvGimTA7JETkhPjklTXJJWqRNOHkgT+SZvDiPzqvz5rz/jJacYueA/IHz8Q1d/Jk0</latexit>

⇠
<latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit><latexit sha1_base64="QA2e/yCT2omvjNZcnhZfCjz7sRY=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6ab/KAfVml23c/BF4hSkxgo0B9Wv/jAUsY8BCQXG9Bw7IjcBTVIonFX6scEIxATG2EtpAD4aN8mjzvhRbIBCHqHmUvFcxN8bCfjGTH0vnfSB7sy8l4n/eb2YRuduIoMoJgxEdoikwvyQEVqmHSAfSo1EkCVHLgMuQAMRaslBiFSM01IqaR/O/PeLpH1Sd+y6c31aa1wUzZTZATtkx8xhZ6zBrliTtZhgY/bEntmL9WC9Wm/W+89oySp29tkfWB/fBMKSWg==</latexit>

@x⇠ 2 (a, b) : f(x) = ⇠
<latexit sha1_base64="DqANsjlwXuwgsuJulNMlMcmXDgg=">AAACFXicbVA9SwNBEN3z2/gVtbRZDUIECXciKIIQtLGMYFTIhTC3meji3t6xOyeRI7U/wV9hq5Wd2Fpb+F/cxBQafdXjvRnezItSJS35/oc3Nj4xOTU9M1uYm19YXCour5zbJDMC6yJRibmMwKKSGuskSeFlahDiSOFFdHPc9y9u0ViZ6DO6S7EZw5WWHSmAnNQqrocauy7G8m4rD7uyF0pdhu1o66BT7m4dOqVVLPkVfwD+lwRDUmJD1FrFz7CdiCxGTUKBtY3AT6mZgyEpFPYKYWYxBXEDV9hwVEOMtpkPXunxzcwCJTxFw6XiAxF/buQQW3sXR24yBrq2o15f/M9rZNTZb+ZSpxmhFv0gkgoHQVYY6TpC3pYGiaB/OXKpuQADRGgkByGcmLnSCq6PYPT7v+R8pxL4leB0t1Q9GjYzw9bYBiuzgO2xKjthNVZngt2zR/bEnr0H78V79d6+R8e84c4q+wXv/QtJep5m</latexit><latexit sha1_base64="DqANsjlwXuwgsuJulNMlMcmXDgg=">AAACFXicbVA9SwNBEN3z2/gVtbRZDUIECXciKIIQtLGMYFTIhTC3meji3t6xOyeRI7U/wV9hq5Wd2Fpb+F/cxBQafdXjvRnezItSJS35/oc3Nj4xOTU9M1uYm19YXCour5zbJDMC6yJRibmMwKKSGuskSeFlahDiSOFFdHPc9y9u0ViZ6DO6S7EZw5WWHSmAnNQqrocauy7G8m4rD7uyF0pdhu1o66BT7m4dOqVVLPkVfwD+lwRDUmJD1FrFz7CdiCxGTUKBtY3AT6mZgyEpFPYKYWYxBXEDV9hwVEOMtpkPXunxzcwCJTxFw6XiAxF/buQQW3sXR24yBrq2o15f/M9rZNTZb+ZSpxmhFv0gkgoHQVYY6TpC3pYGiaB/OXKpuQADRGgkByGcmLnSCq6PYPT7v+R8pxL4leB0t1Q9GjYzw9bYBiuzgO2xKjthNVZngt2zR/bEnr0H78V79d6+R8e84c4q+wXv/QtJep5m</latexit><latexit sha1_base64="DqANsjlwXuwgsuJulNMlMcmXDgg=">AAACFXicbVA9SwNBEN3z2/gVtbRZDUIECXciKIIQtLGMYFTIhTC3meji3t6xOyeRI7U/wV9hq5Wd2Fpb+F/cxBQafdXjvRnezItSJS35/oc3Nj4xOTU9M1uYm19YXCour5zbJDMC6yJRibmMwKKSGuskSeFlahDiSOFFdHPc9y9u0ViZ6DO6S7EZw5WWHSmAnNQqrocauy7G8m4rD7uyF0pdhu1o66BT7m4dOqVVLPkVfwD+lwRDUmJD1FrFz7CdiCxGTUKBtY3AT6mZgyEpFPYKYWYxBXEDV9hwVEOMtpkPXunxzcwCJTxFw6XiAxF/buQQW3sXR24yBrq2o15f/M9rZNTZb+ZSpxmhFv0gkgoHQVYY6TpC3pYGiaB/OXKpuQADRGgkByGcmLnSCq6PYPT7v+R8pxL4leB0t1Q9GjYzw9bYBiuzgO2xKjthNVZngt2zR/bEnr0H78V79d6+R8e84c4q+wXv/QtJep5m</latexit><latexit sha1_base64="DqANsjlwXuwgsuJulNMlMcmXDgg=">AAACFXicbVA9SwNBEN3z2/gVtbRZDUIECXciKIIQtLGMYFTIhTC3meji3t6xOyeRI7U/wV9hq5Wd2Fpb+F/cxBQafdXjvRnezItSJS35/oc3Nj4xOTU9M1uYm19YXCour5zbJDMC6yJRibmMwKKSGuskSeFlahDiSOFFdHPc9y9u0ViZ6DO6S7EZw5WWHSmAnNQqrocauy7G8m4rD7uyF0pdhu1o66BT7m4dOqVVLPkVfwD+lwRDUmJD1FrFz7CdiCxGTUKBtY3AT6mZgyEpFPYKYWYxBXEDV9hwVEOMtpkPXunxzcwCJTxFw6XiAxF/buQQW3sXR24yBrq2o15f/M9rZNTZb+ZSpxmhFv0gkgoHQVYY6TpC3pYGiaB/OXKpuQADRGgkByGcmLnSCq6PYPT7v+R8pxL4leB0t1Q9GjYzw9bYBiuzgO2xKjthNVZngt2zR/bEnr0H78V79d6+R8e84c4q+wXv/QtJep5m</latexit>
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An economic application

Let p be the price of a commodity. Assume that p ∈ (0, 1).

Suppose that the demand and supply functions are

D (p) = ln (2 − p) , S (p) = p (△).

Definition
A price p∗ is an equilibrium price if

D (p∗) = S (p∗) .

Problem
In an economy with demand and supply given by (△) does an equilibrium

exist?
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An economic application

Consider the difference

f (p) = S (p)− D (p) = p − ln (2 − p)

p ∈ (0, 1) ⇒




f (0) = − ln (2) < 0,

f (1) = 1 > 0.

