
1/120

Part III

Davide Pirino

October 23, 2023



2/120

Derivatives

Definition

A function f : D ⊆ R → R is said to be differentiable in x0 ∈ int (D)

(int (D) denotes the set of the interior points of D)
if:

∃L = lim
h→0

f (x0 + h)− f (x0)

h︸ ︷︷ ︸
difference quotient.

.

We call L = f ′ (x0). We define the left and right derivative of f in x0 the two limits:

lim
h→0−

f (x + h)− f (x)

h
, lim

h→0+

f (x + h)− f (x)

h
,

when they exist and we call them f ′
(
x−
0

)
and f ′

(
x+
0
)

respectively.

Remark

Note that the left and right derivatives can be defined even if x0 belongs to the closure
of D.
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>

y = m · x + c
<latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit><latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit><latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit><latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>

y = m · x + c
<latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit><latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit><latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit><latexit sha1_base64="Mk2YROhxkfJ7KLgmotIMYPGQlKg=">AAAB/nicbVDLSsNAFJ34rPVVdelmsAiCUBIRdCMU3bisYB/QhDKZ3tahM8kwcyOWUPAr3OrKnbj1V1z4L6YxC209q8M593LPPaGWwqLrfjoLi0vLK6ultfL6xubWdmVnt2XjxHBo8ljGphMyC1JE0ESBEjraAFOhhHY4upr67XswVsTRLY41BIoNIzEQnGEm+eML5fN+jPThmPcqVbfm5qDzxCtIlRRo9Cpffj/miYIIuWTWdj1XY5Ayg4JLmJT9xIJmfMSG0M1oxBTYIM0zT+hhYhnGVIOhQtJchN8bKVPWjlWYTSqGd3bWm4r/ed0EB+dBKiKdIER8egiFhPyQ5UZkZQDtCwOIbJocqIgoZ4YhghGUcZ6JSdZOOevDm/1+nrROap5b825Oq/XLopkS2ScH5Ih45IzUyTVpkCbhRJMn8kxenEfn1Xlz3n9GF5xiZ4/8gfPxDTKalcY=</latexit>

To find m and c requires to
impose that A and B
belong to the straight line...

<latexit sha1_base64="r+uvEfgnmZ2+Ah3muYkYp1xMDMk="></latexit><latexit sha1_base64="r+uvEfgnmZ2+Ah3muYkYp1xMDMk="></latexit><latexit sha1_base64="r+uvEfgnmZ2+Ah3muYkYp1xMDMk="></latexit><latexit sha1_base64="r+uvEfgnmZ2+Ah3muYkYp1xMDMk="></latexit>
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Derivatives

Geometric interpretation of the derivative
Let f be differentiable in x0. Find the equation of the straight line passing

through A = (x0, f (x0)) and B = (x0 + h, f (x0 + h)).

Generic equation of the straight line y = mx + c

A belongs to the line ⇔ f (x0) = mh x0 + ch.

B belongs to the line ⇔ f (x0 + h) = mh (x0 + h) + ch.

Whence

f (x0 + h)− f (x0) = mh x0 +mh h + ch −mh x0 − ch = mh h ⇒

mh =
f (x0 + h)− f (x0)

h

If h → 0 then mh → f ′ (x0) ⇒ The derivative is the angular coefficient of

the line tangent to the graph.
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<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>

y =
f(x0 + h) � f(x0)

h
x + c

<latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="bzB0uW1fzy1MgMhO8gWsRy3sg4E=">AAAB5HicbVC7TsNAEFyHVzABQk1zIkKiimwaKJFoKINEHlKwovVlE045n627NVIU5QdoqegQf0XBv2CbFJAw1WhmVzs7caaV4yD49Gpb2zu7e/V9/6DhHx4dNxs9l+ZWUlemOrWDGB1pZajLijUNMkuYxJr68ey29PvPZJ1KzQPPM4oSnBo1URK5kDqjZitoBxXEJglXpAUrjJpfj+NU5gkZlhqdG4ZBxtECLSupaek/5o4ylDOc0rCgBhNy0aKKuRTnuUNORUZWKC0qkX5vLDBxbp7ExWSC/OTWvVL8zxvmPLmOFspkOZOR5SFWmqpDTlpV/E9irCwxY5mchDJCokVmskqglIWYF4X4RR3h+vObpHfZDoN2eB9AHU7hDC4ghCu4gTvoQBckjOEFXj3nvXnvP7XVvFV/J/AH3sc3ljCOsg==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="nJ08VbCsgZDwVywOE4g/Wc2uzwM=">AAACFHicbVC7TgJBFJ3FF+ILtbSZSEwkKNm10caEaGOJiTwSIOTucIEJs4/M3DWQDa2f4FfYamVnbO0t/BeXlcLXqU7OuTf3nuOGShqy7Xcrs7C4tLySXc2trW9sbuW3d+omiLTAmghUoJsuGFTSxxpJUtgMNYLnKmy4o8uZ37hFbWTg39AkxI4HA1/2pQBKpG6eT87bfQ0i7h+Ou3ZpWDxOSXEaD6fto3FJdPMFu2yn4H+JMycFNke1m/9o9wIReeiTUGBMy7FD6sSgSQqF01w7MhiCGMEAWwn1wUPTidMkU34QGaCAh6i5VDwV8ftGDJ4xE89NJj2gofntzcT/vFZE/bNOLP0wIvTF7BBJhekhI7RMKkLekxqJYPY5culzARqIUEsOQiRilHSWS/pwfqf/S+onZccuO9d2oXIxbybL9tg+O2QOO2UVdsWqrMYEu2MP7JE9WffWs/VivX6NZqz5zi77AevtE0hBnTw=</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>

y =
f(x0 + h) � f(x0)

h
x + c

<latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="bzB0uW1fzy1MgMhO8gWsRy3sg4E=">AAAB5HicbVC7TsNAEFyHVzABQk1zIkKiimwaKJFoKINEHlKwovVlE045n627NVIU5QdoqegQf0XBv2CbFJAw1WhmVzs7caaV4yD49Gpb2zu7e/V9/6DhHx4dNxs9l+ZWUlemOrWDGB1pZajLijUNMkuYxJr68ey29PvPZJ1KzQPPM4oSnBo1URK5kDqjZitoBxXEJglXpAUrjJpfj+NU5gkZlhqdG4ZBxtECLSupaek/5o4ylDOc0rCgBhNy0aKKuRTnuUNORUZWKC0qkX5vLDBxbp7ExWSC/OTWvVL8zxvmPLmOFspkOZOR5SFWmqpDTlpV/E9irCwxY5mchDJCokVmskqglIWYF4X4RR3h+vObpHfZDoN2eB9AHU7hDC4ghCu4gTvoQBckjOEFXj3nvXnvP7XVvFV/J/AH3sc3ljCOsg==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="nJ08VbCsgZDwVywOE4g/Wc2uzwM=">AAACFHicbVC7TgJBFJ3FF+ILtbSZSEwkKNm10caEaGOJiTwSIOTucIEJs4/M3DWQDa2f4FfYamVnbO0t/BeXlcLXqU7OuTf3nuOGShqy7Xcrs7C4tLySXc2trW9sbuW3d+omiLTAmghUoJsuGFTSxxpJUtgMNYLnKmy4o8uZ37hFbWTg39AkxI4HA1/2pQBKpG6eT87bfQ0i7h+Ou3ZpWDxOSXEaD6fto3FJdPMFu2yn4H+JMycFNke1m/9o9wIReeiTUGBMy7FD6sSgSQqF01w7MhiCGMEAWwn1wUPTidMkU34QGaCAh6i5VDwV8ftGDJ4xE89NJj2gofntzcT/vFZE/bNOLP0wIvTF7BBJhekhI7RMKkLekxqJYPY5culzARqIUEsOQiRilHSWS/pwfqf/S+onZccuO9d2oXIxbybL9tg+O2QOO2UVdsWqrMYEu2MP7JE9WffWs/VivX6NZqz5zi77AevtE0hBnTw=</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>

y =
f(x0 + h) � f(x0)

h
x + c

<latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="bzB0uW1fzy1MgMhO8gWsRy3sg4E=">AAAB5HicbVC7TsNAEFyHVzABQk1zIkKiimwaKJFoKINEHlKwovVlE045n627NVIU5QdoqegQf0XBv2CbFJAw1WhmVzs7caaV4yD49Gpb2zu7e/V9/6DhHx4dNxs9l+ZWUlemOrWDGB1pZajLijUNMkuYxJr68ey29PvPZJ1KzQPPM4oSnBo1URK5kDqjZitoBxXEJglXpAUrjJpfj+NU5gkZlhqdG4ZBxtECLSupaek/5o4ylDOc0rCgBhNy0aKKuRTnuUNORUZWKC0qkX5vLDBxbp7ExWSC/OTWvVL8zxvmPLmOFspkOZOR5SFWmqpDTlpV/E9irCwxY5mchDJCokVmskqglIWYF4X4RR3h+vObpHfZDoN2eB9AHU7hDC4ghCu4gTvoQBckjOEFXj3nvXnvP7XVvFV/J/AH3sc3ljCOsg==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="nJ08VbCsgZDwVywOE4g/Wc2uzwM=">AAACFHicbVC7TgJBFJ3FF+ILtbSZSEwkKNm10caEaGOJiTwSIOTucIEJs4/M3DWQDa2f4FfYamVnbO0t/BeXlcLXqU7OuTf3nuOGShqy7Xcrs7C4tLySXc2trW9sbuW3d+omiLTAmghUoJsuGFTSxxpJUtgMNYLnKmy4o8uZ37hFbWTg39AkxI4HA1/2pQBKpG6eT87bfQ0i7h+Ou3ZpWDxOSXEaD6fto3FJdPMFu2yn4H+JMycFNke1m/9o9wIReeiTUGBMy7FD6sSgSQqF01w7MhiCGMEAWwn1wUPTidMkU34QGaCAh6i5VDwV8ftGDJ4xE89NJj2gofntzcT/vFZE/bNOLP0wIvTF7BBJhekhI7RMKkLekxqJYPY5culzARqIUEsOQiRilHSWS/pwfqf/S+onZccuO9d2oXIxbybL9tg+O2QOO2UVdsWqrMYEu2MP7JE9WffWs/VivX6NZqz5zi77AevtE0hBnTw=</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit>
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x0
<latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit><latexit sha1_base64="mwS8UBr1ZLTkTJ+FrorelfdV5WQ=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZxYA+qNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbCokiQ=</latexit>

x0 + h
<latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit><latexit sha1_base64="nuIWMWhFEU5pJnQjExelRrViVCQ=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMgCGFXBD0GvXiM4CaBJITZSScZMvtgplcMS77Bq568iVc/x4P/4u66B02sU1HVTVeXFylpyLY/rdLK6tr6RnmzsrW9s7tX3T9omTDWAl0RqlB3PG5QyQBdkqSwE2nkvqew7U1vMr/9gNrIMLinWYR9n48DOZKCUyq5jwP7bDKo1uy6nYMtE6cgNSjQHFS/esNQxD4GJBQ3puvYEfUTrkkKhfNKLzYYcTHlY+ymNOA+mn6Sh52zk9hwClmEmknFchF/byTcN2bme+mkz2liFr1M/M/rxjS66icyiGLCQGSHSCrMDxmhZdoCsqHUSMSz5MhkwATXnAi1ZFyIVIzTWippH87i98ukdV537Lpzd1FrXBfNlOEIjuEUHLiEBtxCE1wQIOEJnuHFmlmv1pv1/jNasoqdQ/gD6+Mb4fWSyw==</latexit>

f(x0)
<latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit><latexit sha1_base64="OIpWcHhjR9+jqGJ6xNwNTapRJME=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aFvH/fLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0CDkvk=</latexit>

f(x0 + h)
<latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit><latexit sha1_base64="o44F58lvW9Kycf7jEtAjxm4RchY=">AAAB+nicbVDLSgNBEOz1GeMr6tHLYBAiQtgVQY9BLx4jmAckS5iddJIhsw9mesWw5ie86smbePVnPPgvbtY9aGKdiqpuurq8SElDtv1pLS2vrK6tFzaKm1vbO7ulvf2mCWMtsCFCFeq2xw0qGWCDJClsRxq57ylseePrmd+6R21kGNzRJELX58NADqTglErtQeWhZ5+OTnqlsl21M7BF4uSkDDnqvdJXtx+K2MeAhOLGdBw7IjfhmqRQOC12Y4MRF2M+xE5KA+6jcZMs75Qdx4ZTyCLUTCqWifh7I+G+MRPfSyd9TiMz783E/7xOTINLN5FBFBMGYnaIpMLskBFapkUg60uNRHyWHJkMmOCaE6GWjAuRinHaTDHtw5n/fpE0z6qOXXVuz8u1q7yZAhzCEVTAgQuowQ3UoQECFDzBM7xYj9ar9Wa9/4wuWfnOAfyB9fENc4uToA==</latexit>

A = (x0, f(x0))
<latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit><latexit sha1_base64="z9B2KDtVYunUvwtX8i/qmMNUGHo=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoOQgIQ7EbQRojaWEcwHJDHsbSZxyd7esTsnhiONv8JWKzux9Z9Y+F+8O6/QxFcMj/dmmJnnBlIYtO1PK7ewuLS8kl8trK1vbG4Vt3eaxg81hwb3pa/bLjMghYIGCpTQDjQwz5XQcseXid+6B22Er25wEkDPYyMlhoIzjKXb87PyQ98+HCa1UukXS3bVTkHniZOREslQ7xe/ugOfhx4o5JIZ03HsAHsR0yi4hGmhGxoIGB+zEXRiqpgHphelV0/pQWgY+jQATYWkqQi/JyLmGTPx3LjTY3hnZr1E/M/rhDg87UVCBSGC4skiFBLSRYZrEccBdCA0ILLkcqBCUc40QwQtKOM8FsM4n0KchzP7/TxpHlUdu+pcH5dqF1kyebJH9kmZOOSE1MgVqZMG4USTJ/JMXqxH69V6s95/WnNWNrNL/sD6+AaeN5VL</latexit>

B = (x0 + h, f(x0 + h))
<latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit><latexit sha1_base64="i6953URnT94gNTXfJh6DBdV+Q3A=">AAACBnicbVA9TwJBEN3DL8SvE0ubjcQEoiF3xkQbE4KNJSbykQAhe8sAG/b2LrtzBkLo/RW2WtkZW/+Ghf/F46BQ8DXz8t5MZuZ5oRQGHefLSq2tb2xupbczO7t7+wf2YbZmgkhzqPJABrrhMQNSKKiiQAmNUAPzPQl1b3g78+uPoI0I1AOOQ2j7rK9ET3CGsdSxs+Wb/KjjnA3Oe/NaKHTsnFN0EtBV4i5IjixQ6djfrW7AIx8UcsmMabpOiO0J0yi4hGmmFRkIGR+yPjRjqpgPpj1Jbp/S08gwDGgImgpJExF+T0yYb8zY9+JOn+HALHsz8T+vGWHvuj0RKowQFJ8tQiEhWWS4FnEoQLtCAyKbXQ5UKMqZZoigBWWcx2IUp5SJ83CXv18ltYui6xTd+8tcqbxIJk2OyQnJE5dckRK5IxVSJZyMyDN5Ia/Wk/VmvVsf89aUtZg5In9gff4AiUWWyw==</latexit>

y =
f(x0 + h) � f(x0)

h
x + c

<latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="bzB0uW1fzy1MgMhO8gWsRy3sg4E=">AAAB5HicbVC7TsNAEFyHVzABQk1zIkKiimwaKJFoKINEHlKwovVlE045n627NVIU5QdoqegQf0XBv2CbFJAw1WhmVzs7caaV4yD49Gpb2zu7e/V9/6DhHx4dNxs9l+ZWUlemOrWDGB1pZajLijUNMkuYxJr68ey29PvPZJ1KzQPPM4oSnBo1URK5kDqjZitoBxXEJglXpAUrjJpfj+NU5gkZlhqdG4ZBxtECLSupaek/5o4ylDOc0rCgBhNy0aKKuRTnuUNORUZWKC0qkX5vLDBxbp7ExWSC/OTWvVL8zxvmPLmOFspkOZOR5SFWmqpDTlpV/E9irCwxY5mchDJCokVmskqglIWYF4X4RR3h+vObpHfZDoN2eB9AHU7hDC4ghCu4gTvoQBckjOEFXj3nvXnvP7XVvFV/J/AH3sc3ljCOsg==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="rktT0tzzLRB7zd5/gtGpyshspF8=">AAACCXicbZC7SgNBFIbPxnu8RVubQREMati10UYQbCwVzAWSEM5OTszg7IWZs5KwpPURfApbrezEh7DwXdysKTTxr37+f4ZzzufHWll23U+nMDe/sLi0vFJcXVvf2CxtrdVslBhJVRnpyDR8tKRVSFVWrKkRG8LA11T37y/Hff2BjFVReMvDmNoB3oWqpyRyFnVKYnje6hmUae9g0HEP++Xj3JRHaX/UOhocyk5pz624ucSs8SZmDya67pS+Wt1IJgGFLDVa2/TcmNspGlZS06jYSizFKO/xjpqZDTEg207zS0ZiP7HIkYjJCKVFHtLvHykG1g4DP3sZIPftdDcO/+uaCffO2qkK44QplONBrDTlg6w0KkNEoqsMMeN4cxIqFBINMpNRAqXMwiRjVsx4eNPXz5raScVzK96NC8uwA7twAB6cwgVcwTVUQcIjPMMLvDpPzpvz/kOu4EwQbsMfOR/fiDybwQ==</latexit><latexit sha1_base64="nJ08VbCsgZDwVywOE4g/Wc2uzwM=">AAACFHicbVC7TgJBFJ3FF+ILtbSZSEwkKNm10caEaGOJiTwSIOTucIEJs4/M3DWQDa2f4FfYamVnbO0t/BeXlcLXqU7OuTf3nuOGShqy7Xcrs7C4tLySXc2trW9sbuW3d+omiLTAmghUoJsuGFTSxxpJUtgMNYLnKmy4o8uZ37hFbWTg39AkxI4HA1/2pQBKpG6eT87bfQ0i7h+Ou3ZpWDxOSXEaD6fto3FJdPMFu2yn4H+JMycFNke1m/9o9wIReeiTUGBMy7FD6sSgSQqF01w7MhiCGMEAWwn1wUPTidMkU34QGaCAh6i5VDwV8ftGDJ4xE89NJj2gofntzcT/vFZE/bNOLP0wIvTF7BBJhekhI7RMKkLekxqJYPY5culzARqIUEsOQiRilHSWS/pwfqf/S+onZccuO9d2oXIxbybL9tg+O2QOO2UVdsWqrMYEu2MP7JE9WffWs/VivX6NZqz5zi77AevtE0hBnTw=</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit><latexit sha1_base64="Z+Jhc44vR4Wx9ZVPo6oeIHNaJhA=">AAACFHicbVC7SgNBFJ2NrxhfUUubwSAo0bArgjZC0MYygnlAEsLdyU0yOPtg5q4kLGn9BL/CVis7sbW38F/crCk0eqrDOfdy7zluqKQh2/6wMnPzC4tL2eXcyura+kZ+c6tmgkgLrIpABbrhgkElfaySJIWNUCN4rsK6e3s58et3qI0M/Bsahdj2oO/LnhRAidTJ89F5q6dBxL39YccuDg6OUnIwjgfj1uGwKDr5gl2yU/C/xJmSApui0sl/trqBiDz0SSgwpunYIbVj0CSFwnGuFRkMQdxCH5sJ9cFD047TJGO+FxmggIeouVQ8FfHnRgyeMSPPTSY9oIGZ9Sbif14zot5ZO5Z+GBH6YnKIpML0kBFaJhUh70qNRDD5HLn0uQANRKglByESMUo6yyV9OLPp/5LaccmxS871SaF8MW0my3bYLttnDjtlZXbFKqzKBLtnj+yJPVsP1ov1ar19j2as6c42+wXr/QtJgZ1A</latexit>
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Derivatives