Since f (p) is continuous in (0, 1) then, by the intermediate value theorem,

∃p∗ ∈ (0, 1) : f (p∗) = 0,

whence

S (p∗) = D (p∗) .

In other words, the economy has at least one equilibrium (we did not prove

that is unique).
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The Weiestrass extreme value theorem

Definition
Let f : I = [a, b] → R be a function. Suppose that it exists m ∈ I such that

∀x ∈ I ⇒ f (x) ≥ f (m) .

In this case we call f (m) the minimum value of f in I . We also say that f

attains a minimum at m.

An identical definition holds for the maximum.

Theorem
Let f : [a, b] → R be a function defined on the closed limited interval [a, b].

If f is continuous on [a, b] then f attains a minimum and a maximum on

[a, b].
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f(x) = x2

<latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit>
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m = 0
<latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit><latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit><latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit><latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit>

f(0) = 0
<latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit><latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit><latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit><latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit>

f(x) = x2
<latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit>
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<latexit sha1_base64="pn4s1LGp469GqR9/YBt1q7HIfL8=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJvIhJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFl3301laXlldWy9tlDe3tnd2K3v7bRvGRkBLhCo0XZ9bUFJDCyUq6EYGeOAr6PiT68zvPICxMtR3OI3AC/hYy5EUHFOpO6qxE3pJ2aBSdetuDrpIWEGqpEBzUPnqD0MRB6BRKG5tj7kRegk3KIWCWbkfW4i4mPAx9FKqeQDWS/K8M3ocW44hjcBQqWguwu+NhAfWTgM/nQw43tt5LxP/83oxji68ROooRtAiO4RSQX7ICiPTIoAOpQFEniUHKjUV3HBEMJJyIVIxTpspp32w+e8XSfu0ztw6uz2rNq6KZkrkkByRGmHknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENTXiS5Q==</latexit><latexit sha1_base64="pn4s1LGp469GqR9/YBt1q7HIfL8=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJvIhJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFl3301laXlldWy9tlDe3tnd2K3v7bRvGRkBLhCo0XZ9bUFJDCyUq6EYGeOAr6PiT68zvPICxMtR3OI3AC/hYy5EUHFOpO6qxE3pJ2aBSdetuDrpIWEGqpEBzUPnqD0MRB6BRKG5tj7kRegk3KIWCWbkfW4i4mPAx9FKqeQDWS/K8M3ocW44hjcBQqWguwu+NhAfWTgM/nQw43tt5LxP/83oxji68ROooRtAiO4RSQX7ICiPTIoAOpQFEniUHKjUV3HBEMJJyIVIxTpspp32w+e8XSfu0ztw6uz2rNq6KZkrkkByRGmHknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENTXiS5Q==</latexit><latexit sha1_base64="pn4s1LGp469GqR9/YBt1q7HIfL8=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJvIhJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFl3301laXlldWy9tlDe3tnd2K3v7bRvGRkBLhCo0XZ9bUFJDCyUq6EYGeOAr6PiT68zvPICxMtR3OI3AC/hYy5EUHFOpO6qxE3pJ2aBSdetuDrpIWEGqpEBzUPnqD0MRB6BRKG5tj7kRegk3KIWCWbkfW4i4mPAx9FKqeQDWS/K8M3ocW44hjcBQqWguwu+NhAfWTgM/nQw43tt5LxP/83oxji68ROooRtAiO4RSQX7ICiPTIoAOpQFEniUHKjUV3HBEMJJyIVIxTpspp32w+e8XSfu0ztw6uz2rNq6KZkrkkByRGmHknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENTXiS5Q==</latexit><latexit sha1_base64="pn4s1LGp469GqR9/YBt1q7HIfL8=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJvIhJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFl3301laXlldWy9tlDe3tnd2K3v7bRvGRkBLhCo0XZ9bUFJDCyUq6EYGeOAr6PiT68zvPICxMtR3OI3AC/hYy5EUHFOpO6qxE3pJ2aBSdetuDrpIWEGqpEBzUPnqD0MRB6BRKG5tj7kRegk3KIWCWbkfW4i4mPAx9FKqeQDWS/K8M3ocW44hjcBQqWguwu+NhAfWTgM/nQw43tt5LxP/83oxji68ROooRtAiO4RSQX7ICiPTIoAOpQFEniUHKjUV3HBEMJJyIVIxTpspp32w+e8XSfu0ztw6uz2rNq6KZkrkkByRGmHknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENTXiS5Q==</latexit>