Theorem
If f is differentiable in x0 then it is continuous in x0.

Proof. We know that the limit

lim
x→x0

f (x)− f (x0)

x − x0
= f ′ (x0) ,

exists and it is finite. Whence

lim
x→x0

(f (x)− f (x0)) = lim
x→x0

f (x)− f (x0)

x − x0
(x − x0)

= lim
x→x0

f (x)− f (x0)

x − x0
lim
x→x0

(x − x0)

= f ′ (x0) · 0 = 0,

which means

lim
x→x0

f (x) = f (x0) .
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Derivatives

Problem

Is the converse true?
That is, if f : D ⊆ R → R is continuous in x0, can we say that f is differentiable in x0?

Answer

No! Differentiability is a condition much stronger than continuity.
As always, to prove our assertion, we need at least one counter-example:

f (x) = |x | ,

is continuous in x0 = 0, nevertheless

lim
h→0+

|0 + h| − |0|
h

= lim
h→0+

h

h
= 1, lim

h→0−

|0 + h| − |0|
h

= lim
h→0−

−h

h
= −1,

that is f ′
(
x+
0
)
= +1 ̸= f ′

(
x−
0

)
= −1, whence ∄f ′ (0).

Definition

The point x0 = 0 it’s called an angle point. More generally, we say that a function f (x)

has an angle point in x0 whenever the derivative has a jump discontinuity in x0.
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Derivatives

Theorem
Let f : D ⊆ R → R and g : D ⊆ R → R be two functions differentiable in

x0.

For all α ∈ R and β ∈ R, the function α f + β g : D ⊆ R → R defined as

(α f + β g) (x) = α f (x) + β g (x) , ∀x ∈ D

is differentiable in x0 and

(α f + β g)′ (x0) = α f ′ (x0) + β g ′ (x0) .
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Derivatives
Proof.

We have to proof the the limit of the difference quotient

lim
h→0

(α f + β g) (x0 + h)− (α f + β g) (x0)

h

exists and it is finite. For this purpose note that

lim
h→0

(α f + β g) (x0 + h)− (α f + β g) (x0)

h

= lim
h→0

α f (x0 + h) + β g (x0 + h)− α f (x0)− β g (x0)

h

= lim
h→0

α f (x0 + h)− α f (x0) + β g (x0 + h)− β g (x0)

h

= lim
h→0

[
α
f (x0 + h)− f (x0)

h
+ β

g (x0 + h)− g (x0)

h

]

= α f ′ (x0) + β g ′ (x0). (0.1)
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Derivatives

Theorem
Let f : D ⊆ R → R and g : D ⊆ R → R be two functions differentiable in

x0.

The function f · g : D ⊆ R → R defined as

(f · g) (x) = f (x) · g (x) , ∀x ∈ D

is differentiable in x0 and

(f · g)′ (x0) = f ′ (x0) g (x0) + f (x0) g
′ (x0) .
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Derivatives

Proof. We have to proof the the limit of the difference quotient

lim
h→0

(f · g) (x0 + h)− (f · g) (x0)

h

exists and it is finite. For this purpose note that

lim
h→0

(f g) (x0 + h)− (f g) (x0)

h

= lim
h→0

f (x0 + h) g (x0 + h)− f (x0) g (x0)

h

= lim
h→0

f (x0 + h) g (x0 + h)− f (x0) g (x0 + h) + f (x0) g (x0 + h)− f (x0) g (x0)

h

= lim
h→0

g (x0 + h) (f (x0 + h)− f (x0)) + f (x0) (g (x0 + h)− g (x0))

h

= lim
h→0

[
g (x0 + h)

(f (x0 + h)− f (x0))

h
+ f (x0)

(g (x0 + h)− g (x0))

h

]
.

g differentiable in x0 ⇒ g continuous in x0 ⇒ g (x0 + h) → g (x0) .

Whence

lim
h→0

(f g) (x0 + h)− (f g) (x0)

h
= g (x0) f

′ (x0) + f (x0) g
′ (x0) .
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Derivatives

Theorem
Let f : D ⊆ R → R and g : E ⊆ R → R with f (D) ⊆ E .

Hence it is possible to define (g ◦ f ) : D ⊆ R → R in the standard way

(g ◦ f ) (x) = g (f (x)) , ∀x ∈ D.

Assume f is differentiable in x0 ∈ D and g is differentiable in f (x0) ∈ E .

Then (g ◦ f ) is differentiable in x0 and

(g ◦ f )′ (x0) = g ′ (f (x0)) f
′ (x0) .

Proof. The proof is rather technical and we skip it.
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Derivatives

Compute the derivative of a constant function, f (x) = c for all x ∈ R.

lim
h→0

f (x + h)− f (x + h)

h
= lim

h→0

c − c

h
= 0 ⇒ f ′ (x) = 0.

Compute the derivative of f (x) = x for all x ∈ R.

lim
h→0

f (x + h)− f (x + h)

h
= lim

h→0

x + h − x

h
= 1 ⇒ f ′ (x) = 1.
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For n ∈ N, n > 1, compute the derivative of f (x) = xn for all x ∈ R.

lim
h→0

(x + h)n − xn

h

= lim
h→0

(
n

0

)
xn +

(
n

1

)
xn−1 h +

(
n

2

)
xn−2 h2 + . . .+

(
n

n

)
hn − xn

h

= lim
h→0

xn +

(
n

1

)
xn−1 h +

(
n

2

)
xn−2 h2 + . . .+ hn − xn

h

= lim
h→0

(
n

1

)
xn−1 h +

(
n

2

)
xn−2 h2 + . . .+ hn

h

= lim
h→0

(
n

1

)
xn−1 +

(
n

2

)
xn−2 h + . . .+ hn−1.

Since limh→0 h = limh→0 h
2 = limh→0 h

3 = . . . = limh→0 h
n−1 = 0 we have

f ′ (x) =

(
n

1

)
xn−1 =

n!

1! (n − 1)!
xn−1 = n xn−1.
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For a > 0, a ̸= 1, compute the derivative of f (x) = ax for all x ∈ R.

f ′ (x) = lim
h→0

ax+h − ax

h
= ax lim

h→

ah − 1
h

= ax ln (a) .

Since ln (e) = 1 we have (ex)′ = ex .

Compute the derivative of f (x) = sin x for all x ∈ R.

f ′ (x) = lim
h→0

sin (x + h)− sin (x)

h

= lim
h→0

sin x cos h + cos x sin h − sin x

h

= lim
h→0

sin x cos h − 1
h︸ ︷︷ ︸
↓
0

+cos x
sin h

h︸ ︷︷ ︸
↓
1

 = cos x .

Compute the derivative of f (x) = cos x for all x ∈ R. Remember that
cos x = sin

(
x + π

2

)
, hence by the rule of derivation of composite function

(cos x)′ =
(
sin
(
x +

π

2

))′
= cos

(
x +

π

2

) (
x +

π

2

)′
= cos

(
x +

π

2

)
= − sin (x) .
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For a > 0, a ̸= 1, compute the derivative of f (x) = loga (x) for all x > 0.

f ′ (x) = lim
h→0

loga (x + h)− loga x

h
= lim

h→0

loga
(
x+h
x

)
h

= lim
h→0

loga

(
x + h

x

) 1
h

= lim
h→0

loga

[(
1 +

h

x

) x
h

] 1
x

=
1
x

lim
h→0

loga

(
1 +

h

x

) x
h

.

Nevertheless, by changing variable, we get

lim
h→0

loga

(
1 +

h

x

) x
h

= lim
t→0

loga (1 + t)
1
t = lim

q→∞
loga

(
1 +

1
q

)q

= loga

(
lim

q→∞

(
1 +

1
q

)q)
= loga e.

Whence
(loga (x))

′ =
loga e

x
=

1
x ln a

.

In particular (ln (x))′ = 1
x
.

For α ∈ R, α ̸= 1, compute the derivative of f (x) = xα for all x > 0.

(xα)′ =
(
e ln(x

α)
)′

=
(
eα ln(x)

)′
= eα ln(x) (α ln (x))′ = eα ln(x) α

x
= xα α

x
= α xα−1.



15/120

Derivatives

Definition

Let f : D ⊆ R → R be a function and let x0 be a point such that

lim
x→x+0

f ′ (x) = +∞ and lim
x→x−0

f ′ (x) = −∞.

In this case the point x0 is called a cusp point.

Example

f (x) =
√

|x | : R → R,

If x > 0 then f (x) =
√
x = x1/2, which implies

f ′ (x) =
1
2
x

1
2−1 =

1
2
x− 1

2 =
1

2
√
x
⇒ lim

x→0+
f ′ (x) = +∞.

If x < 0 then f (x) =
√
−x = (−x)1/2, which implies

f ′ (x) =
1
2
(−x)

1
2−1 (−x)′ = −1

2
(−x)−

1
2 = − 1

2
√
−x

⇒ lim
x→0−

f ′ (x) = −∞.
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Derivatives: Rolle’s Theorem

Theorem
Let f : [a, b] → R be continuous on [a, b] and differentiable on (a, b).

If f (a) = f (b) then ∃x0 ∈ (a, b) such that f ′ (x0) = 0.

Proof. Continuity on [a, b] and Weiestrass ⇒ ∃m,M ∈ [a, b] :

f (m) ≤ f (x) ≤ f (M), ∀x ∈ R.

If both m /∈ (a, b) and M /∈ (a, b) then

f (a) = f (b) ⇒ f (m) = f (M)⇒ f (x) = f (m) = f (M) ⇒ f ′ (x0) = 0∀x0.

Assume, without loss of generality, that at least M ∈ (a, b).
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Derivatives: Rolle’s Theorem

Theorem
Let f : [a, b] → R be continuous on [a, b] and differentiable on (a, b). If

f (a) = f (b) then ∃x0 ∈ (a, b) such that f ′ (x0) = 0.

Proof. M ∈ (a, b) hence for h > 0 small M + h ∈ (a, b). f (M) is a

maximum, so f (M + h)− f (M) ≤ 0 and since h > 0 we get

f (M + h)− f (M)

h
≤ 0 ⇒ f ′

(
M+

)
≤ 0 (△).

For h < 0 (small) the sign changes accordingly

f (M + h)− f (M)

h
≥ 0 ⇒ f ′

(
M−) ≥ 0 (□).

Since f is differentiable we have that

f ′
(
M−) = f ′

(
M+

)
= f ′ (M) ,

which combined with (△) and (□) gives f ′ (M) = 0.
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Derivatives: Lagrange’s Mean Value Theorem.

Theorem
Let f : [a, b] → R be continuous on [a, b] and differentiable in (a, b).

There exists a point x0 ∈ (a, b) such that

f (b)− f (a) = (b − a) f ′ (x0) .

Proof. Consider the function g (x) = f (x)− α x . Find α such that

g (a) = g (b) ⇔ f (a)− α a = f (b)− α b ⇔ α (b − a) = f (b)− f (a)

⇔ α =
f (b)− f (a)

b − a
.

g , as f , is continuous in [a, b] and differentiable in (a, b) and g (a) = g (b)

⇒ Rolle’s Theorem on g .

∃x0 ∈ (a, b) : g ′ (x0) = 0 = f ′ (x0)− α ⇒ f ′ (x0) =
f (b)− f (a)

b − a
.
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Derivatives

Exercize
Use Lagrange’s theorem to prove that

ln (x) ≤ x , ∀x ∈ (0,∞) .

Solution.
If x ∈ (0, 1) we have ln (x) < 0 < x , so the inequality is obvious.

If x = 1 the inequality is 0 ≤ 1, which is true.

If x > 1 Lagrange’s theorem on the interval [1, x ] gives

ln (x)− ln (1)
x − 1

=
1
c

with c ∈ (1, x) and where we have used (ln (x))′ = 1/x . In particular

c > 1. Hence we get

ln (x) =
x − 1
c

=
x

c
− 1

c
<

x

c
< x

where the last inequality follows exactly from c > 1.
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Derivatives

Exercize
Use Lagrange’s theorem to prove that

sin (x) < x , ∀x > 0.

Solution.
If x > π

2 Then x > 1 and so sin (x) ≤ 1 < π
2 < x .

If x ∈
(
0, π2

)
apply Lagrange’s theorem on the interval [0, x ]

sin (x)− sin (0)
x − 0

= cos (c)

with c ∈ (0, x). Since 0 < c < x we also have that 0 < c < π
2 and

hence 0 < cos (c) < 1, whence

0 <
sin (x)

x
= cos (c) < 1 ⇒ sin (x) < x
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Exercize
Let f (t) be the GDP of a country. Assume also that f (0) = 0 and that f

verifies the hypotheses of the Lagrange’s theorem.

Assume that

f ′ (t) ≤ 7% ∀t ≥ 0.

Which is the maximum GDP at time t ?

Solution. Using the Lagrange’s theorem on [0, t] applied to the function f

we know that
f (t)− f (0)

t − 0
= f ′ (c) ≤ 7%

whence f (t) ≤ 7% t.
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Derivatives

Exercize
Does there exist a continuous and differentiable function f (x) such that

f (0) = −1 and f (2) = 4 and f ′ (x) ≤ 2 for all x?

Solution. Since such a function would also verify the hypotheses of the

Lagrange’s theorem we would have

f (2)− f (0)
2 − 0

= f ′ (c)

with c ∈ (0, 2). This would imply

4 + 1
2

= f ′ (c) ≤ 2,

which is impossible.
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Derivatives

Exercize

Let f : [0, 1] → R be a function continuous on [0, 1] and differentiable in (0, 1) such that
f (0) = 0 and |f ′ (x)| ≤ |f (x)| for all x ∈ (0, 1).
Prove that f (x) = 0 for all x ∈ [0, 1].

Solution. Fix x ∈ (0, 1). By Lagrange ∃x1 such that 0 < x1 < x and f (x) = f ′ (x1) x ,
whence

|f (x)| = x
∣∣f ′ (x1)

∣∣ ≤ x |f (x1)| .

By Lagrange ∃x2 such that 0 < x2 < x1 and f (x1) = f ′ (x2) x1, whence (using x1 < x

and |f ′ (x2)| ≤ f (x2))

|f (x)| ≤ x |f (x1)| = x x1
∣∣f ′ (x2)

∣∣ ≤ x x |f (x2)| = x2 f (x2) .

By iterating we get a sequence xn ∈ (0, 1) such that

|f (x)| ≤ xn |f (xn)| .

By the Weiestrass theorem |f (x)| is bounded in [0, 1], whence xn |f (xn)| → 0.
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Derivatives: Cauchy’s Mean Value Theorem

Theorem
Let f : [a, b] → R and g : [a, b] → R be cont. in [a, b] and diff. in (a, b).

Then there exists a x0 ∈ (a, b) such that

(f (b)− f (a)) g ′ (x0) = (g (b)− g (a)) f ′ (x0) .