f(�1) = 1
<latexit sha1_base64="m5R4YBEeejVrexfyOIEup89oIf8=">AAAB+3icbVC7SgNBFJ2NrxhfUUubwSDEwrArgjZC0MYygnlIEsLs5CYOmZldZu4KYclX2GplJ7Z+jIX/4u66hSae6nDOvdxzjx9KYdF1P53C0vLK6lpxvbSxubW9U97da9kgMhyaPJCB6fjMghQamihQQic0wJQvoe1PrlO//QjGikDf4TSEvmJjLUaCM0yk+1H1xDuml9QblCtuzc1AF4mXkwrJ0RiUv3rDgEcKNHLJrO16boj9mBkUXMKs1IsshIxP2Bi6CdVMge3HWeAZPYosw4CGYKiQNBPh90bMlLVT5SeTiuGDnfdS8T+vG+Hooh8LHUYImqeHUEjIDlluRNIE0KEwgMjS5ECFppwZhghGUMZ5IkZJNaWkD2/++0XSOq15bs27PavUr/JmiuSAHJIq8cg5qZMb0iBNwokiT+SZvDgz59V5c95/RgtOvrNP/sD5+Aa6NJMc</latexit><latexit sha1_base64="m5R4YBEeejVrexfyOIEup89oIf8=">AAAB+3icbVC7SgNBFJ2NrxhfUUubwSDEwrArgjZC0MYygnlIEsLs5CYOmZldZu4KYclX2GplJ7Z+jIX/4u66hSae6nDOvdxzjx9KYdF1P53C0vLK6lpxvbSxubW9U97da9kgMhyaPJCB6fjMghQamihQQic0wJQvoe1PrlO//QjGikDf4TSEvmJjLUaCM0yk+1H1xDuml9QblCtuzc1AF4mXkwrJ0RiUv3rDgEcKNHLJrO16boj9mBkUXMKs1IsshIxP2Bi6CdVMge3HWeAZPYosw4CGYKiQNBPh90bMlLVT5SeTiuGDnfdS8T+vG+Hooh8LHUYImqeHUEjIDlluRNIE0KEwgMjS5ECFppwZhghGUMZ5IkZJNaWkD2/++0XSOq15bs27PavUr/JmiuSAHJIq8cg5qZMb0iBNwokiT+SZvDgz59V5c95/RgtOvrNP/sD5+Aa6NJMc</latexit><latexit sha1_base64="m5R4YBEeejVrexfyOIEup89oIf8=">AAAB+3icbVC7SgNBFJ2NrxhfUUubwSDEwrArgjZC0MYygnlIEsLs5CYOmZldZu4KYclX2GplJ7Z+jIX/4u66hSae6nDOvdxzjx9KYdF1P53C0vLK6lpxvbSxubW9U97da9kgMhyaPJCB6fjMghQamihQQic0wJQvoe1PrlO//QjGikDf4TSEvmJjLUaCM0yk+1H1xDuml9QblCtuzc1AF4mXkwrJ0RiUv3rDgEcKNHLJrO16boj9mBkUXMKs1IsshIxP2Bi6CdVMge3HWeAZPYosw4CGYKiQNBPh90bMlLVT5SeTiuGDnfdS8T+vG+Hooh8LHUYImqeHUEjIDlluRNIE0KEwgMjS5ECFppwZhghGUMZ5IkZJNaWkD2/++0XSOq15bs27PavUr/JmiuSAHJIq8cg5qZMb0iBNwokiT+SZvDgz59V5c95/RgtOvrNP/sD5+Aa6NJMc</latexit><latexit sha1_base64="m5R4YBEeejVrexfyOIEup89oIf8=">AAAB+3icbVC7SgNBFJ2NrxhfUUubwSDEwrArgjZC0MYygnlIEsLs5CYOmZldZu4KYclX2GplJ7Z+jIX/4u66hSae6nDOvdxzjx9KYdF1P53C0vLK6lpxvbSxubW9U97da9kgMhyaPJCB6fjMghQamihQQic0wJQvoe1PrlO//QjGikDf4TSEvmJjLUaCM0yk+1H1xDuml9QblCtuzc1AF4mXkwrJ0RiUv3rDgEcKNHLJrO16boj9mBkUXMKs1IsshIxP2Bi6CdVMge3HWeAZPYosw4CGYKiQNBPh90bMlLVT5SeTiuGDnfdS8T+vG+Hooh8LHUYImqeHUEjIDlluRNIE0KEwgMjS5ECFppwZhghGUMZ5IkZJNaWkD2/++0XSOq15bs27PavUr/JmiuSAHJIq8cg5qZMb0iBNwokiT+SZvDgz59V5c95/RgtOvrNP/sD5+Aa6NJMc</latexit>

m = 0
<latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit><latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit><latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit><latexit sha1_base64="GS2iNo+AX19WQ1wDmdEjCHWOt4Q=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREjRIETSUQZCHlFjR+bIJp9ydrbs1KLLyCbRQ0SFavoeCf8E2LiBhqtHMrnZ2gkgKi6776ZSWlldW18rrlY3Nre2d6u5e24ax4dDioQxNN2AWpNDQQoESupEBpgIJnWBylfmdBzBWhPoOpxH4io21GAnOMJVu1YU7qNbcupuDLhKvIDVSoDmofvWHIY8VaOSSWdvz3Aj9hBkUXMKs0o8tRIxP2Bh6KdVMgfWTPOqMHsWWYUgjMFRImovweyNhytqpCtJJxfDeznuZ+J/Xi3F07idCRzGC5tkhFBLyQ5YbkXYAdCgMILIsOVChKWeGIYIRlHGeinFaSiXtw5v/fpG0T+qeW/duTmuNy6KZMjkgh+SYeOSMNMg1aZIW4WRMnsgzeXEenVfnzXn/GS05xc4++QPn4xtqTZH3</latexit>

M = �1
<latexit sha1_base64="KYoYcXCXD3EDdwQPDKoxV3wPi8w=">AAAB9nicbVDLSgNBEOyNrxhfUY9eBoPgxbArgl6EoBcvQgTzgGQJs5NOMmT2wUyvGJb8glc9eROv/o4H/8XduAdNrFNR1U1Xlxcpaci2P63C0vLK6lpxvbSxubW9U97da5ow1gIbIlShbnvcoJIBNkiSwnakkfuewpY3vs781gNqI8PgniYRuj4fBnIgBadMur08cXrlil21Z2CLxMlJBXLUe+Wvbj8UsY8BCcWN6Th2RG7CNUmhcFrqxgYjLsZ8iJ2UBtxH4yazrFN2FBtOIYtQM6nYTMTfGwn3jZn4XjrpcxqZeS8T//M6MQ0u3EQGUUwYiOwQSYWzQ0ZomZaArC81EvEsOTIZMME1J0ItGRciFeO0lVLahzP//SJpnlYdu+rcnVVqV3kzRTiAQzgGB86hBjdQhwYIGMETPMOL9Wi9Wm/W+89owcp39uEPrI9vpYmSDw==</latexit><latexit sha1_base64="KYoYcXCXD3EDdwQPDKoxV3wPi8w=">AAAB9nicbVDLSgNBEOyNrxhfUY9eBoPgxbArgl6EoBcvQgTzgGQJs5NOMmT2wUyvGJb8glc9eROv/o4H/8XduAdNrFNR1U1Xlxcpaci2P63C0vLK6lpxvbSxubW9U97da5ow1gIbIlShbnvcoJIBNkiSwnakkfuewpY3vs781gNqI8PgniYRuj4fBnIgBadMur08cXrlil21Z2CLxMlJBXLUe+Wvbj8UsY8BCcWN6Th2RG7CNUmhcFrqxgYjLsZ8iJ2UBtxH4yazrFN2FBtOIYtQM6nYTMTfGwn3jZn4XjrpcxqZeS8T//M6MQ0u3EQGUUwYiOwQSYWzQ0ZomZaArC81EvEsOTIZMME1J0ItGRciFeO0lVLahzP//SJpnlYdu+rcnVVqV3kzRTiAQzgGB86hBjdQhwYIGMETPMOL9Wi9Wm/W+89owcp39uEPrI9vpYmSDw==</latexit><latexit sha1_base64="KYoYcXCXD3EDdwQPDKoxV3wPi8w=">AAAB9nicbVDLSgNBEOyNrxhfUY9eBoPgxbArgl6EoBcvQgTzgGQJs5NOMmT2wUyvGJb8glc9eROv/o4H/8XduAdNrFNR1U1Xlxcpaci2P63C0vLK6lpxvbSxubW9U97da5ow1gIbIlShbnvcoJIBNkiSwnakkfuewpY3vs781gNqI8PgniYRuj4fBnIgBadMur08cXrlil21Z2CLxMlJBXLUe+Wvbj8UsY8BCcWN6Th2RG7CNUmhcFrqxgYjLsZ8iJ2UBtxH4yazrFN2FBtOIYtQM6nYTMTfGwn3jZn4XjrpcxqZeS8T//M6MQ0u3EQGUUwYiOwQSYWzQ0ZomZaArC81EvEsOTIZMME1J0ItGRciFeO0lVLahzP//SJpnlYdu+rcnVVqV3kzRTiAQzgGB86hBjdQhwYIGMETPMOL9Wi9Wm/W+89owcp39uEPrI9vpYmSDw==</latexit><latexit sha1_base64="KYoYcXCXD3EDdwQPDKoxV3wPi8w=">AAAB9nicbVDLSgNBEOyNrxhfUY9eBoPgxbArgl6EoBcvQgTzgGQJs5NOMmT2wUyvGJb8glc9eROv/o4H/8XduAdNrFNR1U1Xlxcpaci2P63C0vLK6lpxvbSxubW9U97da5ow1gIbIlShbnvcoJIBNkiSwnakkfuewpY3vs781gNqI8PgniYRuj4fBnIgBadMur08cXrlil21Z2CLxMlJBXLUe+Wvbj8UsY8BCcWN6Th2RG7CNUmhcFrqxgYjLsZ8iJ2UBtxH4yazrFN2FBtOIYtQM6nYTMTfGwn3jZn4XjrpcxqZeS8T//M6MQ0u3EQGUUwYiOwQSYWzQ0ZomZaArC81EvEsOTIZMME1J0ItGRciFeO0lVLahzP//SJpnlYdu+rcnVVqV3kzRTiAQzgGB86hBjdQhwYIGMETPMOL9Wi9Wm/W+89owcp39uEPrI9vpYmSDw==</latexit>

M = 1
<latexit sha1_base64="sHSzR5entoSDPP3Vu/Ybc9cog5o=">AAAB9XicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9CIEvXgRIpoHJEvonXTikNkHM71KWPIJXvXkTbz6PR78F3fXPWhinYqqbrq6vEhJQ7b9aS0sLi2vrJbWyusbm1vblZ3dlgljLbApQhXqjgcGlQywSZIUdiKN4HsK2974MvPbD6iNDIM7mkTo+jAK5FAKoFS6vT53+pWqXbNz8HniFKTKCjT6la/eIBSxjwEJBcZ0HTsiNwFNUiiclnuxwQjEGEbYTWkAPho3yaNO+WFsgEIeoeZS8VzE3xsJ+MZMfC+d9IHuzayXif953ZiGZ24igygmDER2iKTC/JARWqYdIB9IjUSQJUcuAy5AAxFqyUGIVIzTUsppH87s9/OkdVxz7Jpzc1KtXxTNlNg+O2BHzGGnrM6uWIM1mWAj9sSe2Yv1aL1ab9b7z+iCVezssT+wPr4BObyR2A==</latexit><latexit sha1_base64="sHSzR5entoSDPP3Vu/Ybc9cog5o=">AAAB9XicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9CIEvXgRIpoHJEvonXTikNkHM71KWPIJXvXkTbz6PR78F3fXPWhinYqqbrq6vEhJQ7b9aS0sLi2vrJbWyusbm1vblZ3dlgljLbApQhXqjgcGlQywSZIUdiKN4HsK2974MvPbD6iNDIM7mkTo+jAK5FAKoFS6vT53+pWqXbNz8HniFKTKCjT6la/eIBSxjwEJBcZ0HTsiNwFNUiiclnuxwQjEGEbYTWkAPho3yaNO+WFsgEIeoeZS8VzE3xsJ+MZMfC+d9IHuzayXif953ZiGZ24igygmDER2iKTC/JARWqYdIB9IjUSQJUcuAy5AAxFqyUGIVIzTUsppH87s9/OkdVxz7Jpzc1KtXxTNlNg+O2BHzGGnrM6uWIM1mWAj9sSe2Yv1aL1ab9b7z+iCVezssT+wPr4BObyR2A==</latexit><latexit sha1_base64="sHSzR5entoSDPP3Vu/Ybc9cog5o=">AAAB9XicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9CIEvXgRIpoHJEvonXTikNkHM71KWPIJXvXkTbz6PR78F3fXPWhinYqqbrq6vEhJQ7b9aS0sLi2vrJbWyusbm1vblZ3dlgljLbApQhXqjgcGlQywSZIUdiKN4HsK2974MvPbD6iNDIM7mkTo+jAK5FAKoFS6vT53+pWqXbNz8HniFKTKCjT6la/eIBSxjwEJBcZ0HTsiNwFNUiiclnuxwQjEGEbYTWkAPho3yaNO+WFsgEIeoeZS8VzE3xsJ+MZMfC+d9IHuzayXif953ZiGZ24igygmDER2iKTC/JARWqYdIB9IjUSQJUcuAy5AAxFqyUGIVIzTUsppH87s9/OkdVxz7Jpzc1KtXxTNlNg+O2BHzGGnrM6uWIM1mWAj9sSe2Yv1aL1ab9b7z+iCVezssT+wPr4BObyR2A==</latexit><latexit sha1_base64="sHSzR5entoSDPP3Vu/Ybc9cog5o=">AAAB9XicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9CIEvXgRIpoHJEvonXTikNkHM71KWPIJXvXkTbz6PR78F3fXPWhinYqqbrq6vEhJQ7b9aS0sLi2vrJbWyusbm1vblZ3dlgljLbApQhXqjgcGlQywSZIUdiKN4HsK2974MvPbD6iNDIM7mkTo+jAK5FAKoFS6vT53+pWqXbNz8HniFKTKCjT6la/eIBSxjwEJBcZ0HTsiNwFNUiiclnuxwQjEGEbYTWkAPho3yaNO+WFsgEIeoeZS8VzE3xsJ+MZMfC+d9IHuzayXif953ZiGZ24igygmDER2iKTC/JARWqYdIB9IjUSQJUcuAy5AAxFqyUGIVIzTUsppH87s9/OkdVxz7Jpzc1KtXxTNlNg+O2BHzGGnrM6uWIM1mWAj9sSe2Yv1aL1ab9b7z+iCVezssT+wPr4BObyR2A==</latexit>