Proof. Suppose first that g (b) ̸= g (a). Define h (x) = f (x)− α g (x) and

find the α such that

h (a) = h (b) ⇔ f (a)− α g (a) = f (b)− α g (b)

⇔ α (g (b)− g (a)) = f (b)− f (a) ⇔ α =
f (b)− f (a)

g (b)− g (a)
.

h, as f and g , is continuous in [a, b] and differentiable in (a, b). Apply

Rolle’s Theorem to h obtaining

∃x0 ∈ (a, b) : h′ (ξ) = 0 = f ′ (x0)−
f (b)− f (a)

g (b)− g (a)
g ′ (x0)

whence the thesis.
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Derivatives: Cauchy’s Mean Value Theorem

Theorem
Let f : [a, b] → R and g : [a, b] → R be cont. in [a, b] and diff. in (a, b).

Then there exists a x0 ∈ (a, b) such that

(f (b)− f (a)) g ′ (x0) = (g (b)− g (a)) f ′ (x0) .

Proof. Suppose now that g (b) = g (a). Apply Rolle’s Theorem to g

obtaining

∃x0 ∈ (a, b) : g ′ (x0) = 0.

whence the claimed identity (0 = 0) is verified.
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Derivatives

Exercize
Use Cauchy’s Theorem to prove that

0 < 1 − cos (x) <
x2

2
, ∀x > 0.

Solution. Apply Cauchy’s theorem to

f (x) = 1 − cos (x) , g (x) =
x2

2
.

on the interval [0, x ].

∃x0 ∈ (0, x) :
f (x)− f (0)
g (x)− g (0)

=
f ′ (x0)

g ′ (x0)
⇒ 1 − cos (x)

x2

2

=
sin (x0)

x0
.

Nevertheless we have proved that sin(x)
x < 1 for x > 0, whence

0 <
1 − cos (x)

x2

2

< 1 ⇒ 1 − cos (x) <
x2

2
.
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Derivatives

Theorem

Let f : [a, b] → R be differentiable in (a, b), then f ′ cannot have any jump discontinuity
on (a, b).

Proof. Let x0 ∈ (a, b). We know that the limit

lim
x→x0

f (x)− f (x0)

x − x0
= f ′ (x0)

exists and is finite. Suppose that the limits limx→x+0
f ′(x) = A and lim

x→x−0
f ′(x) = B

exist and are finite. If x > x0 we have

∃x1 ∈ (x0, x) :
f (x)− f (x0)

x − x0
= f ′(x1).

As x → x+
0 also x1 → x+

0 then

f ′(x0) = lim
x→x+0

f (x)− f (x0)

x − x0
= lim

x1→x+0

f ′(x1) = A

Similarly by considering x → x−
0 we can show that B = f ′(x0) and then A = B.
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Derivatives

Remark

The derivative of a function could, however, have other types of discontinuities.

Example

f (x) =

{
x2 sin

( 1
x

)
x ̸= 0,

0 x = 0.

f is continuous everywhere since limx→0 x
2 sin

( 1
x

)
= 0. If x ̸= 0 the derivative is

f ′ (x) = 2 x sin

(
1
x

)
− cos

(
1
x

)
.

Nevertheless since

lim
x→0

f (x)− f (0)
x − 0

= lim
x→0

x2 sin
( 1
x

)
x

= lim
x→0

x sin

(
1
x

)
= 0,

the function is differentiable in x0 = 0 and f ′ (0) = 0. Nevertheless

lim
x→0

f ′ (x) = lim
x→0

[
2 x sin

(
1
x

)
− cos

(
1
x

)]
= ∄

whence f ′ has an essential discontinuity in x0 = 0.
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Increasing and Decreasing functions: a reminder

Definition
Let D ⊆ R → R be a function and let I ⊂ D be an open interval

I = (a, b), subset of the domain. We say that the function f is strictly

increasing in I if

∀x1, x2 ∈ I : x1 < x2 ⇒ f (x1) < f (x2) ,

we say that the function f is increasing in I if

∀x1, x2 ∈ I : x1 ≤ x2 ⇒ f (x1) ≤ f (x2) .
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Derivatives and monotonicity

Theorem
Let f : [a, b] → R be differentiable in (a, b).

If f ′ (x) ≥ 0 (resp. f ′ (x) ≤ 0) for all x in (a, b) then f is increasing (resp.

decreasing) in (a, b).

Proof. Consider x1, x2 ∈ (a, b) with x1 < x2. Mean value theorem implies

∃x0 ∈ (x1, x2) : f (x2)− f (x1) = f ′ (x0) (x2 − x1) .

If f ′ (x0) ≥ 0 it follows that f (x1) ≤ f (x2), that is f is increasing.

If f ′ (x0) ≤ 0 it follows that f (x2) ≤ f (x1), that is f is decreasing.
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Derivatives and monotonicity

Theorem
Let f : [a, b] → R be differentiable in (a, b).

If f is increasing (resp. decreasing) in (a, b) then f ′ (x) ≥ 0 (resp.

f ′ (x) ≤ 0) for all x in (a, b).

Proof. Assume that f is increasing and let x0 be in (a, b). For h > 0 we

have x0 ≤ x0 + h, whence

f (x0 + h)− f (x0)

h
≥ 0 ⇒ f ′

(
x+0

)
≥ 0.

Similarly, for h < 0 we have h = − |h| and hence

f (x0 − |h|)− f (x0)

− |h| =
f (x0)− f (x0 − |h|)

|h| ≥ 0 ⇒ f ′
(
x−0

)
≥ 0

whence f ′ (x0) ≥ 0 (the case f decreasing is identical).
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Local minima and local maxima

Definition
Let f : [a, b] → R be a function.

A point x0 ∈ (a, b) is a local minimum if there exists a sufficiently small

δ > 0 such that

(x0 − δ, x0 + δ) ⊆ (a, b) and f (x) ≥ f (x0) ,∀x ∈ (x0 − δ, x0 + δ) .

A point x0 ∈ (a, b) is a local maximum if there exists a sufficiently small

δ > 0 such that

(x0 − δ, x0 + δ) ⊆ (a, b) and f (x) ≤ f (x0) ,∀x ∈ (x0 − δ, x0 + δ) .
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Fermat’s Theorem on local extrema

Theorem
Let f : [a, b] → R and x0 ∈ (a, b). If f attains a local min or max in x0

then either
f ′ (x0) = 0

or
∄f ′ (x0) .

Proof. If x0 is local min. then for suff. small h we have f (x0 + h) ≥ f (x0).

If f is differentiable in x0 then

lim
h→0−

≥0︷ ︸︸ ︷
f (x0 + h)− f (x0)

h︸︷︷︸
<0

= f
(
x−0

)
≤ 0, lim

h→0+

≥0︷ ︸︸ ︷
f (x0 + h)− f x0

h︸︷︷︸
>0

= f
(
x+0

)
≥ 0

but since ∃f ′ (x0) then f ′ (x0) = 0. The only option left is that ∄f ′ (x0).
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Fermat’s Theorem on local extrema

Theorem
Let f : [a, b] → R and x0 ∈ (a, b). If f attains a local min or max in x0

then either
f ′ (x0) = 0

or
∄f ′ (x0) .

Proof. If x0 is local max. then for suff. small h we have

f (x0 + h) ≤ f (x0). If f is differentiable in x0 then

lim
h→0−

≤0︷ ︸︸ ︷
f (x0 + h)− f (x0)

h︸︷︷︸
<0

= f
(
x−0

)
≥ 0, lim

h→0+

≤0︷ ︸︸ ︷
f (x0 + h)− f x0

h︸︷︷︸
>0

= f
(
x+0

)
≤ 0

but since ∃f ′ (x0) then f ′ (x0) = 0. The only option left is that ∄f ′ (x0).
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Local minima and local maxima

Remark
The converse of the Fermat’s Theorem on local extrema is not true!

f ′ (x0) = 0 is a necessary but not sufficient condition to have a local

max/min in x0.

As always we have to find a counter-example ...

f (x) = x3 ⇒ f ′ (x) = 3 x2 ⇒ f ′ (0) = 0.

Nevertheless for x < 0 trivially x3 < 0 and for x > 0 trivially x3 > 0.

Definition
Let f : [a, b] → R be differentiable in x0. If f ′ (x0) = 0 the point x0 is

called a critical point.
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Local minima and local maxima

Exercize
Find all the critical points of f (x) = xx : (0,+∞) → (0,+∞).

Solution. Define

g (x) = ln (f (x)) = ln (xx) = x ln (x) .

Whence

g ′ (x) = (x ln (x))′ = (x)′ ln (x)+x (ln (x))′ = 1 · ln (x)+x · 1
x
= ln (x)+1.

but also
g ′ (x) = (ln (f (x)))′ =

1
f (x)

f ′ (x) .

So that

1
f (x)

f ′ (x) = ln (x) + 1 ⇒ f ′ (x) = f (x) (ln (x) + 1) = xx (ln (x) + 1)

f ′ (x) = 0 ⇔ xx (ln (x) + 1) = 0 ⇔ ln (x) + 1 = 0 ⇔ x = e−1,

which is thus the unique critical point.
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Local minima and local maxima

Exercize
Establish if the critical points of f (x) = xx : (0,+∞) → (0,+∞) are local

min or local max or neither local min nor local max.

Solution. Since

f ′ (x) = (xx)′ = xx︸︷︷︸
>0

(ln (x) + 1)

then

sign
(
f ′ (x)

)
= sign (ln (x) + 1) .

Whence

f ′ (x) > 0 ⇔ ln (x) + 1 > 0 ⇔ ln (x) > −1 ⇔ x > e−1 Increasing

f ′ (x) < 0 ⇔ ln (x) + 1 < 0 ⇔ ln (x) < −1 ⇔ x < e−1 Decreasing

x = e−1 is a local minimum.
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Local minima and local maxima

Exercize
Find a function f such that f (x0) is a local min. or local max., while

f ′ (x0) does not exist.

Solution. Consider

f (x) = |x | ≥ 0 = f (0) ∀x ∈ R.

Global minimum in x = 0, nevertheless:

f ′
(
0+

)
= lim

h→0+

|0 + h| − 0
h

= 1

f ′
(
0−

)
= lim

h→0+

|0 + h| − 0
h

= −1,

i.e. f ′ (0) does not exist.
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Local minima and local maxima

Exercize

Find all the critical points of f (x) = x
1
x : (0,+∞) → (0,+∞).

Solution. Define
g (x) = ln (f (x)) = ln

(
x

1
x

)
=

1
x
ln (x) .

Whence

g ′ (x) =

(
ln (x)

x

)′
=

(
1
x

)′
ln (x)+

1
x
(ln (x))′ = − ln (x)

x2 +
1
x

1
x
=

1 − ln (x)

x2 .

but also
g ′ (x) = (ln (f (x)))′ =

1
f (x)

f ′ (x) .

So that
1

f (x)
f ′ (x) =

1 − ln (x)

x2 ⇒ f ′ (x) = f (x)
1 − ln (x)

x2 = x
1
x

1 − ln (x)

x2

f ′ (x) = 0 ⇔ x
1
x

1 − ln (x)

x2 = 0 ⇔ ln (x) = 1 ⇔ x = e,

which is thus the unique critical point.
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Local minima and local maxima

Exercize

Establish if the critical points of f (x) = x
1
x : (0,+∞) → (0,+∞) are local

min or local max or neither local min nor local max.

Solution. Since

f ′ (x) =
(
x

1
x

)′
= x

1
x︸︷︷︸

>0

(
1 − ln (x)

x2

)

then

sign
(
f ′ (x)

)
= sign

(
1 − ln (x)

x2

)
.

Whence

f ′ (x) > 0 ⇔ 1 − ln (x)

x2 > 0 ⇔ ln (x) < 1 ⇔ x < e Increasing

f ′ (x) < 0 ⇔ 1 − ln (x)

x2 < 0 ⇔ ln (x) > 1 ⇔ x > e Decreasing

x = e is a local maximum.
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Concavity and Convexity

Definition
A function f : D ⊆ R → R is said to be concave in D if for all x1 and x2 in

D it holds that

f ((1 − α) x1 + α x2)≥ (1 − α) f (x1) + α f (x2) ,∀α ∈ [0, 1]

i.e. if the graph of the function is above the segment that joins (x1, f (x1))

with (x2, f (x2)).
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0 x1
<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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0 x1
<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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0 x1
<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit> x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

↵ = 0 =) x↵ = x1
<latexit sha1_base64="88dMJj1HlxTeA7kGe7A4nofFj+s=">AAACGnicbVC7TsNAEDyHd3gFKGlORCCqyEZI0ESKoKGgAIkkSElkrY9Ncsr5bN2tecjKH/AJfAUtVHSIloaCf8EOKSAw1WhmV7szQaykJdf9cApT0zOzc/MLxcWl5ZXV0tp6w0aJEVgXkYrMZQAWldRYJ0kKL2ODEAYKm8HgOPeb12isjPQF3cXYCaGnZVcKoEzySzttUHEfqm77NNI9I3t9AmOiG37rp9/WsHrre36p7FbcEfhf4o1JmY1x5pc+21eRSELUJBRY2/LcmDopGJJC4bDYTizGIAbQw1ZGNYRoO+koz5BvJxYo4jEaLhUfifhzI4XQ2rswyCZDoL6d9HLxP6+VUPewk0odJ4Ra5IdIKhwdssLIrCjkV9IgEeSfI5eaCzBAhEZyECITk6y5YtaHN5n+L2nsVTy34p3vl2tH42bm2SbbYrvMYwesxk7YGaszwe7ZI3tiz86D8+K8Om/fowVnvLPBfsF5/wJ0L6FG</latexit><latexit sha1_base64="88dMJj1HlxTeA7kGe7A4nofFj+s=">AAACGnicbVC7TsNAEDyHd3gFKGlORCCqyEZI0ESKoKGgAIkkSElkrY9Ncsr5bN2tecjKH/AJfAUtVHSIloaCf8EOKSAw1WhmV7szQaykJdf9cApT0zOzc/MLxcWl5ZXV0tp6w0aJEVgXkYrMZQAWldRYJ0kKL2ODEAYKm8HgOPeb12isjPQF3cXYCaGnZVcKoEzySzttUHEfqm77NNI9I3t9AmOiG37rp9/WsHrre36p7FbcEfhf4o1JmY1x5pc+21eRSELUJBRY2/LcmDopGJJC4bDYTizGIAbQw1ZGNYRoO+koz5BvJxYo4jEaLhUfifhzI4XQ2rswyCZDoL6d9HLxP6+VUPewk0odJ4Ra5IdIKhwdssLIrCjkV9IgEeSfI5eaCzBAhEZyECITk6y5YtaHN5n+L2nsVTy34p3vl2tH42bm2SbbYrvMYwesxk7YGaszwe7ZI3tiz86D8+K8Om/fowVnvLPBfsF5/wJ0L6FG</latexit><latexit sha1_base64="88dMJj1HlxTeA7kGe7A4nofFj+s=">AAACGnicbVC7TsNAEDyHd3gFKGlORCCqyEZI0ESKoKGgAIkkSElkrY9Ncsr5bN2tecjKH/AJfAUtVHSIloaCf8EOKSAw1WhmV7szQaykJdf9cApT0zOzc/MLxcWl5ZXV0tp6w0aJEVgXkYrMZQAWldRYJ0kKL2ODEAYKm8HgOPeb12isjPQF3cXYCaGnZVcKoEzySzttUHEfqm77NNI9I3t9AmOiG37rp9/WsHrre36p7FbcEfhf4o1JmY1x5pc+21eRSELUJBRY2/LcmDopGJJC4bDYTizGIAbQw1ZGNYRoO+koz5BvJxYo4jEaLhUfifhzI4XQ2rswyCZDoL6d9HLxP6+VUPewk0odJ4Ra5IdIKhwdssLIrCjkV9IgEeSfI5eaCzBAhEZyECITk6y5YtaHN5n+L2nsVTy34p3vl2tH42bm2SbbYrvMYwesxk7YGaszwe7ZI3tiz86D8+K8Om/fowVnvLPBfsF5/wJ0L6FG</latexit><latexit sha1_base64="88dMJj1HlxTeA7kGe7A4nofFj+s=">AAACGnicbVC7TsNAEDyHd3gFKGlORCCqyEZI0ESKoKGgAIkkSElkrY9Ncsr5bN2tecjKH/AJfAUtVHSIloaCf8EOKSAw1WhmV7szQaykJdf9cApT0zOzc/MLxcWl5ZXV0tp6w0aJEVgXkYrMZQAWldRYJ0kKL2ODEAYKm8HgOPeb12isjPQF3cXYCaGnZVcKoEzySzttUHEfqm77NNI9I3t9AmOiG37rp9/WsHrre36p7FbcEfhf4o1JmY1x5pc+21eRSELUJBRY2/LcmDopGJJC4bDYTizGIAbQw1ZGNYRoO+koz5BvJxYo4jEaLhUfifhzI4XQ2rswyCZDoL6d9HLxP6+VUPewk0odJ4Ra5IdIKhwdssLIrCjkV9IgEeSfI5eaCzBAhEZyECITk6y5YtaHN5n+L2nsVTy34p3vl2tH42bm2SbbYrvMYwesxk7YGaszwe7ZI3tiz86D8+K8Om/fowVnvLPBfsF5/wJ0L6FG</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

↵ = 1 =) x↵ = x2
<latexit sha1_base64="yPdCV/stRKHAYOIE6BX7ycMYEAs=">AAACGnicbVC7TsNAEDzzDOEVoKQ5EYGoIhshQRMpgoaCIkgkICWRtT6W5MT5bN2tIZGVP+AT+ApaqOgQLQ0F/4KdpOA11WhmV7szQaykJdf9cKamZ2bn5gsLxcWl5ZXV0tp600aJEdgQkYrMZQAWldTYIEkKL2ODEAYKL4Kb49y/uEVjZaTPaRBjJ4SultdSAGWSX9ppg4p7UPXap5HuGtntERgT3fG+n46tYbXv7/mlsltxR+B/iTchZTZB3S99tq8ikYSoSSiwtuW5MXVSMCSFwmGxnViMQdxAF1sZ1RCi7aSjPEO+nVigiMdouFR8JOL3jRRCawdhkE2GQD3728vF/7xWQteHnVTqOCHUIj9EUuHokBVGZkUhv5IGiSD/HLnUXIABIjSSgxCZmGTNFbM+vN/p/5LmXsVzK97Zfrl2NGmmwDbZFttlHjtgNXbC6qzBBLtnj+yJPTsPzovz6ryNR6ecyc4G+wHn/Qt3a6FI</latexit><latexit sha1_base64="yPdCV/stRKHAYOIE6BX7ycMYEAs=">AAACGnicbVC7TsNAEDzzDOEVoKQ5EYGoIhshQRMpgoaCIkgkICWRtT6W5MT5bN2tIZGVP+AT+ApaqOgQLQ0F/4KdpOA11WhmV7szQaykJdf9cKamZ2bn5gsLxcWl5ZXV0tp600aJEdgQkYrMZQAWldTYIEkKL2ODEAYKL4Kb49y/uEVjZaTPaRBjJ4SultdSAGWSX9ppg4p7UPXap5HuGtntERgT3fG+n46tYbXv7/mlsltxR+B/iTchZTZB3S99tq8ikYSoSSiwtuW5MXVSMCSFwmGxnViMQdxAF1sZ1RCi7aSjPEO+nVigiMdouFR8JOL3jRRCawdhkE2GQD3728vF/7xWQteHnVTqOCHUIj9EUuHokBVGZkUhv5IGiSD/HLnUXIABIjSSgxCZmGTNFbM+vN/p/5LmXsVzK97Zfrl2NGmmwDbZFttlHjtgNXbC6qzBBLtnj+yJPTsPzovz6ryNR6ecyc4G+wHn/Qt3a6FI</latexit><latexit sha1_base64="yPdCV/stRKHAYOIE6BX7ycMYEAs=">AAACGnicbVC7TsNAEDzzDOEVoKQ5EYGoIhshQRMpgoaCIkgkICWRtT6W5MT5bN2tIZGVP+AT+ApaqOgQLQ0F/4KdpOA11WhmV7szQaykJdf9cKamZ2bn5gsLxcWl5ZXV0tp600aJEdgQkYrMZQAWldTYIEkKL2ODEAYKL4Kb49y/uEVjZaTPaRBjJ4SultdSAGWSX9ppg4p7UPXap5HuGtntERgT3fG+n46tYbXv7/mlsltxR+B/iTchZTZB3S99tq8ikYSoSSiwtuW5MXVSMCSFwmGxnViMQdxAF1sZ1RCi7aSjPEO+nVigiMdouFR8JOL3jRRCawdhkE2GQD3728vF/7xWQteHnVTqOCHUIj9EUuHokBVGZkUhv5IGiSD/HLnUXIABIjSSgxCZmGTNFbM+vN/p/5LmXsVzK97Zfrl2NGmmwDbZFttlHjtgNXbC6qzBBLtnj+yJPTsPzovz6ryNR6ecyc4G+wHn/Qt3a6FI</latexit><latexit sha1_base64="yPdCV/stRKHAYOIE6BX7ycMYEAs=">AAACGnicbVC7TsNAEDzzDOEVoKQ5EYGoIhshQRMpgoaCIkgkICWRtT6W5MT5bN2tIZGVP+AT+ApaqOgQLQ0F/4KdpOA11WhmV7szQaykJdf9cKamZ2bn5gsLxcWl5ZXV0tp600aJEdgQkYrMZQAWldTYIEkKL2ODEAYKL4Kb49y/uEVjZaTPaRBjJ4SultdSAGWSX9ppg4p7UPXap5HuGtntERgT3fG+n46tYbXv7/mlsltxR+B/iTchZTZB3S99tq8ikYSoSSiwtuW5MXVSMCSFwmGxnViMQdxAF1sZ1RCi7aSjPEO+nVigiMdouFR8JOL3jRRCawdhkE2GQD3728vF/7xWQteHnVTqOCHUIj9EUuHokBVGZkUhv5IGiSD/HLnUXIABIjSSgxCZmGTNFbM+vN/p/5LmXsVzK97Zfrl2NGmmwDbZFttlHjtgNXbC6qzBBLtnj+yJPTsPzovz6ryNR6ecyc4G+wHn/Qt3a6FI</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>

41/120



-1 -0.5 0 0.5 1
-1

-0.8

-0.6

-0.4

-0.2

0
x1

<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f((1 � ↵) x1 + ↵x2)
<latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f((1 � ↵) x1 + ↵x2)
<latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>

41/120



-1 -0.5 0 0.5 1
-1

-0.8

-0.6

-0.4

-0.2

0
x1

<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f((1 � ↵) x1 + ↵x2)
<latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f((1 � ↵) x1 + ↵x2)
<latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit>

y↵ = (1 � ↵) f(x1) + ↵ f(x2)
<latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>

41/120



-1 -0.5 0 0.5 1
-1

-0.8

-0.6

-0.4

-0.2

0
x1

<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

f((1 � ↵) x1 + ↵x2)
<latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit><latexit sha1_base64="wTNUEQgCHOHkQLJuNHcspg6pWTI=">AAACE3icbVC7TsNAEDyHd3gZKCk4ESEFAZEdIUEZQUMZJBIixVa0PjbhxPmhuzUiiij5BL6CFio6RMsHUPAv2EkKIEw1O7Or3Z0gUdKQ43xahanpmdm5+YXi4tLyyqq9tt40caoFNkSsYt0KwKCSETZIksJWohHCQOFlcHOa+5e3qI2MowvqJ+iH0ItkVwqgTOrYW91y2T3wQCXXsOvt33XcvVGR8+ou79glp+IMwSeJOyYlNka9Y395V7FIQ4xIKDCm7ToJ+QPQJIXC+6KXGkxA3EAP2xmNIETjD4aP3POd1ADFPEHNpeJDEX9ODCA0ph8GWWcIdG3+ern4n9dOqXvsD2SUpISRyBeRVDhcZISWWULIr6RGIsgvRy4jLkADEWrJQYhMTLPIilke7t/vJ0mzWnGdint+WKqdjJOZZ5tsm5WZy45YjZ2xOmswwR7YE3tmL9aj9Wq9We+j1oI1ntlgv2B9fAMfa5v8</latexit>

y↵ = (1 � ↵) f(x1) + ↵ f(x2)
<latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit>

f((1 � ↵) x1 + ↵x2) � (1 � ↵) f(x1) + ↵ f(x2), 8↵ 2 [0, 1]
<latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit>

f(x2)
<latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit><latexit sha1_base64="cT8G5ZHqZvQZB0HAC4iA7ZveWwk=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJEdIUEZQUMZJPKQkihaXzbhyPmhuzUiWPkHWqjoEC1/Q8G/YBsXEJhqNLOrnR03VNKQbX9YhaXlldW14nppY3Nre6e8u9c2QaQFtkSgAt11waCSPrZIksJuqBE8V2HHnV6kfucOtZGBf02zEAceTHw5lgIokdrj6v2wfjwsV+yanYH/JU5OKixHc1j+7I8CEXnok1BgTM+xQxrEoEkKhfNSPzIYgpjCBHsJ9cFDM4iztHN+FBmggIeouVQ8E/HnRgyeMTPPTSY9oBuz6KXif14vovHZIJZ+GBH6Ij1EUmF2yAgtkxqQj6RGIkiTI5c+F6CBCLXkIEQiRkkvpaQPZ/H7v6Rdrzl2zbk6qTTO82aK7IAdsipz2ClrsEvWZC0m2C17ZE/s2XqwXqxX6+17tGDlO/vsF6z3L0Ojkvs=</latexit>

f(x1)
<latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit><latexit sha1_base64="7gYDf5135cICVj4SqDN055VMzuY=">AAAB+HicbVC7TsNAEDyHVwivACXNiQgpNJGNkKCMoKEMEnlIiRWtL5tw5PzQ3RoRovwDLVR0iJa/oeBfsI0LSJhqNLOrnR0vUtKQbX9ahaXlldW14nppY3Nre6e8u9cyYawFNkWoQt3xwKCSATZJksJOpBF8T2HbG1+mfvsetZFhcEOTCF0fRoEcSgGUSK1h9aHvHPfLFbtmZ+CLxMlJheVo9MtfvUEoYh8DEgqM6Tp2RO4UNEmhcFbqxQYjEGMYYTehAfho3GmWdsaPYgMU8gg1l4pnIv7emIJvzMT3kkkf6NbMe6n4n9eNaXjuTmUQxYSBSA+RVJgdMkLLpAbkA6mRCNLkyGXABWggQi05CJGIcdJLKenDmf9+kbROao5dc65PK/WLvJkiO2CHrMocdsbq7Io1WJMJdsee2DN7sR6tV+vNev8ZLVj5zj77A+vjG0ITkvo=</latexit>

41/120



-1 -0.5 0 0.5 1
-1

-0.8

-0.6

-0.4

-0.2

0
x1

<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

y↵ = (1 � ↵) f(x1) + ↵ f(x2)
<latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit>

f((1 � ↵) x1 + ↵x2) � (1 � ↵) f(x1) + ↵ f(x2), 8↵ 2 [0, 1]
<latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

y↵ = (1 � ↵) f(x1) + ↵ f(x2)
<latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit>

f((1 � ↵) x1 + ↵x2) � (1 � ↵) f(x1) + ↵ f(x2), 8↵ 2 [0, 1]
<latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit><latexit sha1_base64="GroQcjTs6MemyIff7MERGTfxth0="></latexit>
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<latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit><latexit sha1_base64="op5hgyf+L3aVDimaZG73AFr93xE=">AAAB9XicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBkIeUWNH6sgmnnB+6WwORlU+ghYoO0fI9FPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmkaoevDOJAjKYBS6eZx4AyqNbtu5+CLxClIjRVoDqpf/WEoYh8DEgqM6Tl2RG4CmqRQOKv0Y4MRiAmMsZfSAHw0bpJHnfGj2ACFPELNpeK5iL83EvCNmfpeOukD3Zl5LxP/83oxjc7dRAZRTBiI7BBJhfkhI7RMO0A+lBqJIEuOXAZcgAYi1JKDEKkYp6VU0j6c+e8XSfuk7th15/q01rgomimzA3bIjpnDzliDXbEmazHBxuyJPbMX68F6td6s95/RklXs7LM/sD6+AbI3kiU=</latexit>

x2
<latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit><latexit sha1_base64="IIzwjlyCp4sKaQyayqMX1EMDjCk=">AAAB9XicbVC7TsNAEFzzDOEVoKQ5ESFRRXaEBGUEDWUQ5CElVnS+bMIp54fu1kBk5RNooaJDtHwPBf+CbVxAwlSjmV3t7HiRkoZs+9NaWl5ZXVsvbZQ3t7Z3dit7+20TxlpgS4Qq1F2PG1QywBZJUtiNNHLfU9jxJpeZ37lHbWQY3NI0Qtfn40COpOCUSjePg/qgUrVrdg62SJyCVKFAc1D56g9DEfsYkFDcmJ5jR+QmXJMUCmflfmww4mLCx9hLacB9NG6SR52x49hwClmEmknFchF/byTcN2bqe+mkz+nOzHuZ+J/Xi2l07iYyiGLCQGSHSCrMDxmhZdoBsqHUSMSz5MhkwATXnAi1ZFyIVIzTUsppH87894ukXa85ds25Pq02LopmSnAIR3ACDpxBA66gCS0QMIYneIYX68F6td6s95/RJavYOYA/sD6+AbPGkiY=</latexit>

x↵
<latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit><latexit sha1_base64="ideTQuElIOqYGvG3YSyzQnPqHno=">AAAB/HicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCgjKChjJI5CESK1pfNskp57N1t0ZEVvgKWqjoEC3/QsG/4AQXkDDVaGZXOztBrKQl1/10lpZXVtfWCxvFza3tnd3S3n7DRokRWBeRikwrAItKaqyTJIWt2CCEgcJmMLqa+s17NFZG+pbGMfohDLTsSwGUSXcP3bQDKh7CpFsquxV3Br5IvJyUWY5at/TV6UUiCVGTUGBt23Nj8lMwJIXCSbGTWIxBjGCA7YxqCNH66SzxhB8nFijiMRouFZ+J+HsjhdDacRhkkyHQ0M57U/E/r51Q/8JPpY4TQi2mh0gqnB2ywsisCuQ9aZAIpsmRS80FGCBCIzkIkYlJ1k0x68Ob/36RNE4rnlvxbs7K1cu8mQI7ZEfshHnsnFXZNauxOhNMsyf2zF6cR+fVeXPef0aXnHzngP2B8/ENs8OVlA==</latexit>

x↵ = (1 � ↵) x1 + ↵x2
<latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit><latexit sha1_base64="ahhbsKjYN9hidoB+uZ9Na4bdNxQ=">AAACGnicbZC7SgNBFIZn4y3G26qlzWBQFDXsiqCNINpYKhgNJGE5OzlJhsxemDkrhiVv4CP4FLZa2YmtjYXv4m6Swtupvvn/czhzfj9W0pDjfFiFicmp6ZnibGlufmFxyV5euTZRogVWRaQiXfPBoJIhVkmSwlqsEQJf4Y3fO8v9m1vURkbhFfVjbAbQCWVbCqBM8uzNOy9tgIq7MDjecvdGuN3YvfPcndEj533PLjsVZ1j8L7hjKLNxXXj2Z6MViSTAkIQCY+quE1MzBU1SKByUGonBGEQPOljPMIQATTMd3jPgG4kBiniMmkvFhyJ+n0ghMKYf+FlnANQ1v71c/M+rJ9Q+aqYyjBPCUOSLSCocLjJCyywo5C2pkQjynyOXIReggQi15CBEJiZZcqUsD/f39X/her/iOhX38qB8cjpOpsjW2DrbYi47ZCfsnF2wKhPsnj2yJ/ZsPVgv1qv1NmotWOOZVfajrPcvKdCf2Q==</latexit>

y↵ = (1 � ↵) f(x1) + ↵ f(x2)
<latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit><latexit sha1_base64="G+TLCMpQ71Ihs6NBRlMzhIruQSI=">AAACIHicbVDLSgNBEJz1GeMr6tHLYBAS1LAbBL0IohePCiYRkrD0jp1kcPbBTK8YlvyEn+BXeNWTN/Go4L+4u8nBV52qq7rp7vIiJQ3Z9rs1NT0zOzdfWCguLi2vrJbW1psmjLXAhghVqK88MKhkgA2SpPAq0gi+p7Dl3ZxmfusWtZFhcEnDCLs+9APZkwIoldzS7tBNOqCiAYyOKs7emFY7u73KnetUd8b1uKxX3VLZrtk5+F/iTEiZTXDulj4716GIfQxIKDCm7dgRdRPQJIXCUbETG4xA3EAf2ykNwEfTTfKvRnw7NkAhj1BzqXgu4veJBHxjhr6XdvpAA/Pby8T/vHZMvcNuIoMoJgxEtoikwnyREVqmcSG/lhqJILscuQy4AA1EqCUHIVIxTvMrpnk4v7//S5r1mmPXnIv98vHJJJkC22RbrMIcdsCO2Rk7Zw0m2D17ZE/s2XqwXqxX623cOmVNZjbYD1gfX5TeoYQ=</latexit>
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Concavity and Convexity

Definition
A function f : D ⊆ R → R is said to be convex in D if for all x1 and x2 in

D it holds that

f ((1 − α) x1 + α x2)≤ (1 − α) f (x1) + α f (x2) ,∀α ∈ [0, 1]

i.e. if the graph of the function is above the segment that joins (x1, f (x1))

with (x2, f (x2)).
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Concavity and Convexity

Theorem
A function f is convex on D if and only if

∀x1, x2, x3 ∈ D : x1 < x2 < x3 ⇒ f (x2)− f (x1)

x2 − x1
≤ f (x3)− f (x2)

x3 − x2
.

or, equivalently, if and only if

∀x1, x2, x3 ∈ D : x1 < x2 < x3 ⇒ f (x2)− f (x1)

x2 − x1
≤ f (x3)− f (x1)

x3 − x1
.
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Concavity and convexity

Proof. By definition of convexity

∀x , y ∈ D, ∀α ∈ [0, 1] ⇒ f (α x + (1 − α) y) ≤ α f (x) + (1 − α) f (y) (△).

Since x3 − x2 < x3 − x1 define α = x3−x2
x3−x1

∈ (0, 1). Then put α in the definition (△)

with x = x1 and y = x3

f (α x + (1 − α) y) = f

(
x3 − x2

x3 − x1
x1 +

(
1 − x3 − x2

x3 − x1

)
x3

)
= f

(
x3 − x2

x3 − x1
x1 +

x2 − x1

x3 − x1
x3

)
= f

(
���x3 x1 − x2 x1 + x2 x3 −���x1 x3

x3 − x1

)
= f

(
x2

x3 − x1

x3 − x1

)
= f (x2) .