f(0) = 0
<latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit><latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit><latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit><latexit sha1_base64="IEmvCECMJjQWjy+7ntL0lav1UFA=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5ESGFJjojJGiQImgog0QeUmJF58smnHI+W3drpMjkJ2ihokO0/AwF/4JtXEDCVKOZXe3s+JGSFhn7dJaWV1bX1ksb5c2t7Z3dyt5+24axEdASoQpN1+cWlNTQQokKupEBHvgKOv7kOvM7D2CsDPUdTiPwAj7WciQFx1TqjmrshF5SNqhUWZ3loIvELUiVFGgOKl/9YSjiADQKxa3tuSxCL+EGpVAwK/djCxEXEz6GXko1D8B6SZ53Ro9jyzGkERgqFc1F+L2R8MDaaeCnkwHHezvvZeJ/Xi/G0YWXSB3FCFpkh1AqyA9ZYWRaBNChNIDIs+RApaaCG44IRlIuRCrGaTPltA93/vtF0j6tu6zu3p5VG1dFMyVySI5IjbjknDTIDWmSFhFEkSfyTF6cR+fVeXPef0aXnGLngPyB8/ENSlWS4w==</latexit>

f(x) = x2
<latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit><latexit sha1_base64="vnkOZit62dq2FH4Yj46T+zUr8EY=">AAAB/HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUGDFEFDGSTyEEmIzpdNOOV8tu7WKJEVvoIWKjpEy79Q8C/YxgUkTDWa2dXOjhtIYdC2P63c0vLK6lp+vbCxubW9U9zdaxo/1Bwa3Je+brvMgBQKGihQQjvQwDxXQssdXyZ+6wG0Eb66wWkAPY+NlBgKzjCWboflyTE9p5O7ar9Ysit2CrpInIyUSIZ6v/jVHfg89EAhl8yYjmMH2IuYRsElzArd0EDA+JiNoBNTxTwwvShNPKNHoWHo0wA0FZKmIvzeiJhnzNRz40mP4b2Z9xLxP68T4vCsFwkVhAiKJ4dQSEgPGa5FXAXQgdCAyJLkQIWinGmGCFpQxnkshnE3hbgPZ/77RdKsVhy74lyflGoXWTN5ckAOSZk45JTUyBWpkwbhRJEn8kxerEfr1Xqz3n9Gc1a2s0/+wPr4BltdlBc=</latexit>
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Minimum is attained
<latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit><latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit><latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit><latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit>

Minimum is attained
<latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit><latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit><latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit><latexit sha1_base64="6ou3rUrHH/TtSd3ikI4gytiG7DA=">AAACB3icbVC7TgJBFJ3FF+ILpbSZSEysyC6NlkQbGxNM5JHAhswOF7xhZnYzM2tCNnyAX2GrlZ2x9TMs/BdnkULBU52cc58nSgQa6/ufXmFtfWNzq7hd2tnd2z8oHx61TZxqDi0ei1h3I2ZAoIKWRSugm2hgMhLQiSZXud95AG0wVnd2mkAo2VjhCDmzThqUKzeoUKaSoqHMWubGDAflql/z56CrJFiQKlmgOSh/9YcxTyUoywUzphf4iQ0zpi1yAbNSPzWQMD5hY+g5qpgEE2bz42f0NDXMxjQBTVHQuQi/OzImjZnKyFVKZu/NspeL/3m91I4uwgxVklpQPF9kUcB8keEaXSpAh6jBfZ1fDhQV5Uy7FEAjZZw7MXUxlVwewfL3q6RdrwV+LbitVxuXi2SK5JickDMSkHPSINekSVqEkyl5Is/kxXv0Xr037/2ntOAteirkD7yPb2+smS4=</latexit>
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<latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit><latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit><latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit><latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit>
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Maximum is not attained!

<latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit><latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit><latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit><latexit sha1_base64="m+/I1S/1mrdOCAXwLR2YtpT1474=">AAACDHicbVC7TgMxEPTxDOEVoEGiMURIVNFdGigjaGiQgkQeUnKK9pxNsGL7TrYPEUXhE/gKWqjoEC3/QMG/4BwpIGGq0cyu1zNRIrixvv/pLSwuLa+s5tby6xubW9uFnd26iVPNsMZiEetmBAYFV1iz3ApsJhpBRgIb0eBi4jfuUBseqxs7TDCU0Fe8xxlYJ3UK+1dwz2UqKTdUxZaCteCe6h52CkW/5Geg8ySYkiKZotopfLW7MUslKssEGNMK/MSGI9CWM4HjfDs1mAAbQB9bjiqQaMJRlmBMj1MDNqYJasoFzUT8vTECacxQRm5Sgr01s95E/M9rpbZ3Fo64SlKLik0OWS4wO2SY5q4apF2u0cWe/BwpV5SBdjWg5hQYc2Lqusq7PoLZ9POkXi4Ffim4Lhcr59NmcuSAHJETEpBTUiGXpEpqhJEH8kSeyYv36L16b977z+iCN93ZI3/gfXwDxmya9A==</latexit>

We cannot apply the theorem.
The function is not continuous
on the closed set.