Hence we can say that

f (x2) = f (α x + (1 − α) y) ≤ α f (x) + (1 − α) f (y) =
x3 − x2

x3 − x1
f (x1) +

x2 − x1

x3 − x1
f (x3)
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Concavity and convexity

Summary:

f (x2) = f (α x + (1 − α) y) ≤ α f (x) + (1 − α) f (y) =
x3 − x2

x3 − x1
f (x1) +

x2 − x1

x3 − x1
f (x3)

which implies

(x3 − x1) f (x2) ≤ (x3 − x2) f (x1) + (x2 − x1) f (x3)

⇔ (x3 − x1) f (x2) ≤ (x3 − x2) f (x1) + (+x3 − x3 + x2 − x1) f (x3)

⇔ (x3 − x1) f (x2) ≤ (x3 − x2) f (x1) + (x3 − x1 − (x3 − x2)) f (x3)

⇔ (x3 − x2) f (x3) + (x3 − x1) f (x2) ≤ (x3 − x2) f (x1) + (x3 − x1) f (x3)

⇔ (x3 − x2) f (x3)− (x3 − x2) f (x1) ≤ (x3 − x1) f (x3)− (x3 − x1) f (x2)

⇔ f (x3)− f (x1)

x3 − x1
≤ f (x3)− f (x2)

x3 − x2
.
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Concavity and convexity

Now we do similar computations as before

(x3 − x1) f (x2) ≤ (x3 − x2) f (x1) + (x2 − x1) f (x3)

⇔ (x3 − x1) f (x2) ≤ (x1 − x1 + x3 − x2) f (x1) + (x2 − x1) f (x3)

⇔ (x3 − x1) f (x2) ≤ (x3 − x1 − (x2 − x1)) f (x1) + (x2 − x1) f (x3)

⇔ (x3 − x1) f (x2)− (x3 − x1) f (x1) ≤ −(x2 − x1)f (x1) + (x2 − x1) f (x3)

⇔ (x3 − x1) (f (x2)− f (x1)) ≤ (x2 − x1) (f (x3)− f (x1))

⇔ f (x2)− f (x1)

x2 − x1
≤ f (x3)− f (x1)

x3 − x1
,

so summing up

f (x2)− f (x1)

x2 − x1
≤ f (x3)− f (x1)

x3 − x1
≤ f (x3)− f (x2)

x3 − x2
.

Since we used only double implications ⇔, the argument reverses throughout.
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Concavity and Convexity

Theorem
Let f : [a, b] → R be a function which is differentiable on (a, b).

Then f is convex on (a, b) ⇔ f ′ is increasing on (a, b).

Proof. ⇒. Consider four points a < x1 < x2 < x3 < x4 < b. By the

property of convex functions (used two times)

f (x2)− f (x1)

x2 − x1
≤ f (x3)− f (x2)

x3 − x2
≤ f (x4)− f (x3)

x4 − x3
.

Now let x2 → x+1 and x3 → x−4 obtaining (since f is differentiable!)

f ′ (x1) ≤ f ′ (x4) ,

the arbitrariness of x1 and x4 ⇒ f ′ is increasing on (a, b).
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Concavity and Convexity

Theorem
Let f : [a, b] → R be a function which is differentiable on (a, b).

Then f is convex on (a, b) ⇔ f ′ is increasing on (a, b).

Proof. ⇐. Consider three points a < x1 < x2 < x3 < b. By the mean

value theorem

∃α ∈ (x1, x2) :
f (x2)− f (x1)

x2 − x1
= f ′ (α)

and

∃β ∈ (x2, x3) :
f (x3)− f (x2)

x3 − x2
= f ′ (β) .

Since α < β then f ′ (α) ≤ f ′ (β) and hence

f (x2)− f (x1)

x2 − x1
≤ f (x3)− f (x2)

x3 − x2

which is the equivalent condition for convexity.
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Concavity and Convexity

Theorem
Let f : [a, b] → R be a function which is differentiable on (a, b).

Then f is convex on (a, b) ⇔ f ′ is increasing on (a, b).

Corollary

Let f : [a, b] → R be a function which is twice differentiable on (a, b).

Then f is convex on (a, b) ⇔ f ′′ (x) ≥ 0 for all x ∈ (a, b).

Theorem
Let f : [a, b] → R be a function which is differentiable on (a, b).

Then f is concave on (a, b) ⇔ f ′ is decreasing on (a, b).

Corollary

Let f : [a, b] → R be a function which is twice differentiable on (a, b).

Then f is concave on (a, b) ⇔ f ′′ (x) ≤ 0 for all x ∈ (a, b).
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Concavity and Convexity: The Second Derivative Test

Theorem

Let f : [a, b] → R be twice differentiable on (a, b) and let x0 ∈ (a, b) be such that
f ′ (x0) = 0.

If f ′′ (x0) > 0 then x0 is a local minimum.

If f ′′ (x0) < 0 then x0 is a local maximum.

Proof. Assume f ′′ (x0) > 0. Since f ′ (x0) = 0, we have

lim
h→0+

f ′ (x0 + h)− f ′ (x0)

h
= lim

h→0+

f ′ (x0 + h)

h
= f ′′ (x0) > 0

Which means that I can find an ε such that, for h > 0 and sufficiently small

0 < f ′′ (x0)− ε <
f ′ (x0 + h)

h
< f ′′ (x0) + ε ⇒ f ′ (x0 + h) > h

(
f ′′ (x0)− ε

)
> 0

hence the function is increasing in a right neighborhood of x0. Similarly, for h < 0 and
sufficiently small we get

f ′ (x0 + h) < h
(
f ′′ (x0)− ε

)
< 0,

hence the function is decreasing in a left neighborhood of x0, and hence x0 is a local
minimum.
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Concavity and Convexity: The Second Derivative Test

Theorem

Let f : [a, b] → R be twice differentiable on (a, b) and let x0 ∈ (a, b) be such that
f ′ (x0) = 0.

If f ′′ (x0) > 0 then x0 is a local minimum.

If f ′′ (x0) < 0 then x0 is a local maximum.

Proof. Assume f ′′ (x0) < 0. Since f ′ (x0) = 0, we have

lim
h→0+

f ′ (x0 + h)− f ′ (x0)

h
= lim

h→0+

f ′ (x0 + h)

h
= f ′′ (x0) < 0

Which means that I can find an ε such that, for h > 0 and sufficiently small

f ′′ (x0)− ε <
f ′ (x0 + h)

h
< f ′′ (x0) + ε < 0 ⇒ f ′ (x0 + h) < h

(
f ′′ (x0) + ε

)
< 0

hence the function is decreasing in a right neighborhood of x0. Similarly, for h < 0 and
sufficiently small we get

f ′ (x0 + h) > h
(
f ′′ (x0) + ε

)
> 0,

hence the function is increasing in a left neighborhood of x0, and hence x0 is a local
maximum.
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Concavity and Convexity: The Second Derivative Test

Exercize

Find minima/maxima of the following function

f (x) =
ln (x)

x

Solution. The function is defined in D = {x ∈ R | x > 0}. The first derivative is

f ′ (x) = (ln (x))′
1
x
+ ln (x)

(
1
x

)′

=
1
x2 − ln (x)

x2 =
1 − ln (x)

x2 .

Hence f ′ (x) = 0 if and only if x = e. Besides since

f ′′ (x) = (1 − ln (x))′
1
x2 + (1 − ln (x))

(
1
x2

)′

= − 1
x3 − 2

1 − ln (x)

x3 = −1 + 2 ln (x)

x3 ,

we have that
f ′′ (e) = − 3

e3 < 0 ⇒ x0 = e is a local maximum.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find minima/maxima of the following function

f (x) = ln (1 − ln (x))− ln (x) .

Solution. The domain of the function is determined by the two conditions



x > 0

1 − ln (x) > 0 ⇒ ln (x) < 1 ⇒ x < e
,

whence D = (0, e). The first derivative is

f ′ (x) = (ln (1 − ln (x)))′−(ln (x))′ =
1

1 − ln (x)

(
−1
x

)
−1
x
= − 2 − ln (x)

x (1 − ln (x))
,

hence f ′ (x) = 0 ⇔ x = e2. Nevertheless e2 /∈ D ⇒ the function has no

minimum no maximum in (0, e).
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Concavity and Convexity: The Second Derivative Test

Exercize
Find minima/maxima of the following function

f (x) =
ln (x)

x

Solution. The domain of the function is D = (0,+∞). The first

derivative is

f ′ (x) = (ln (x))′
1
x
+ ln (x)

(
1
x

)′
=

1
x2 − ln (x)

x2 =
1 − ln (x)

x2 ,

hence f ′ (x) = 0 ⇔ x = e.

f ′′ (x) = (1 − ln (x))′
1
x2 + (1 − ln (x))

(
1
x2

)′
= − 1

x3 − 2
1 − ln (x)

x3

= −3 − 2 ln (x)

x3 ⇒ f ′′ (e) = −3 − 2 ln (e)

x3 = − 1
e3 < 0, (0.2)

whence x = e is a local maximum.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find minima/maxima of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution. The domain of the function is determined by the two conditions



x > 0

1 + ln (x) > 0 ⇒ ln (x) > −1 ⇒ x > e−1 = 1
e

,

whence D =
(1
e ,+∞

)
.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find minima/maxima of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution. D =
(1
e ,+∞

)
. The first derivative is

f ′ (x) = (ln (1 + ln (x)))′ − (ln (x))′ =
1

x (1 + ln (x))
− 1

x

=
1 − 1 − ln (x)

x (1 + ln (x))
= − ln (x)

x (1 + ln (x))
,

hence f ′ (x) = 0 ⇔ x = 1.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find minima/maxima of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution. D =
(1
e ,+∞

)
. f ′ (x) = − ln(x)

x (1+ln(x)) . The second derivative is

f ′′ (x) = − (ln (x))′
1

x (1 + ln (x))
− ln (x)

(
1

x (1 + ln (x))

)′
=

= − 1
x2 (1 + ln (x))

+
ln (x)

x2 (1 + ln (x))2
(x (1 + ln (x)))′

= − 1
x2 (1 + ln (x))

+
ln (x)

x2 (1 + ln (x))2
(1 + ln (x) + 1)

=
− (1 + ln (x)) + ln (x) (2 + ln (x))

x2 (1 + ln (x))2
=

(ln (x))2 + ln (x)− 1
x2 (1 + ln (x))2

.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find minima/maxima of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution. Summary

D =

(
1
e
,+∞

)
, f ′ (x) = − ln (x)

x (1 + ln (x))
, f ′′ (x) =

(ln (x))2 + ln (x)− 1
x2 (1 + ln (x))2

.

Whence

f ′′ (1) =
−1
1

= −1 < 0 ⇒ x = 1 is a local maximum.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find concavity/convexity regions of the following function

f (x) = ln (1 + ln (x))− ln (x) .Solution. Summary

D =

(
1
e
,+∞

)
, f ′ (x) = − ln (x)

x (1 + ln (x))
, f ′′ (x) =

(ln (x))2 + ln (x)− 1
x2 (1 + ln (x))2

.

Whence

f ′′ (x) ≥ 0 ⇔ (ln (x))2 + ln (x)− 1 ≥ 0.

Call t = ln (x). We have f ′′ (x) ≥ 0 ⇔ t2 + t − 1 ≥ 0. The roots of the

polynomial t2 + t − 1 are t1,2 = −1±
√

1+4
2 = −1±

√
5

2 . Whence

f ′′ (x) ≥ 0 ⇔ t2 + t − 1 ≥ 0 ⇔ t ≤ −1 +
√

5
2

or t ≥
√

5 − 1
2

.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find concavity/convexity regions of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution. Summary

D =

(
1
e
,+∞

)
, f ′ (x) = − ln (x)

x (1 + ln (x))
, f ′′ (x) =

(ln (x))2 + ln (x)− 1
x2 (1 + ln (x))2

.

f ′′ (x) ≥ 0 ⇔ t2 + t − 1 ≥ 0 ⇔ t ≤ −1 +
√

5
2

or t ≥
√

5 − 1
2

.

Nevertheless t = ln (x) whence

t ≤ −1 +
√

5
2

⇒ ln (x) ≤ −1 +
√

5
2

⇒ x ≤ e−
1+

√
5

2 ,

Nevertheless e−
1+

√
5

2 < e−1 hence e−
1+

√
5

2 /∈ D, whence

f ′′ (x) ≥ 0 ⇔ x ≥ e
√

5−1
2 , and f ′′ (x) ≤ 0 ⇔ 1

e
< x ≤ e

√
5−1
2 .
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Concavity and Convexity: The Second Derivative Test

Exercize
Find concavity/convexity regions of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution. Summary

D =

(
1
e
,+∞

)
, f ′ (x) = − ln (x)

x (1 + ln (x))
, f ′′ (x) =

(ln (x))2 + ln (x)− 1
x2 (1 + ln (x))2

.

f ′′ (x) ≥ 0 ⇔ x ≥ e
√

5−1
2 , and f ′′ (x) ≤ 0 ⇔ 1

e
< x ≤ e

√
5−1
2 .

Which is the relative position of e
√

5−1
2 with respect to the critical point

x = 1 ? Consider that
√

5 ≈ 2.2361 then
√

5 − 1 > 0 and hence

e
−1+

√
5

2 > 1.
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Concavity and Convexity: The Second Derivative Test

Exercize
Find concavity/convexity regions of the following function

f (x) = ln (1 + ln (x))− ln (x) .

Solution.

Final summary

D =

(
1
e
,+∞

)
, f ′ (x) = − ln (x)

x (1 + ln (x))
, f ′′ (x) =

(ln (x))2 + ln (x)− 1
x2 (1 + ln (x))2

.

x0 = 1 is a local maximum

f ′′ (x) ≥ 0 ⇔ x ≥ e
√

5−1
2 and f ′′ (x) ≤ 0 ⇔ 1

e
< x ≤ e

√
5−1
2 .

e
−1+

√
5

2 > 1
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<latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit>

x =
1

e
⇡ 0.3679

<latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit>
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<latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit>

x = 1
<latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit>

x =

p
5 � 1

2
⇡ 3.4421

<latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit>
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<latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit>

x = 1
<latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit>

x =

p
5 � 1

2
⇡ 3.4421

<latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit>

inc
rea
sin
g

62/120



0 1 2 3 4 5
-10

-8

-6

-4

-2

0

x =
1

e
⇡ 0.3679

<latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit>

x = 1
<latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit>

x =

p
5 � 1

2
⇡ 3.4421

<latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit>
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<latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit>

x = 1
<latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit>

x =

p
5 � 1

2
⇡ 3.4421

<latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit><latexit sha1_base64="InyUmH5I79X+psszdhkONJN9AHc=">AAACGHicbVC7TsNAEDzzJrwClDQnAhINkR2CoEGKoKEEiYRIcRStjw2cONvH3RolsvwDfAJfQQsVHaKlo+BfcEIKXlONZna1OxNoJS257rszNj4xOTU9M1uYm19YXCourzRsnBiBdRGr2DQDsKhkhHWSpLCpDUIYKDwPro8G/vktGivj6Iz6GtshXEayKwVQLnWKG70Dv2tApL69MZTuZttellYyH7Q2cY/vlKvVitcpltyyOwT/S7wRKbERTjrFD/8iFkmIEQkF1rY8V1M7BUNSKMwKfmJRg7iGS2zlNIIQbTsdpsn4ZmKBYq7RcKn4UMTvGymE1vbDIJ8Mga7sb28g/ue1Eurut1MZ6YQwEoNDJBUOD1lhZF4T8gtpkAgGnyOXERdggAiN5CBELiZ5b4W8D+93+r+kUSl7btk7rZZqh6NmZtgaW2dbzGN7rMaO2QmrM8Hu2AN7ZE/OvfPsvDivX6Njzmhnlf2A8/YJLtmfWg==</latexit>
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<latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit><latexit sha1_base64="DwIINlGiBC7L2W1f62pM6UZ4K30=">AAACEHicbVC7TsNAEDzzJrwClFCciJCoIhsQjwIpgoYySASQ4ihaXzbhlLN9ulsjkOWGT+AraKGiQ7T8AQX/ghNcQGCq0cyudmcCraQl1/1wxsYnJqemZ2ZLc/MLi0vl5ZULGydGYEPEKjZXAVhUMsIGSVJ4pQ1CGCi8DPonA//yBo2VcXROdxpbIfQi2ZUCKJfa5fXbI79rQKRelmLmg9YmvuXcre7s7R+2yxW36g7B/xKvIBVWoN4uf/qdWCQhRiQUWNv0XE2tFAxJoTAr+YlFDaIPPWzmNIIQbSsdpsj4ZmKBYq7RcKn4UMSfGymE1t6FQT4ZAl3bUW8g/uc1E+oetFIZ6YQwEoNDJBUOD1lhZF4P8o40SASDz5HLiAswQIRGchAiF5O8r1Lehzea/i+52K56btU7263UjotmZtga22BbzGP7rMZOWZ01mGD37JE9sWfnwXlxXp2379Exp9hZZb/gvH8BwCKb6A==</latexit>

x = 1
<latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit><latexit sha1_base64="WDARkMKcbyRUBCuTLNrCBiU2oRg=">AAAB9XicbVC7TsNAEDzzDOEVoKQ5ESFRRTZCggYpgoYyCPKQEitaXzbhlPNDd2sgsvIJtFDRIVq+h4J/wTYuIGGq0cyudna8SElDtv1pLSwuLa+sltbK6xubW9uVnd2WCWMtsClCFeqOBwaVDLBJkhR2Io3gewrb3vgy89v3qI0Mg1uaROj6MArkUAqgVLp5PHf6lapds3PweeIUpMoKNPqVr94gFLGPAQkFxnQdOyI3AU1SKJyWe7HBCMQYRthNaQA+GjfJo075YWyAQh6h5lLxXMTfGwn4xkx8L530ge7MrJeJ/3ndmIZnbiKDKCYMRHaIpML8kBFaph0gH0iNRJAlRy4DLkADEWrJQYhUjNNSymkfzuz386R1XHPsmnN9Uq1fFM2U2D47YEfMYaeszq5YgzWZYCP2xJ7Zi/VgvVpv1vvP6IJV7OyxP7A+vgF9F5ID</latexit>

x =

p
5 � 1

2
⇡ 3.4421
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Optimization

Exercize
Monopolistic manufacturer.

p (x) = p0 − x = Price per unit to sell x units

c (x) = c0 + α x = Cost to produce x units

R (x) = x p (x) = x p0 − x2 = Total revenues

Π (x) = R (x)− c (x) = x (p0 − α)− x2 − c0 = Net profit.

Remark. Only 0 ≤ x ≤ p0 are admissible.
1 Determine the x∗ that maximizes profit. Does such an x∗ exist for any

p0 and α?
2 What is the maximum profit?
3 Which is the maximum value for c0 that guarantees a positive

maximum profit?
4 What price per unit must be charged in order to maximize the profit?
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Optimization

p (x) = p0 − x = Price per unit to sell x units

c (x) = c0 + α x = Cost to produce x units

R (x) = x p (x) = x p0 − x2 = Total revenues

Π (x) = R (x)− c (x) = x (p0 − α)− x2 − c0 = Net profit.

Determine x∗ that maximizes profit. Does such an x∗ ∃ ∀ p0 and α?

Π′ (x) = p0 − α− 2 x ⇒ Π′ (x∗) = 0 ⇔ p0 − α− 2 x∗ = 0 ⇔ x∗ =
p0 − α

2
Besides

Π′′ (x) = −2 ⇒ x∗ is a maximum.

Finally

x∗ ∈ [0, p0] ⇔ p0 ≥ α.
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Optimization

p (x) = p0 − x = Price per unit to sell x units

c (x) = c0 + α x = Cost to produce x units

R (x) = x p (x) = x p0 − x2 = Total revenues

Π (x) = R (x)− c (x) = x (p0 − α)− x2 − c0 = Net profit.

What is the maximum profit?

x∗ =
p0 − α

2
⇒

Π (x∗) =
p0 − α

2
(p0 − α)− (p0 − α)2

4
− c0 =

(p0 − α)2

4
− c0.

Which is the max. c0 that guarantees a positive maximum profit?

Π (x∗) > 0 ⇔ c0 <
(p0 − α)2

4
.

If c0 = cost of the production plant ≥ (p0−α)2

4 no production.
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Optimization

p (x) = p0 − x = Price per unit to sell x units

c (x) = c0 + α x = Cost to produce x units

R (x) = x p (x) = x p0 − x2 = Total revenues

Π (x) = R (x)− c (x) = x (p0 − α)− x2 − c0 = Net profit.

What price per unit must be charged in order to maximize the profit?

x∗ =
p0 − α

2
⇒ p (x∗) = p0 −

p0 − α

2
=

1
2
(p0 + α) .
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Optimization

Exercize
Let αn > 0 be a positive sequence.

cn (x) = ln
(
αn + x2) = cost of producing x units at time t = n

r (x) = ln (x) = revenues

πn (x) = r (x)− cn (x) = ln (x)− ln
(
αn + x2) = Net profit.

Determine, at each time n, the optimal amount xn of units that must

be produced.

Assume αn = 1
4n .

Which is the first date (i.e. the first n) in which the producer faces a

strictly positive optimal profit?

Which is the total amount produced from the initial time (n = 0) to

infinity (n = ∞)?
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Optimization

cn (x) = ln
(
αn + x2) = cost of producing x units at time t = n

r (x) = ln (x) = revenues

πn (x) = r (x)− cn (x) = ln (x)− ln
(
αn + x2) = Net profit.

Determine, at each time n, the optimal amount xn.

π′
n (x) =

1
x
− 2 x
αn + x2 =

αn + x2 − 2 x2

x (αn + x2)
=

αn − x2

x (αn + x2)
= 0 ⇔ xn = ±√

αn,

only xn = +
√
αn is admissible. Since

π′′
n (x) =

−2 x
x (αn + x2)

− αn − x2

x2 (αn + x2)2
(
αn + x2 + 2 x2) ,

we get

π′′
n (xn) = − 2

√
αn

2αn
√
αn

< 0,

whence xn =
√
αn is a maximum.
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Optimization

Assume αn = 1
4n

cn (x) = ln

(
1
4n

+ x2
)

= cost of producing x units at time t = n

r (x) = ln (x) = revenues

πn (x) = r (x)− cn (x) = ln (x)− ln

(
1
4n

+ x2
)

= Net profit.

Which is the first date in which the producer faces a strictly positive

optimal profit?

πn (xn) = ln

(
2n

2

)
⇒





π0 (x0) = ln (1/2) < 0

π1 (x1) = πn (x1) = ln (1) = 0

π2 (x1) = ln (2) > 0.

so the answer is n = 2.
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Optimization

Assume αn = 1
4n

cn (x) = ln

(
1
4n

+ x2
)

= cost of producing x units at time t = n

r (x) = ln (x) = revenues

πn (x) = r (x)− cn (x) = ln (x)− ln

(
1
4n

+ x2
)

= Net profit.

Which is the total amount produced from the initial time (n = 0) to

infinity (n = ∞)?

Remember that xn =
√
αn = 1

2n .

The total amount produced is

∞∑

n=0

xn =
∞∑

n=0

1
2n

=
1

1 − 1
2
= 2.
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Optimization

Exercize

Find the point on the graph of y =
√
x nearest to the point (4, 0).
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<latexit sha1_base64="Ame6heohZRAY5DxrPqiFtCeKZ0A=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMQQcKuBPQY9OIxgmsCyRJmJ504ZPbBTK8QQr7Bq568iVc/x4P/4u66B02sU1HVTVeXHytpyLY/rdLK6tr6RnmzsrW9s7tX3T+4N1GiBboiUpHu+tygkiG6JElhN9bIA19hx59cZ37nEbWRUXhH0xi9gI9DOZKCUyq59eaZfTqo1uyGnYMtE6cgNSjQHlS/+sNIJAGGJBQ3pufYMXkzrkkKhfNKPzEYczHhY+ylNOQBGm+Wh52zk8RwiliMmknFchF/b8x4YMw08NPJgNODWfQy8T+vl9Do0pvJME4IQ5EdIqkwP2SElmkLyIZSIxHPkiOTIRNccyLUknEhUjFJa6mkfTiL3y+T+/OGYzec22atdVU0U4YjOIY6OHABLbiBNrggQMITPMOLNbVerTfr/We0ZBU7h/AH1sc3v8uSEg==</latexit><latexit sha1_base64="Ame6heohZRAY5DxrPqiFtCeKZ0A=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMQQcKuBPQY9OIxgmsCyRJmJ504ZPbBTK8QQr7Bq568iVc/x4P/4u66B02sU1HVTVeXHytpyLY/rdLK6tr6RnmzsrW9s7tX3T+4N1GiBboiUpHu+tygkiG6JElhN9bIA19hx59cZ37nEbWRUXhH0xi9gI9DOZKCUyq59eaZfTqo1uyGnYMtE6cgNSjQHlS/+sNIJAGGJBQ3pufYMXkzrkkKhfNKPzEYczHhY+ylNOQBGm+Wh52zk8RwiliMmknFchF/b8x4YMw08NPJgNODWfQy8T+vl9Do0pvJME4IQ5EdIqkwP2SElmkLyIZSIxHPkiOTIRNccyLUknEhUjFJa6mkfTiL3y+T+/OGYzec22atdVU0U4YjOIY6OHABLbiBNrggQMITPMOLNbVerTfr/We0ZBU7h/AH1sc3v8uSEg==</latexit><latexit sha1_base64="Ame6heohZRAY5DxrPqiFtCeKZ0A=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMQQcKuBPQY9OIxgmsCyRJmJ504ZPbBTK8QQr7Bq568iVc/x4P/4u66B02sU1HVTVeXHytpyLY/rdLK6tr6RnmzsrW9s7tX3T+4N1GiBboiUpHu+tygkiG6JElhN9bIA19hx59cZ37nEbWRUXhH0xi9gI9DOZKCUyq59eaZfTqo1uyGnYMtE6cgNSjQHlS/+sNIJAGGJBQ3pufYMXkzrkkKhfNKPzEYczHhY+ylNOQBGm+Wh52zk8RwiliMmknFchF/b8x4YMw08NPJgNODWfQy8T+vl9Do0pvJME4IQ5EdIqkwP2SElmkLyIZSIxHPkiOTIRNccyLUknEhUjFJa6mkfTiL3y+T+/OGYzec22atdVU0U4YjOIY6OHABLbiBNrggQMITPMOLNbVerTfr/We0ZBU7h/AH1sc3v8uSEg==</latexit><latexit sha1_base64="Ame6heohZRAY5DxrPqiFtCeKZ0A=">AAAB93icbVDLSgNBEOyNrxhfUY9eBoMQQcKuBPQY9OIxgmsCyRJmJ504ZPbBTK8QQr7Bq568iVc/x4P/4u66B02sU1HVTVeXHytpyLY/rdLK6tr6RnmzsrW9s7tX3T+4N1GiBboiUpHu+tygkiG6JElhN9bIA19hx59cZ37nEbWRUXhH0xi9gI9DOZKCUyq59eaZfTqo1uyGnYMtE6cgNSjQHlS/+sNIJAGGJBQ3pufYMXkzrkkKhfNKPzEYczHhY+ylNOQBGm+Wh52zk8RwiliMmknFchF/b8x4YMw08NPJgNODWfQy8T+vl9Do0pvJME4IQ5EdIqkwP2SElmkLyIZSIxHPkiOTIRNccyLUknEhUjFJa6mkfTiL3y+T+/OGYzec22atdVU0U4YjOIY6OHABLbiBNrggQMITPMOLNbVerTfr/We0ZBU7h/AH1sc3v8uSEg==</latexit>
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<latexit sha1_base64="bmHur5S5whCZzrNf8PJEq/8WrW0=">AAAB/nicbVDLSsNAFJ3UV62vqks3g0WoICURQZdFNy4r2Ae0oUymt3XoJBlnbqQlFPwKt7pyJ279FRf+i0nMQlvP6nDOvdxzj6ekMGjbn1ZhaXllda24XtrY3NreKe/utUwYaQ5NHspQdzxmQIoAmihQQkdpYL4noe2Nr1K//QDaiDC4xakC12ejQAwFZ5hIverkpGfuNcaT2XG/XLFrdga6SJycVEiORr/81RuEPPIhQC6ZMV3HVujGTKPgEmalXmRAMT5mI+gmNGA+GDfOMs/oUWQYhlSBpkLSTITfGzHzjZn6XjLpM7wz814q/ud1IxxeuLEIVIQQ8PQQCgnZIcO1SMoAOhAaEFmaHKgIKGeaIYIWlHGeiFHSTinpw5n/fpG0TmuOXXNuzir1y7yZIjkgh6RKHHJO6uSaNEiTcKLIE3kmL9aj9Wq9We8/owUr39knf2B9fAOO2JYC</latexit><latexit sha1_base64="bmHur5S5whCZzrNf8PJEq/8WrW0=">AAAB/nicbVDLSsNAFJ3UV62vqks3g0WoICURQZdFNy4r2Ae0oUymt3XoJBlnbqQlFPwKt7pyJ279FRf+i0nMQlvP6nDOvdxzj6ekMGjbn1ZhaXllda24XtrY3NreKe/utUwYaQ5NHspQdzxmQIoAmihQQkdpYL4noe2Nr1K//QDaiDC4xakC12ejQAwFZ5hIverkpGfuNcaT2XG/XLFrdga6SJycVEiORr/81RuEPPIhQC6ZMV3HVujGTKPgEmalXmRAMT5mI+gmNGA+GDfOMs/oUWQYhlSBpkLSTITfGzHzjZn6XjLpM7wz814q/ud1IxxeuLEIVIQQ8PQQCgnZIcO1SMoAOhAaEFmaHKgIKGeaIYIWlHGeiFHSTinpw5n/fpG0TmuOXXNuzir1y7yZIjkgh6RKHHJO6uSaNEiTcKLIE3kmL9aj9Wq9We8/owUr39knf2B9fAOO2JYC</latexit><latexit sha1_base64="bmHur5S5whCZzrNf8PJEq/8WrW0=">AAAB/nicbVDLSsNAFJ3UV62vqks3g0WoICURQZdFNy4r2Ae0oUymt3XoJBlnbqQlFPwKt7pyJ279FRf+i0nMQlvP6nDOvdxzj6ekMGjbn1ZhaXllda24XtrY3NreKe/utUwYaQ5NHspQdzxmQIoAmihQQkdpYL4noe2Nr1K//QDaiDC4xakC12ejQAwFZ5hIverkpGfuNcaT2XG/XLFrdga6SJycVEiORr/81RuEPPIhQC6ZMV3HVujGTKPgEmalXmRAMT5mI+gmNGA+GDfOMs/oUWQYhlSBpkLSTITfGzHzjZn6XjLpM7wz814q/ud1IxxeuLEIVIQQ8PQQCgnZIcO1SMoAOhAaEFmaHKgIKGeaIYIWlHGeiFHSTinpw5n/fpG0TmuOXXNuzir1y7yZIjkgh6RKHHJO6uSaNEiTcKLIE3kmL9aj9Wq9We8/owUr39knf2B9fAOO2JYC</latexit><latexit sha1_base64="bmHur5S5whCZzrNf8PJEq/8WrW0=">AAAB/nicbVDLSsNAFJ3UV62vqks3g0WoICURQZdFNy4r2Ae0oUymt3XoJBlnbqQlFPwKt7pyJ279FRf+i0nMQlvP6nDOvdxzj6ekMGjbn1ZhaXllda24XtrY3NreKe/utUwYaQ5NHspQdzxmQIoAmihQQkdpYL4noe2Nr1K//QDaiDC4xakC12ejQAwFZ5hIverkpGfuNcaT2XG/XLFrdga6SJycVEiORr/81RuEPPIhQC6ZMV3HVujGTKPgEmalXmRAMT5mI+gmNGA+GDfOMs/oUWQYhlSBpkLSTITfGzHzjZn6XjLpM7wz814q/ud1IxxeuLEIVIQQ8PQQCgnZIcO1SMoAOhAaEFmaHKgIKGeaIYIWlHGeiFHSTinpw5n/fpG0TmuOXXNuzir1y7yZIjkgh6RKHHJO6uSaNEiTcKLIE3kmL9aj9Wq9We8/owUr39knf2B9fAOO2JYC</latexit>

p
x

<latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit>

x
<latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit><latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit><latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit><latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit>
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x

<latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit>

x
<latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit><latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit><latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit><latexit sha1_base64="xkc78HWoCWaqRyJi3LYsRV9Sgos=">AAAB83icbVC7TsNAEFzzDOEVoKQ5ESFRRTZCgjKChjKRyENKrOh82YRTzmfrbo2IonwBLVR0iJYPouBfsI0LSJhqNLOrnZ0gVtKS6346K6tr6xubpa3y9s7u3n7l4LBto8QIbIlIRaYbcItKamyRJIXd2CAPA4WdYHKT+Z0HNFZG+o6mMfohH2s5koJTKjUfB5WqW3NzsGXiFaQKBRqDyld/GIkkRE1CcWt7nhuTP+OGpFA4L/cTizEXEz7GXko1D9H6szzonJ0mllPEYjRMKpaL+HtjxkNrp2GQToac7u2il4n/eb2ERlf+TOo4IdQiO0RSYX7ICiPTBpANpUEiniVHJjUT3HAiNJJxIVIxSSspp314i98vk/Z5zXNrXvOiWr8uminBMZzAGXhwCXW4hQa0QADCEzzDi5M4r86b8/4zuuIUO0fwB87HN4aJkYE=</latexit>

x � 4
<latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit><latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit><latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit><latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit>
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<latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit><latexit sha1_base64="4xD7oV9QAv6fJBR6uanViiJaa8Q=">AAAB+nicbVC7TsNAEDyHVwivACXNiQiJKrIREpQRNJRBIg8psaL1ZRNOOT+4WyMik5+ghYoO0fIzFPwLtnEBCVONZna1s+NFShqy7U+rtLS8srpWXq9sbG5t71R399omjLXAlghVqLseGFQywBZJUtiNNILvKex4k8vM79yjNjIMbmgaoevDOJAjKYBSqds3d5qSh9mgWrPrdg6+SJyC1FiB5qD61R+GIvYxIKHAmJ5jR+QmoEkKhbNKPzYYgZjAGHspDcBH4yZ53hk/ig1QyCPUXCqei/h7IwHfmKnvpZM+0K2Z9zLxP68X0+jcTWQQxYSByA6RVJgfMkLLtAjkQ6mRCLLkyGXABWggQi05CJGKcdpMJe3Dmf9+kbRP6o5dd65Pa42LopkyO2CH7Jg57Iw12BVrshYTTLEn9sxerEfr1Xqz3n9GS1axs8/+wPr4BnFVlOU=</latexit>

x � 4
<latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit><latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit><latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit><latexit sha1_base64="pB2AjsKd1i6ugi0Kp82tnucdVZ8=">AAAB9XicbVC7TsNAEFyHVwivACXNiQiJhshGkaCMoKEMgjykJIrOl0045fzQ3RqIrHwCLVR0iJbvoeBfsI0LSJhqNLOrnR03VNKQbX9ahaXlldW14nppY3Nre6e8u9cyQaQFNkWgAt1xuUElfWySJIWdUCP3XIVtd3KZ+u171EYG/i1NQ+x7fOzLkRScEunm8aQ2KFfsqp2BLRInJxXI0RiUv3rDQEQe+iQUN6br2CH1Y65JCoWzUi8yGHIx4WPsJtTnHpp+nEWdsaPIcApYiJpJxTIRf2/E3DNm6rnJpMfpzsx7qfif141odN6PpR9GhL5ID5FUmB0yQsukA2RDqZGIp8mRSZ8JrjkRasm4EIkYJaWUkj6c+e8XSeu06thV57pWqV/kzRThAA7hGBw4gzpcQQOaIGAMT/AML9aD9Wq9We8/owUr39mHP7A+vgFoxJH2</latexit>

q (x
�

4)
2
+

�p
x
� 2

<latexit sha1_base64="kz0o3zIMYhzhXgA6vbqwbG3oYEg=">AAACGnicbZDJTgJBEIZ7cEPcRj166Ug0GCOZISR6JHrxiIksCYOkpymgQ89id42BTHgDH8Gn8Konb8arFw++i8NyULBOf76/KlX1u6EUGi3ry0gtLa+srqXXMxubW9s75u5eVQeR4lDhgQxU3WUapPChggIl1EMFzHMl1Nz+1divPYDSIvBvcRhC02NdX3QEZ5iglnns6HuFcW5wVjy5K5w6EjqYm7LByFGi28OEj1pm1spbk6KLwp6JLJlVuWV+O+2ARx74yCXTumFbITZjplBwCaOME2kIGe+zLjQS6TMPdDOe/DOiR5FmGNAQFBWSTiD8noiZp/XQc5NOj2FPz3tj+J/XiLBz0YyFH0YIPh8vQiFhskhzJZKggLaFAkQ2vhyo8ClniiGCEpRxnsAoSS6T5GHPf78oqoW8beXtm2K2dDlLJk0OyCHJEZuckxK5JmVSIZw8kmfyQl6NJ+PNeDc+pq0pYzazT/6U8fkDbDGgpw==</latexit><latexit sha1_base64="kz0o3zIMYhzhXgA6vbqwbG3oYEg=">AAACGnicbZDJTgJBEIZ7cEPcRj166Ug0GCOZISR6JHrxiIksCYOkpymgQ89id42BTHgDH8Gn8Konb8arFw++i8NyULBOf76/KlX1u6EUGi3ry0gtLa+srqXXMxubW9s75u5eVQeR4lDhgQxU3WUapPChggIl1EMFzHMl1Nz+1divPYDSIvBvcRhC02NdX3QEZ5iglnns6HuFcW5wVjy5K5w6EjqYm7LByFGi28OEj1pm1spbk6KLwp6JLJlVuWV+O+2ARx74yCXTumFbITZjplBwCaOME2kIGe+zLjQS6TMPdDOe/DOiR5FmGNAQFBWSTiD8noiZp/XQc5NOj2FPz3tj+J/XiLBz0YyFH0YIPh8vQiFhskhzJZKggLaFAkQ2vhyo8ClniiGCEpRxnsAoSS6T5GHPf78oqoW8beXtm2K2dDlLJk0OyCHJEZuckxK5JmVSIZw8kmfyQl6NJ+PNeDc+pq0pYzazT/6U8fkDbDGgpw==</latexit><latexit sha1_base64="kz0o3zIMYhzhXgA6vbqwbG3oYEg=">AAACGnicbZDJTgJBEIZ7cEPcRj166Ug0GCOZISR6JHrxiIksCYOkpymgQ89id42BTHgDH8Gn8Konb8arFw++i8NyULBOf76/KlX1u6EUGi3ry0gtLa+srqXXMxubW9s75u5eVQeR4lDhgQxU3WUapPChggIl1EMFzHMl1Nz+1divPYDSIvBvcRhC02NdX3QEZ5iglnns6HuFcW5wVjy5K5w6EjqYm7LByFGi28OEj1pm1spbk6KLwp6JLJlVuWV+O+2ARx74yCXTumFbITZjplBwCaOME2kIGe+zLjQS6TMPdDOe/DOiR5FmGNAQFBWSTiD8noiZp/XQc5NOj2FPz3tj+J/XiLBz0YyFH0YIPh8vQiFhskhzJZKggLaFAkQ2vhyo8ClniiGCEpRxnsAoSS6T5GHPf78oqoW8beXtm2K2dDlLJk0OyCHJEZuckxK5JmVSIZw8kmfyQl6NJ+PNeDc+pq0pYzazT/6U8fkDbDGgpw==</latexit><latexit sha1_base64="kz0o3zIMYhzhXgA6vbqwbG3oYEg=">AAACGnicbZDJTgJBEIZ7cEPcRj166Ug0GCOZISR6JHrxiIksCYOkpymgQ89id42BTHgDH8Gn8Konb8arFw++i8NyULBOf76/KlX1u6EUGi3ry0gtLa+srqXXMxubW9s75u5eVQeR4lDhgQxU3WUapPChggIl1EMFzHMl1Nz+1divPYDSIvBvcRhC02NdX3QEZ5iglnns6HuFcW5wVjy5K5w6EjqYm7LByFGi28OEj1pm1spbk6KLwp6JLJlVuWV+O+2ARx74yCXTumFbITZjplBwCaOME2kIGe+zLjQS6TMPdDOe/DOiR5FmGNAQFBWSTiD8noiZp/XQc5NOj2FPz3tj+J/XiLBz0YyFH0YIPh8vQiFhskhzJZKggLaFAkQ2vhyo8ClniiGCEpRxnsAoSS6T5GHPf78oqoW8beXtm2K2dDlLJk0OyCHJEZuckxK5JmVSIZw8kmfyQl6NJ+PNeDc+pq0pYzazT/6U8fkDbDGgpw==</latexit>
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Optimization

Exercize

Find the point on the graph of y =
√
x nearest to the point (4, 0).

Solution. We have to find, if it exists, the minimum of

f (x) =

√
(x − 4)2 +

(√
x
)2

=

√
(x − 4)2 + x =

(
(x − 4)2 + x

) 1
2
.

By the rule of derivation of composite functions:

(g (x)α)′ = α (g (x))α−1 g ′ (x) ⇒
(
g (x)

1
2

)′
=

1
2
(g (x))−

1
2 g ′ (x) .

Hence

f ′ (x) =

(
(x − 4)2 + x

)′

2
√

(x − 4)2 + x
=

(2 (x − 4) + 1)

2
√
(x − 4)2 + x

=
(2 x − 7)

2
√
(x − 4)2 + x
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Optimization

Exercize

Find the point on the graph of y =
√
x nearest to the point (4, 0).

Solution. Summary

f (x) =
(
(x − 4)2 + x

) 1
2
, f ′ (x) =

(2 x − 7)

2
√

(x − 4)2 + x
.

Whence f ′ (x) = 0 ⇔ x = 7
2 . Is it a minimum?

f ′′ (x) = (2 x − 7)′
1

2
√
(x − 4)2 + x

+ (2 x − 7)


 1

2
√
(x − 4)2 + x




′

=
2

2
√

(x − 4)2 + x
− 1

2
(2 x − 7)

2
(
(x − 4)2 + x

)3/2 ⇒ f ′′
(

7
2

)
> 0
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<latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit>
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<latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit>

x =
p

3.5 = 1.8708...
<latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit><latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit><latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit><latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit>
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<latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit><latexit sha1_base64="0rHBNQRSJg7IrhBuCVbzKWPRYuM=">AAACBXicbVC7TgJBFJ31ifgCLW0mEhMrsosabEiINpaYyCMBQu4OF5ww+8jMXZVsqP0KW63sjK3fYeG/uKwUCp7q5Jx7c889bqikIdv+tJaWV1bX1jMb2c2t7Z3dXH6vYYJIC6yLQAW65YJBJX2skySFrVAjeK7Cpju6nPrNO9RGBv4NjUPsejD05UAKoETq5fIPlc5Ag4jLk7g0qZwUz3q5gl20U/BF4sxIgc1Q6+W+Ov1ARB76JBQY03bskLoxaJJC4STbiQyGIEYwxHZCffDQdOM0+oQfRQYo4CFqLhVPRfy9EYNnzNhzk0kP6NbMe1PxP68d0eC8G0s/jAh9MT1EUmF6yAgtk06Q96VGIpgmRy59LkADEWrJQYhEjJKSskkfzvz3i6RRKjp20bk+LVQvZs1k2AE7ZMfMYWVWZVesxupMsHv2xJ7Zi/VovVpv1vvP6JI129lnf2B9fAPlwJez</latexit>

x =
p

3.5 = 1.8708...
<latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit><latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit><latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit><latexit sha1_base64="dqhleQ386OzgDrAO3P+1kEO7GwE=">AAACCnicbVC7TsNAEDyHVwgvAxINzYkIicqyeShpIkXQUAaJPKTEis6XTTjl/OBujYhM/oCvoIWKDtHyExT8C05wAQlTjWZ2tbPjRVJotO1PI7ewuLS8kl8trK1vbG6Z2zsNHcaKQ52HMlQtj2mQIoA6CpTQihQw35PQ9IYXE795B0qLMLjGUQSuzwaB6AvOMJW65t59paNvFSYn1tm44ljlkl22LKtrFm3LnoLOEycjRZKh1jW/Or2Qxz4EyCXTuu3YEboJUyi4hHGhE2uIGB+yAbRTGjAftJtM84/pYawZhjQCRYWkUxF+byTM13rke+mkz/BGz3oT8T+vHWO/7CYiiGKEgE8OoZAwPaS5EmkxQHtCASKbJAcqAsqZYoigBGWcp2KcNlVI+3Bmv58njWPLsS3n6rRYPc+ayZN9ckCOiENKpEouSY3UCScP5Ik8kxfj0Xg13oz3n9Gcke3skj8wPr4BlzmYcg==</latexit>

p
(3.5 � 4)2 + 3.5 = 1.9365...

<latexit sha1_base64="w0yrjC81Vz9xhyiYdBpOKqlSdik=">AAACEnicbVDJSgNBFOyJW4xb1KMgjUGIiMNMFpeDEPTiMYJZIImhp/MSm/Qsdr8RwpCbn+BXeNWTN/HqD3jwX5zEHNRYp6LqPd6rcgIpNFrWh5GYmZ2bX0guppaWV1bX0usbVe2HikOF+9JXdYdpkMKDCgqUUA8UMNeRUHP65yO/dgdKC9+7wkEALZf1PNEVnGEstdPbTX2rMMrmzeJBYe86tx+T4altnuQPi6ZpttMZy7TGoNPEnpAMmaDcTn82Oz4PXfCQS6Z1w7YCbEVMoeAShqlmqCFgvM960Iipx1zQrWicY0h3Q83QpwEoKiQdi/BzI2Ku1gPXiSddhjf6rzcS//MaIXaPW5HwghDB46NDKCSMD2muRFwQ0I5QgMhGnwMVHuVMMURQgjLOYzGMG0vFfdh/00+Tas60LdO+LGRKZ5NmkmSL7JAssckRKZELUiYVwsk9eSRP5Nl4MF6MV+PtezRhTHY2yS8Y71/6Y5oQ</latexit><latexit sha1_base64="w0yrjC81Vz9xhyiYdBpOKqlSdik=">AAACEnicbVDJSgNBFOyJW4xb1KMgjUGIiMNMFpeDEPTiMYJZIImhp/MSm/Qsdr8RwpCbn+BXeNWTN/HqD3jwX5zEHNRYp6LqPd6rcgIpNFrWh5GYmZ2bX0guppaWV1bX0usbVe2HikOF+9JXdYdpkMKDCgqUUA8UMNeRUHP65yO/dgdKC9+7wkEALZf1PNEVnGEstdPbTX2rMMrmzeJBYe86tx+T4altnuQPi6ZpttMZy7TGoNPEnpAMmaDcTn82Oz4PXfCQS6Z1w7YCbEVMoeAShqlmqCFgvM960Iipx1zQrWicY0h3Q83QpwEoKiQdi/BzI2Ku1gPXiSddhjf6rzcS//MaIXaPW5HwghDB46NDKCSMD2muRFwQ0I5QgMhGnwMVHuVMMURQgjLOYzGMG0vFfdh/00+Tas60LdO+LGRKZ5NmkmSL7JAssckRKZELUiYVwsk9eSRP5Nl4MF6MV+PtezRhTHY2yS8Y71/6Y5oQ</latexit><latexit sha1_base64="w0yrjC81Vz9xhyiYdBpOKqlSdik=">AAACEnicbVDJSgNBFOyJW4xb1KMgjUGIiMNMFpeDEPTiMYJZIImhp/MSm/Qsdr8RwpCbn+BXeNWTN/HqD3jwX5zEHNRYp6LqPd6rcgIpNFrWh5GYmZ2bX0guppaWV1bX0usbVe2HikOF+9JXdYdpkMKDCgqUUA8UMNeRUHP65yO/dgdKC9+7wkEALZf1PNEVnGEstdPbTX2rMMrmzeJBYe86tx+T4altnuQPi6ZpttMZy7TGoNPEnpAMmaDcTn82Oz4PXfCQS6Z1w7YCbEVMoeAShqlmqCFgvM960Iipx1zQrWicY0h3Q83QpwEoKiQdi/BzI2Ku1gPXiSddhjf6rzcS//MaIXaPW5HwghDB46NDKCSMD2muRFwQ0I5QgMhGnwMVHuVMMURQgjLOYzGMG0vFfdh/00+Tas60LdO+LGRKZ5NmkmSL7JAssckRKZELUiYVwsk9eSRP5Nl4MF6MV+PtezRhTHY2yS8Y71/6Y5oQ</latexit><latexit sha1_base64="w0yrjC81Vz9xhyiYdBpOKqlSdik=">AAACEnicbVDJSgNBFOyJW4xb1KMgjUGIiMNMFpeDEPTiMYJZIImhp/MSm/Qsdr8RwpCbn+BXeNWTN/HqD3jwX5zEHNRYp6LqPd6rcgIpNFrWh5GYmZ2bX0guppaWV1bX0usbVe2HikOF+9JXdYdpkMKDCgqUUA8UMNeRUHP65yO/dgdKC9+7wkEALZf1PNEVnGEstdPbTX2rMMrmzeJBYe86tx+T4altnuQPi6ZpttMZy7TGoNPEnpAMmaDcTn82Oz4PXfCQS6Z1w7YCbEVMoeAShqlmqCFgvM960Iipx1zQrWicY0h3Q83QpwEoKiQdi/BzI2Ku1gPXiSddhjf6rzcS//MaIXaPW5HwghDB46NDKCSMD2muRFwQ0I5QgMhGnwMVHuVMMURQgjLOYzGMG0vFfdh/00+Tas60LdO+LGRKZ5NmkmSL7JAssckRKZELUiYVwsk9eSRP5Nl4MF6MV+PtezRhTHY2yS8Y71/6Y5oQ</latexit>
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Optimization

Exercize
Find the minimum distance between the point (0, 0) and the graph of the

function g (x) = 1√
x
.

Solution. The (squared) distance between (0, 0) and
(
x , 1√

x

)
is

f (x) = (x − 0)2 +
(

1√
x
− 0

)2

= x2 +
1
x
.

whence

f ′ (x) = 2 x − 1
x2 ⇒ f ′ (x) = 0 ⇔ 2 x3 − 1 = 0 ⇔ x3 =

1
2
⇔ x =

1
21/3

The second derivative is

f ′′ (x) = 2 +
2
x3 ⇒ f ′′

(
1

21/3

)
> 0 ⇒ x =

1
21/3 is a minimum.

The minimum distance is

√
f

(
1

21/3

)
=

√
1

22/3 + 21/3.
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Optimization

Utility function
From WIKIPEDIA: Consider a set of alternatives facing an individual, and

over which the individual has a preference ordering.

A utility function is able to represent those preferences if it is possible to

assign a real number to each alternative, in such a way that alternative a is

assigned a number greater than alternative b if, and only if, the individual

prefers alternative a to alternative b.

In a rational choice framework every consumer decides to consume the

amount of good x that maximizes the utility U (x).

a is preferred to b ⇔ U (a) > U (b)
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Optimization

Exercize

Let u0 > 0 and u1 > 0:
U (x) = u0 ln

(
x2)− u1 x = utility of buying x units of good.

For which value of u0 and u1 will the consumer buy an amount of good larger than 1?
For which value of u0 and u1 the optimal utility is positive?

Solution. The consumer has to maximize the utility U (x) :

U ′ (x) =
2 u0

x
− u1 = 0 ⇔ x =

2 u0

u1
= x0.

Note that
U ′′ (x) = −2 u0

x2 < 0, ∀x ∈ R

so the function is concave everywhere, whence x0 is a maximum. Finally

x0 > 1 ⇔ u1 < 2 u0.

U (x0) = 2 u0 ln

(
2 u0

u1

)
−2 u0 = 2 u0

(
ln

(
2 u0

u1

)
− 1
)

> 0 ⇔ ln

(
2 u0

u1

)
> 1 ⇔ 2 u0

u1
> e.
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Optimization

Exercize
Find two nonnegative numbers whose sum is 9 and so that the product of

one number and the square of the other number is maximal.