<latexit sha1_base64="os1i3HTm25zSqRjP+p379Z9v014="></latexit><latexit sha1_base64="os1i3HTm25zSqRjP+p379Z9v014="></latexit><latexit sha1_base64="os1i3HTm25zSqRjP+p379Z9v014="></latexit><latexit sha1_base64="os1i3HTm25zSqRjP+p379Z9v014="></latexit>
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Minimum is attained.
<latexit sha1_base64="rhbCqzTZjuYNgGIIoy6KWrWr1Zw=">AAACCHicbVC7TgJBFJ31ifjCR2czkZhYbXZptCTa2JhgIo8ENmR2uOANM7ObmVkTJPyAX2GrlZ2x9S8s/BdnkULBU52cc58nTgUaGwSf3tLyyuraemGjuLm1vbNb2ttvmCTTHOo8EYluxcyAQAV1i1ZAK9XAZCygGQ8vc795D9pgom7tKIVIsoHCPnJmndQtHV6jQplJioYya5kb0/O7pXLgB1PQRRLOSJnMUOuWvjq9hGcSlOWCGdMOg9RGY6YtcgGTYiczkDI+ZANoO6qYBBONp9dP6ElmmE1oCpqioFMRfneMmTRmJGNXKZm9M/NeLv7ntTPbP4/GqNLMguL5IosCposM1+hiAdpDDe7t/HKgqChn2sUAGinj3ImZy6no8gjnv18kjYofBn54UylXL2bJFMgROSanJCRnpEquSI3UCScP5Ik8kxfv0Xv13rz3n9Ilb9ZzQP7A+/gG49KZZg==</latexit><latexit sha1_base64="rhbCqzTZjuYNgGIIoy6KWrWr1Zw=">AAACCHicbVC7TgJBFJ31ifjCR2czkZhYbXZptCTa2JhgIo8ENmR2uOANM7ObmVkTJPyAX2GrlZ2x9S8s/BdnkULBU52cc58nTgUaGwSf3tLyyuraemGjuLm1vbNb2ttvmCTTHOo8EYluxcyAQAV1i1ZAK9XAZCygGQ8vc795D9pgom7tKIVIsoHCPnJmndQtHV6jQplJioYya5kb0/O7pXLgB1PQRRLOSJnMUOuWvjq9hGcSlOWCGdMOg9RGY6YtcgGTYiczkDI+ZANoO6qYBBONp9dP6ElmmE1oCpqioFMRfneMmTRmJGNXKZm9M/NeLv7ntTPbP4/GqNLMguL5IosCposM1+hiAdpDDe7t/HKgqChn2sUAGinj3ImZy6no8gjnv18kjYofBn54UylXL2bJFMgROSanJCRnpEquSI3UCScP5Ik8kxfv0Xv13rz3n9Ilb9ZzQP7A+/gG49KZZg==</latexit><latexit sha1_base64="rhbCqzTZjuYNgGIIoy6KWrWr1Zw=">AAACCHicbVC7TgJBFJ31ifjCR2czkZhYbXZptCTa2JhgIo8ENmR2uOANM7ObmVkTJPyAX2GrlZ2x9S8s/BdnkULBU52cc58nTgUaGwSf3tLyyuraemGjuLm1vbNb2ttvmCTTHOo8EYluxcyAQAV1i1ZAK9XAZCygGQ8vc795D9pgom7tKIVIsoHCPnJmndQtHV6jQplJioYya5kb0/O7pXLgB1PQRRLOSJnMUOuWvjq9hGcSlOWCGdMOg9RGY6YtcgGTYiczkDI+ZANoO6qYBBONp9dP6ElmmE1oCpqioFMRfneMmTRmJGNXKZm9M/NeLv7ntTPbP4/GqNLMguL5IosCposM1+hiAdpDDe7t/HKgqChn2sUAGinj3ImZy6no8gjnv18kjYofBn54UylXL2bJFMgROSanJCRnpEquSI3UCScP5Ik8kxfv0Xv13rz3n9Ilb9ZzQP7A+/gG49KZZg==</latexit><latexit sha1_base64="rhbCqzTZjuYNgGIIoy6KWrWr1Zw=">AAACCHicbVC7TgJBFJ31ifjCR2czkZhYbXZptCTa2JhgIo8ENmR2uOANM7ObmVkTJPyAX2GrlZ2x9S8s/BdnkULBU52cc58nTgUaGwSf3tLyyuraemGjuLm1vbNb2ttvmCTTHOo8EYluxcyAQAV1i1ZAK9XAZCygGQ8vc795D9pgom7tKIVIsoHCPnJmndQtHV6jQplJioYya5kb0/O7pXLgB1PQRRLOSJnMUOuWvjq9hGcSlOWCGdMOg9RGY6YtcgGTYiczkDI+ZANoO6qYBBONp9dP6ElmmE1oCpqioFMRfneMmTRmJGNXKZm9M/NeLv7ntTPbP4/GqNLMguL5IosCposM1+hiAdpDDe7t/HKgqChn2sUAGinj3ImZy6no8gjnv18kjYofBn54UylXL2bJFMgROSanJCRnpEquSI3UCScP5Ik8kxfv0Xv13rz3n9Ilb9ZzQP7A+/gG49KZZg==</latexit>
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Maximum is never attained!
<latexit sha1_base64="7Sy9cx669oyTVRm7HLc4s6j162E=">AAACDnicbVC7TgJBFJ31ifhC7bQZJSZWZJdGS6KNjQkm8khgQ+4OF5wwM7uZmTUSQuIn+BW2WtkZW3/Bwn9xWCkUvNXJOfd1TpQIbqzvf3oLi0vLK6u5tfz6xubWdmFnt27iVDOssVjEuhmBQcEV1iy3ApuJRpCRwEY0uJjojTvUhsfqxg4TDCX0Fe9xBtZRncL+FdxzmUrKDVXoOilYC25Z97BTKPolPys6D4IpKJJpVTuFr3Y3ZqlEZZkAY1qBn9hwBNpyJnCcb6cGE2AD6GPLQQUSTTjKPIzpcWrAxjRxH3BBMxJ/T4xAGjOUkeuUYG/NrDYh/9Naqe2dhSOuktSiYpNDlgvMDhmmubOMtMs1OtuTz5FyRRloFwNqToExR6YurbzLI5h1Pw/q5VLgl4LrcrFyPk0mRw7IETkhATklFXJJqqRGGHkgT+SZvHiP3qv35r3/tC5405k98qe8j29mnJvX</latexit><latexit sha1_base64="7Sy9cx669oyTVRm7HLc4s6j162E=">AAACDnicbVC7TgJBFJ31ifhC7bQZJSZWZJdGS6KNjQkm8khgQ+4OF5wwM7uZmTUSQuIn+BW2WtkZW3/Bwn9xWCkUvNXJOfd1TpQIbqzvf3oLi0vLK6u5tfz6xubWdmFnt27iVDOssVjEuhmBQcEV1iy3ApuJRpCRwEY0uJjojTvUhsfqxg4TDCX0Fe9xBtZRncL+FdxzmUrKDVXoOilYC25Z97BTKPolPys6D4IpKJJpVTuFr3Y3ZqlEZZkAY1qBn9hwBNpyJnCcb6cGE2AD6GPLQQUSTTjKPIzpcWrAxjRxH3BBMxJ/T4xAGjOUkeuUYG/NrDYh/9Naqe2dhSOuktSiYpNDlgvMDhmmubOMtMs1OtuTz5FyRRloFwNqToExR6YurbzLI5h1Pw/q5VLgl4LrcrFyPk0mRw7IETkhATklFXJJqqRGGHkgT+SZvHiP3qv35r3/tC5405k98qe8j29mnJvX</latexit><latexit sha1_base64="7Sy9cx669oyTVRm7HLc4s6j162E=">AAACDnicbVC7TgJBFJ31ifhC7bQZJSZWZJdGS6KNjQkm8khgQ+4OF5wwM7uZmTUSQuIn+BW2WtkZW3/Bwn9xWCkUvNXJOfd1TpQIbqzvf3oLi0vLK6u5tfz6xubWdmFnt27iVDOssVjEuhmBQcEV1iy3ApuJRpCRwEY0uJjojTvUhsfqxg4TDCX0Fe9xBtZRncL+FdxzmUrKDVXoOilYC25Z97BTKPolPys6D4IpKJJpVTuFr3Y3ZqlEZZkAY1qBn9hwBNpyJnCcb6cGE2AD6GPLQQUSTTjKPIzpcWrAxjRxH3BBMxJ/T4xAGjOUkeuUYG/NrDYh/9Naqe2dhSOuktSiYpNDlgvMDhmmubOMtMs1OtuTz5FyRRloFwNqToExR6YurbzLI5h1Pw/q5VLgl4LrcrFyPk0mRw7IETkhATklFXJJqqRGGHkgT+SZvHiP3qv35r3/tC5405k98qe8j29mnJvX</latexit><latexit sha1_base64="7Sy9cx669oyTVRm7HLc4s6j162E=">AAACDnicbVC7TgJBFJ31ifhC7bQZJSZWZJdGS6KNjQkm8khgQ+4OF5wwM7uZmTUSQuIn+BW2WtkZW3/Bwn9xWCkUvNXJOfd1TpQIbqzvf3oLi0vLK6u5tfz6xubWdmFnt27iVDOssVjEuhmBQcEV1iy3ApuJRpCRwEY0uJjojTvUhsfqxg4TDCX0Fe9xBtZRncL+FdxzmUrKDVXoOilYC25Z97BTKPolPys6D4IpKJJpVTuFr3Y3ZqlEZZkAY1qBn9hwBNpyJnCcb6cGE2AD6GPLQQUSTTjKPIzpcWrAxjRxH3BBMxJ/T4xAGjOUkeuUYG/NrDYh/9Naqe2dhSOuktSiYpNDlgvMDhmmubOMtMs1OtuTz5FyRRloFwNqToExR6YurbzLI5h1Pw/q5VLgl4LrcrFyPk0mRw7IETkhATklFXJJqqRGGHkgT+SZvHiP3qv35r3/tC5405k98qe8j29mnJvX</latexit>
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The function is continuous on (0, 1)
<latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="bzB0uW1fzy1MgMhO8gWsRy3sg4E=">AAAB5HicbVC7TsNAEFyHVzABQk1zIkKiimwaKJFoKINEHlKwovVlE045n627NVIU5QdoqegQf0XBv2CbFJAw1WhmVzs7caaV4yD49Gpb2zu7e/V9/6DhHx4dNxs9l+ZWUlemOrWDGB1pZajLijUNMkuYxJr68ey29PvPZJ1KzQPPM4oSnBo1URK5kDqjZitoBxXEJglXpAUrjJpfj+NU5gkZlhqdG4ZBxtECLSupaek/5o4ylDOc0rCgBhNy0aKKuRTnuUNORUZWKC0qkX5vLDBxbp7ExWSC/OTWvVL8zxvmPLmOFspkOZOR5SFWmqpDTlpV/E9irCwxY5mchDJCokVmskqglIWYF4X4RR3h+vObpHfZDoN2eB9AHU7hDC4ghCu4gTvoQBckjOEFXj3nvXnvP7XVvFV/J/AH3sc3ljCOsg==</latexit><latexit sha1_base64="foz4wRcxmdZg/S5ybm4ktUVu6NI=">AAACDnicbZDNSgMxFIXv+FvrX3XrJtgWKkiZcaNLwY3LCv2DtpRMeluDmcyQ3Ail9Al8BJ/Cra7ciW/gwndxZuxCrWd18p2Em3vCRElLvv/hrayurW9sFraK2zu7e/ulg522jZ0R2BKxik035BaV1NgiSQq7iUEehQo74d1Vlnfu0VgZ6yZNExxEfKLlWApOKRqWqs1bZGOnRXZk0jIRa5Laxc6yFFRq/mlwUhmWyn7dz8WWTbAwZVioMSx99kexcBFqEopb2wv8hAYzbkgKhfNi31lMuLjjE+ylVvMI7WCWrzNnVWc5xSxBw6RiOcSfL2Y8snYahenNiNOt/Ztl8L+s52h8MZhJnThCLbJBJBXmg6wwMu0J2UgaJOLZz5FJzQQ3nAiNZFyIFLq0uGLaR/B3+2XTPqsHfj248aEAR3AMNQjgHC7hGhrQAgEP8ATP8OI9eq/e23dzK96iwkP4Je/9C+WqnXs=</latexit><latexit sha1_base64="foz4wRcxmdZg/S5ybm4ktUVu6NI=">AAACDnicbZDNSgMxFIXv+FvrX3XrJtgWKkiZcaNLwY3LCv2DtpRMeluDmcyQ3Ail9Al8BJ/Cra7ciW/gwndxZuxCrWd18p2Em3vCRElLvv/hrayurW9sFraK2zu7e/ulg522jZ0R2BKxik035BaV1NgiSQq7iUEehQo74d1Vlnfu0VgZ6yZNExxEfKLlWApOKRqWqs1bZGOnRXZk0jIRa5Laxc6yFFRq/mlwUhmWyn7dz8WWTbAwZVioMSx99kexcBFqEopb2wv8hAYzbkgKhfNi31lMuLjjE+ylVvMI7WCWrzNnVWc5xSxBw6RiOcSfL2Y8snYahenNiNOt/Ztl8L+s52h8MZhJnThCLbJBJBXmg6wwMu0J2UgaJOLZz5FJzQQ3nAiNZFyIFLq0uGLaR/B3+2XTPqsHfj248aEAR3AMNQjgHC7hGhrQAgEP8ATP8OI9eq/e23dzK96iwkP4Je/9C+WqnXs=</latexit><latexit sha1_base64="VtGxNcNvgfXW/Eh01IF3Z5Tf3a0=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsidjZZEG0tM+EqAkL1lgA17e5fdWRNC+AX+BH+FrVZ2xtbKwv/i3Umh4KvevDeTmXl+JIVB1/10MmvrG5tb2e3czu7e/kH+8KhpQqs5NHgoQ932mQEpFDRQoIR2pIEFvoSWP7lJ/NY9aCNCVcdpBL2AjZQYCs4wlvr5Un0MdGgVT0oqDOWhQqFsaA2NhWLZPffOiv18wa24Kegq8RakQBao9fNf3UHIbQAKuWTGdDw3wt6MaRRcwjzXtQYixidsBJ2YKhaA6c3Sd+a0ZA3DkEagqZA0FeH3xIwFxkwDP+4MGI7NspeI/3kdi8Or3kyoyCIonixCISFdZLgWcU5AB0IDIksuByoU5UwzRNCCMs5j0cbB5eI8vOXvV0nzouK5Fe/OLVSvF8lkyQk5JWXikUtSJbekRhqEkwfyRJ7Ji/PovDpvzvtPa8ZZzByTP3A+vgG3/p77</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit><latexit sha1_base64="RCpl07Jyvy+wadQiQQnAHuRqROk=">AAACGXicbVA9TwJBEN3DL8Qv1NJmI5BgYsgdjZZEG0tM+DABQvaWATbs7V12Z00I4Rf4E/wVtlrZGVsrC/+LdyeFgq96895MZub5kRQGXffTyaytb2xuZbdzO7t7+wf5w6OWCa3m0OShDPWdzwxIoaCJAiXcRRpY4Eto+5PrxG/fgzYiVA2cRtAL2EiJoeAMY6mfLzXGQIdW8aSkwlAeKhTKhtbQWCiW3XPvrNjPF9yKm4KuEm9BCmSBej//1R2E3AagkEtmTMdzI+zNmEbBJcxzXWsgYnzCRtCJqWIBmN4sfWdOS9YwDGkEmgpJUxF+T8xYYMw08OPOgOHYLHuJ+J/XsTi87M2EiiyC4skiFBLSRYZrEecEdCA0ILLkcqBCUc40QwQtKOM8Fm0cXC7Ow1v+fpW0qhXPrXi31ULtapFMlpyQU1ImHrkgNXJD6qRJOHkgT+SZvDiPzqvz5rz/tGacxcwx+QPn4xu4np79</latexit>