Solution. We have to find x ≥ 0 and y ≥ 0 such that x + y = 9 and such

that
F (x , y) = x y2

is maximal. Since y = 9 − x we have to find the maximum of

f (x) = x (9 − x)2 ⇒ f ′ (x) = (9 − x)2−2 x (9 − x) = (9 − x) (9 − x − 2 x) .
f ′ (x) = (9 − x) (9 − 3 x) = 0 ⇔ x = 9 or x = 3.

f ′′ (x) = −2 (9 − x) + 2 x − 2 (9 − x) = −4 (9 − x) + 2 x

f ′′ (3) = −18 < 0 and f ′′ (9) = 18 > 0 so x = 9 is the minimum and x = 3

the maximum. The final answer is thus

x = 3, y = 9 − 3 = 6.
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The Derivative of the Inverse Function

Theorem
Let f : [a, b] → R be differentiable in (a, b). Assume f is invertible and call

f (−1) : If ⊆ R → R the inverse function, where If denotes the image of f .

Then f (−1) is differentiable in If and
[
f (−1)

]′
(y) =

1
f ′ (f −1 (y))

.

for all y ∈ If .

Proof. Take a point x0 ∈ (a, b) and call y0 = f (x0), that is x0 = f −1 (y0).

Hence

lim
y→y0

f (−1) (y)− f (−1) (y0)

y − y0
= lim

x→x0

x − x0

f (x)− f (x0)
=

1
f ′ (x0)

,

whence [
f (−1)

]′
(y0) =

1
f ′ (x0)

=
1

f ′ (f −1 (y0))
.
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The Derivative of the Inverse Function

Definition

The function sin (x) is strictly monotonic and increasing in
[
−π

2 ,
π
2

]
so it

can be inverted and the inverse is called arcsin (x) and it is defined in

[−1, 1] with values in
[
−π

2 ,
π
2

]
.
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The Derivative of the Inverse Function

Definition

The function sin (x) is strictly monotonic and increasing in
[
−π

2 ,
π
2

]
so it

can be inverted and the inverse is called arcsin (x) and it is defined in

[−1, 1] with values in
[
−π

2 ,
π
2

]
.
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The arcsin function: some important values.

Remember that, by definition,

x0
f−→ y0 = f (x0) ⇔ y0

f (−1)
−→ f (−1) (y0) = x0.

sin (0) = 0 ⇒ arcsin (0) = 0

sin
(
π
2

)
= 1 ⇒ arcsin (1) = π

2

sin
(
−π

2

)
= −1 ⇒ arcsin (−1) = −π

2

sin
(
π
6

)
= 1

2 ⇒ arcsin
(1

2

)
= π

6

sin
(
−π

6

)
= −1

2 ⇒ arcsin
(
−1

2

)
= −π

6

sin
(
π
4

)
=

√
2

2 ⇒ arcsin
(√

2
2

)
= π

4

sin
(
−π

4

)
= −

√
2

2 ⇒ arcsin
(
−

√
2

2

)
= −π

4

sin
(
π
3

)
=

√
3

2 ⇒ arcsin
(√

3
2

)
= π

3

sin
(
−π

3

)
= −

√
3

2 ⇒ arcsin
(
−

√
3

2

)
= −π

3
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The Derivative of the Inverse Function

Exercize
Compute the derivative of the arcsin (x).

Solution. Recall the formula for the derivative of the inverse
[
f (−1)

]′
(y) =

1
f ′ (f −1 (y))

.

In our case, for x ∈ [−1, 1], it means that

(arcsin (x))′ =
1

cos (arcsin (x))
.

Since arcsin (x) ∈
[
−π

2 ,
π
2

]
, we have

cos (arcsin (x)) = +

√
1 − sin2 (arcsin (x)) =

√
1 − x2,

whence

(arcsin (x))′ =
1√

1 − x2
.
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The Derivative of the Inverse Function

Definition
The function cos (x) is strictly monotonic and decreasing in [0, π] so it can

be inverted and the inverse is called arccos (x) and it is defined in [−1, 1]

with values in [0, π].
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The Derivative of the Inverse Function

Definition
The function cos (x) is strictly monotonic and decreasing in [0, π] so it can

be inverted and the inverse is called arccos (x) and it is defined in [−1, 1]

with values in [0, π].

-1 0 1 2 3
-1

-0.5

0

0.5

1

1.5

2

2.5

3



85/120

The arccos function: some important values.

Remember that, by definition,

x0
f−→ y0 = f (x0) ⇔ y0

f (−1)
−→ f (−1) (y0) = x0.

cos (0) = 1 ⇒ arccos (1) = 0

cos
(
π
2

)
= 0 ⇒ arccos (0) = π

2

cos
(
π
6

)
=

√
3

2 ⇒ arccos
(√

3
2

)
= π

6

cos
(
π
4

)
=

√
2

2 ⇒ arccos
(√

2
2

)
= π

4

cos
(
π
3

)
= 1

2 ⇒ arccos
(1

2

)
= π

3 .
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The Derivative of the Inverse Function

Exercize
Compute the derivative of the arccos (x).

Solution. Recall the formula for the derivative of the inverse
[
f (−1)

]′
(y) =

1
f ′ (f −1 (y))

.

In our case, for x ∈ [−1, 1], it means that

(arccos (x))′ =
1

− sin (arccos (x))
.

Since arccos (x) ∈ [0, π], we have

sin (arccos (x)) = +
√

1 − cos2 (arccos (x)) =
√

1 − x2,

whence

(arccos (x))′ = − 1√
1 − x2

.
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The Derivative of the Inverse Function

Definition

The function tan (x) is strictly monotonic and increasing in
[
−π

2 ,
π
2

]
so it

can be inverted and the inverse is called arctan (x) and it is defined in R
with values in

[
−π

2 ,
π
2

]
.
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The Derivative of the Inverse Function

Definition

The function tan (x) is strictly monotonic and increasing in
[
−π

2 ,
π
2

]
so it

can be inverted and the inverse is called arctan (x) and it is defined in R
with values in

[
−π

2 ,
π
2

]
.
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The arctan function: some important values.

Remember that, by definition,

x0
f−→ y0 = f (x0) ⇔ y0

f (−1)
−→ f (−1) (y0) = x0.

tan (0) = 0 ⇒ arctan (0) = 0

lim
x→(π

2 )
− tan (x) = +∞ ⇒ limx→+∞ arctan (x) =

(
π
2

)−

lim
x→(π

2 )
+ tan (x) = −∞ ⇒ limx→−∞ arctan (x) =

(
π
2

)+

tan
(
π
6

)
=

√
3

3 ⇒ arctan
(√

3
3

)
= π

6

tan
(
π
4

)
= 1 ⇒ arctan (1) = π

4

tan
(
π
3

)
=

√
3 ⇒ arctan

(√
3
)

= π
3 .
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The Derivative of the Inverse Function

Exercize
Compute the derivative of the arctan (x).

Solution. Recall the formula for the derivative of the inverse
[
f (−1)

]′
(y) =

1
f ′ (f −1 (y))

.

In our case, for x ∈ R, it means that

(arctan (x))′ =
1
1

cos2(arctan(x))

= cos2 (arctan (x)) .

Now use

cos2 (x) =
1

1 + tan2 (x)
,

to have

(arctan (x))′ =
1

1 + tan2 (arctan (x))
=

1
1 + x2
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De L’Hôpital rule

Theorem
Let f : D ⊆ R → R and g : D ⊆ R → R be continuous on D and let x0 be

a limit point of D. Assume that f and g are both differentiable in D/ {x0}
and g (x0) ̸= 0. If:

lim
x→x0

f (x) = lim
x→x0

g (x) = 0 AND ∃ lim
x→x0

f ′ (x)

g ′ (x)
= L,

or if

lim
x→x0

f (x) = ±∞, lim
x→x0

g (x) = ±∞ AND ∃ lim
x→x0

f ′ (x)

g ′ (x)
= L,

then

∃ lim
x→x0

f (x)

g (x)
= L.
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De L’Hôpital rule

Proof. Assume
lim
x→x0

f (x) = lim
x→x0

g (x) = 0 AND ∃ lim
x→x0

f ′ (x)

g ′ (x)
= L,

The red condition implies
∀ε > 0∃δε > 0 : ∀x ∈ D : |x − x0| < δε ⇒

∣∣∣∣ f ′ (x)g ′ (x)
− L

∣∣∣∣ < ε

Take x1 < x2 in (x0 − δ, x0). Cauchy applied to f and g in [x1, x2] gives

∃ξ ∈ (x1, x2) :
f (x1)− f (x2)

g (x1)− g (x2)
=

f ′ (ξ)

g ′ (ξ)
.

Note that x0 − δε < x1 < ξ < x2 < x0 hence ξ is such that |ξ − x0| < δε∣∣∣∣ f ′ (ξ)g ′ (ξ)
− L

∣∣∣∣ = ∣∣∣∣ f (x1)− f (x2)

g (x1)− g (x2)
− L

∣∣∣∣ < ε.

Now take the limit for x2 → x−
0 and use the blue condition∣∣∣∣ f (x1)

g (x1)
− L

∣∣∣∣ < ε.

Now for ε → 0 we have that (remember that x1 ∈ (xo − δε, x0)) x1 → x−
0 . Hence:

∃ lim
x→x−0

f (x)

g (x)
= L.

with an identical argument we arrive at: ∃ limx→x+0

f (x)
g(x)

= L.
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De L’Hôpital rule

Theorem
Let f : R → R and g : R → R be continuous and differentiable on R. If:

lim
x→±∞

f (x) = lim
x→±∞

g (x) = 0 AND ∃ lim
x→±∞

f ′ (x)

g ′ (x)
= L,

or if

lim
x→±∞

f (x) = ±∞, lim
x→±∞

g (x) = ±∞ AND ∃ lim
x→±∞

f ′ (x)

g ′ (x)
= L,

then

∃ lim
x→±∞

f (x)

g (x)
= L.
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De L’Hôpital rule

Exercize
Compute the limit

lim
x→0+

x ln (x)

lim
x→0+

x ln (x) = 0 × (−∞)

= lim
x→0+

ln (x)
1
x

=
−∞
+∞

H
= lim

x→0+

(ln (x))′( 1
x

)′

= lim
x→0+

1
x

− 1
x2

= lim
x→0+

−x2

x
= lim

x→0+
−x = 0.
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De L’Hôpital rule

Exercize
Compute the limit

lim
x→+∞

ln (x)√
x

lim
x→+∞

ln (x)√
x

=
+∞
+∞

H
= lim

x→+∞

(ln (x))′(√
x
)′ = lim

x→+∞

1
x
1

2
√
x

= lim
x→+∞

2
√
x

x

= lim
x→+∞

2√
x
= 0.



96/120

De L’Hôpital rule

Exercize
Compute the limit

lim
x→∞

(
arctan x − π

2

)
ex .

Since the arc whose tangent is +∞ is π
2

lim
x→+∞

arctan (x) = +
π

2
whence

lim
x→∞

(
arctan x − π

2

)
ex = 0 × (+∞) = lim

x→∞



arctan x − π

2
e−x




=
0
0

H
= lim

x→∞

1
1 + x2

−e−x
= − lim

x→∞

ex

1 + x2

=
∞
∞

H
= − lim

x→∞

ex

2x
=

∞
∞

H
= − lim

x→∞

ex

2
= −∞.
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De L’Hôpital rule

WARNING!
The hypothesis

∃ lim
x→x0

f ′ (x)

g ′ (x)
= L

is fundamental!

Example

lim
x→+∞

x + sin (x)

x
=

+∞
+∞

H
= lim

x→+∞

1 + cos (x)

1
= ∄.

However

lim
x→+∞

x + sin (x)

x
= lim

x→+∞


1 +

sin (x)

x︸ ︷︷ ︸
→0


 = 1.
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De L’Hôpital rule

Exercize

lim
x→0+

(
ln
(
1 + e−1/x

))x
= 00 =???

Solution. Use the identity(
ln
(
1 + e−1/x

))x
= ex ln(ln(1+e−1/x)),

and compute

lim
x→0+

x ln
(
ln
(
1 + e−1/x

))

= lim
x→0+

ln
(
ln
(
1 + e−1/x

))
1
x

=
−∞
+∞

H
= lim

x→0+
−

(
1

ln(1+e−1/x)

) (
1

1+e−1/x

)
e−1/x

x2

1
x2

= lim
x→0+

−
(

1
ln (1 + e−1/x)

) (
1

1 + e1/x

)
= lim

y→0+
−
(

1
ln (1 + y)

) (
1

1 + 1/y

)
= lim

y→0+
− 1
ln (1 + y) + ln (1 + y)1/y

= −1 ⇒ lim
x→0+

(
ln
(
1 + e−1/x

))x
= e−1 =

1
e
.
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De L’Hôpital rule

Exercize
Compute the limit

lim
x→∞

5 x + sin (x) + ln
(√

x
)

3 x

Solution. Blindly applying De L’Hôpital gives

lim
x→∞

5 x + sin (x) + ln
(√

x
)

3 x
H
= lim

x→∞

5 + cos (x) + 1√
x

1
2
√
x

3
.

which does not exist! Nevertheless

lim
x→∞

5 x
3 x

=
5
3
, lim

x→∞

sin (x)

3 x
= 0.

lim
x→∞

ln
(√

x
)

3 x
=

+∞
+∞

H
= lim

x→∞

1√
x

1
2
√
x

3
= 0,

whence

lim
x→∞

5 x + sin (x) + ln
(√

x
)

3 x
=

5
3
.
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De L’Hôpital rule

Exercize
Compute the limit

lim
x→1+

(
1

x2 − 1
− 1

ln x

)
.

Solution.

lim
x→1+

(
1

x2 − 1
− 1

ln x

)
= +∞−∞

= lim
x→1+

ln x − (x2 − 1)
(x2 − 1) ln x

=
0
0

H
= lim

x→1+

1
x
− 2x

2x ln x +
x2 − 1

x

=
1 − 2

0
= −∞.
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De L’Hôpital rule

Exercize
Establish for which values of α > 0 the following limit exists and it is finite:

lim
x→1−

arcsin (x)− π
2

(1 − x2)α
.

Solution. Recall that arcsin (1) = π
2 . Whence

lim
x→1−

arcsin (x)− π
2

(1 − x2)α
=

0
0

H
= lim

x→1−

(
arcsin (x)− π

2

)′

((x − 1)α)′

= lim
x→1−

1√
1 − x2

1
α (1 − x2)α−1 (−2 x)

= lim
x→1−

1

α (1 − x2)α−
1
2 (−2 x)

.

so if α > 0 it must be α ≤ 1
2 to have a finite limit.
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De L’Hôpital rule

Exercize
Establish for which values of α > 0 the following limit exists and it is finite:

lim
x→+∞

arctan (x)− π
2

ln
(
1 + 1

xα

) .

Solution. Recall that limx→+∞ arctan (x) = π
2 . Whence

lim
x→+∞

arctan (x)− π
2

ln
(
1 + 1

xα

) =
0
0

H
= lim

x→+∞

(
arctan (x)− π

2

)′
(
ln
(
1 + 1

xα

))′

= lim
x→+∞

1
1 + x2

(
1 +

1
xα

)
1

−α x−α−1

= lim
x→+∞

1
1 + x2

(
1 +

1
xα

)
xα+1

−α
.

so, since α > 0, the answer is α+ 1 ≤ 2 ⇒ α ≤ 1.
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De L’Hôpital rule

Exercize
Compute the limit

lim
x→0

arctan (x)

ln (1 + x)
.

Solution.

lim
x→0

arctan (x)

ln (1 + x)
=

0
0

H
= lim

x→0

(arctan (x))′

(ln (1 + x))′

= lim
x→0

1
1+x2

1
1+x

= lim
x→0

1 + x

1 + x2 = 1.
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De L’Hôpital rule

Exercize
Compute the limit

lim
x→0

arctan
(
x2)

ln (1 + x)
.

Solution.

lim
x→0

arctan
(
x2)

ln (1 + x)
=

0
0

H
= lim

x→0

(
arctan

(
x2))′

(ln (1 + x))′

= lim
x→0

2 x
1+x2

1
1+x

= lim
x→0

2 x (1 + x)

1 + x2 = 0.
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De L’Hôpital rule

Exercize
Compute, as a function of α, the following limit

lim
x→0

sin
(
x2)

xα
.

Solution.

lim
x→0

sin
(
x2)

xα
=

0
0

H
= lim

x→0

(
sin

(
x2))′

(xα)′
= lim

x→0

cos
(
x2) 2 x

α xα−1 = lim
x→0

2
cos

(
x2)

α xα−2 .

In summary

lim
x→0

sin
(
x2)

xα
=





0 if α < 2

1 if α = 2

+∞ if α > 2



106/120

De L’Hôpital rule

Exercize
Compute, as a function of α, the following limit

lim
x→0

ln (1 + xα)

arcsin (x)
.

Solution.

lim
x→0

ln (1 + xα)

arcsin (x)
=

0
0

H
= lim

x→0

(ln (1 + xα))′

(arcsin (x))′
= lim

x→0

α xα−1

1+xα

1
(1+x2)1/2

= lim
x→0

α xα−1
√

1 + x2

1 + xα
= lim

x→0

α
√

1 + x2

x1−α + x

In summary

lim
x→0

sin
(
x2)

xα
=





+∞ if α < 1

1 if α = 1

0 if α > 1