Nevertheless (0, 1) is not closed!
<latexit sha1_base64="QA/YczGi/N0H6uhXU3a1MX7cecE=">AAACF3icbVA9SwNBEN2LXzF+RS1tVqOgIOEujZZBGytRMCaQHGFvM5ole3vHzpwgwR/gT/BX2GplJ7aWFv4XN/EKjb7q8d4bZuZFqVZIvv/hFaamZ2bnivOlhcWl5ZXy6tolJpmV0JCJTmwrEghaGWiQIg2t1IKIIw3NaHA88ps3YFEl5oJuUwhjcW3UlZKCnNQtV07B2dQHDYh8e9ffD/a2uUJuEuJSJwi9TZfyq/4Y/C8JclJhOc665c9OL5FZDIakFojtwE8pHApLSmq4K3UyhFTIgbiGtqNGxIDhcPzMHd/JUFDCU7BcaT4W4efEUMSIt3HkkrGgPk56I/E/r53R1WE4VCbNCIwcLSKlYbwIpVWuBuA9ZYFIjC4HrgyXwgoisIoLKZ2YudpKro9g8vu/5LJWDfxqcF6r1I/yZopsg22xXRawA1ZnJ+yMNZhk9+yRPbFn78F78V69t+9owctn1tkveO9fv0Wd8g==</latexit><latexit sha1_base64="QA/YczGi/N0H6uhXU3a1MX7cecE=">AAACF3icbVA9SwNBEN2LXzF+RS1tVqOgIOEujZZBGytRMCaQHGFvM5ole3vHzpwgwR/gT/BX2GplJ7aWFv4XN/EKjb7q8d4bZuZFqVZIvv/hFaamZ2bnivOlhcWl5ZXy6tolJpmV0JCJTmwrEghaGWiQIg2t1IKIIw3NaHA88ps3YFEl5oJuUwhjcW3UlZKCnNQtV07B2dQHDYh8e9ffD/a2uUJuEuJSJwi9TZfyq/4Y/C8JclJhOc665c9OL5FZDIakFojtwE8pHApLSmq4K3UyhFTIgbiGtqNGxIDhcPzMHd/JUFDCU7BcaT4W4efEUMSIt3HkkrGgPk56I/E/r53R1WE4VCbNCIwcLSKlYbwIpVWuBuA9ZYFIjC4HrgyXwgoisIoLKZ2YudpKro9g8vu/5LJWDfxqcF6r1I/yZopsg22xXRawA1ZnJ+yMNZhk9+yRPbFn78F78V69t+9owctn1tkveO9fv0Wd8g==</latexit><latexit sha1_base64="QA/YczGi/N0H6uhXU3a1MX7cecE=">AAACF3icbVA9SwNBEN2LXzF+RS1tVqOgIOEujZZBGytRMCaQHGFvM5ole3vHzpwgwR/gT/BX2GplJ7aWFv4XN/EKjb7q8d4bZuZFqVZIvv/hFaamZ2bnivOlhcWl5ZXy6tolJpmV0JCJTmwrEghaGWiQIg2t1IKIIw3NaHA88ps3YFEl5oJuUwhjcW3UlZKCnNQtV07B2dQHDYh8e9ffD/a2uUJuEuJSJwi9TZfyq/4Y/C8JclJhOc665c9OL5FZDIakFojtwE8pHApLSmq4K3UyhFTIgbiGtqNGxIDhcPzMHd/JUFDCU7BcaT4W4efEUMSIt3HkkrGgPk56I/E/r53R1WE4VCbNCIwcLSKlYbwIpVWuBuA9ZYFIjC4HrgyXwgoisIoLKZ2YudpKro9g8vu/5LJWDfxqcF6r1I/yZopsg22xXRawA1ZnJ+yMNZhk9+yRPbFn78F78V69t+9owctn1tkveO9fv0Wd8g==</latexit><latexit sha1_base64="QA/YczGi/N0H6uhXU3a1MX7cecE=">AAACF3icbVA9SwNBEN2LXzF+RS1tVqOgIOEujZZBGytRMCaQHGFvM5ole3vHzpwgwR/gT/BX2GplJ7aWFv4XN/EKjb7q8d4bZuZFqVZIvv/hFaamZ2bnivOlhcWl5ZXy6tolJpmV0JCJTmwrEghaGWiQIg2t1IKIIw3NaHA88ps3YFEl5oJuUwhjcW3UlZKCnNQtV07B2dQHDYh8e9ffD/a2uUJuEuJSJwi9TZfyq/4Y/C8JclJhOc665c9OL5FZDIakFojtwE8pHApLSmq4K3UyhFTIgbiGtqNGxIDhcPzMHd/JUFDCU7BcaT4W4efEUMSIt3HkkrGgPk56I/E/r53R1WE4VCbNCIwcLSKlYbwIpVWuBuA9ZYFIjC4HrgyXwgoisIoLKZ2YudpKro9g8vu/5LJWDfxqcF6r1I/yZopsg22xXRawA1ZnJ+yMNZhk9+yRPbFn78F78V69t+9owctn1tkveO9fv0Wd8g==</latexit>
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